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1 BBEAEHUE

BaxHyl0o dYacTh TEOpeTHUECKOW W  NPO(PECCHOHANBHOM  MPAaKTHUYECKOH  MOATOTOBKU
00yYaroIuxcs COCTaBIAIOT IPAKTUYECKUE 3aHATHSL.

CocTaB M colep)kaHuE€ NPAKTUYECKUX 3aHITHHA HampasiieHbl Ha peanusanuio denepanbHOro
roCyJapCTBEHHOT'O 00pa30BaTEIbHOIO CTAaHAAPTA CPEAHEr0 NPOPECCUOHATIBHOIO 00pa30BaHMsL.

Benymieii QunakTH4ecKod  LENIbI0  MPAKTHUECKUX 3aHATUN  sABJIseTCs  (OpPMHpPOBAHUE
npo(peCCUOHANBHBIX MPAKTUYECKMX YMEHMH (YMEHMH BBINOJIHATH ONpEIENCHHblE JeicTBu,
orepanuu, HeoOXOAMMbIE B MOCIEIYIOIIEM B NPO(ECCHOHANBHON NESITEIBHOCTH) WM Y4eOHBIX
IIPAKTUYECKUX YMEHHMM (yMEHHUH pelarh 3aJadyd [0 MaTeMaTHKe), HeOOXOAMMBIX B IOCIIEAYHOIIEH
y4eOHO NesTETLHOCTH.

B coorBerctBuuM ¢ paboueld mNporpaMMmon y4yeOHOW AUCHUIUIMHBI «DJIEMEHTHI BBICIICH
MaTE€MaTUKW» IIPEyCMOTPEHO IPOBEICHNE TPAKTUYECKUX 3aHATHH.

B pe3ynbrare ux BBIOJHEHUS, 00yYarOLIUics JOIKEH:

ymemp:

- BBINOJIHATH ONEpalMy HAJl MaTPULIAMU U pellaTh CUCTEMBI IMHEUHBIX YPABHEHU;
- NPUMEHATh METObI JUPPEPEHLINATBLHOTO U UHTETPAIbHOTO UCUUCIICHHUS;
- pewarb quddepeHraIbHbIe YpaBHEHUS.

CopepxaHve NPAKTUYECKUX 3aHATUH OPHEHTUPOBAHO HA IMOATOTOBKY OOYYaroIIMXCS K
OCBOEHHIO NMPO(EeCCHOHAIBHOT0 MOAYJIS MPOrpaMMbl MOJATOTOBKH CIIELUAIMCTOB CPEJHETO 3BEHA 110
CHELHAILHOCTU U OBJIAJICHUIO NPOeccuoHaIb HbIMU KOMNEMeHUUAMU:

IIK 1.1. Ananu3upoBaTh TpeOOBaHMS TEXHHYECKOTO 3a/laHUsl Ha IMPOEKTHpPOBaHUE LHU(POBBIX
CUCTEM.

1K 1.2. Pa3pabaTpiBaTh CXE€MbI 3JIEKTPOHHBIX YCTPONUCTB HA OCHOBE MHTErPAJIbHBIX CXEM Pa3HOM
CTEIIEHHU UHTETPalui B COOTBETCTBUU C TEXHUYECKUM 3aJaHUEM.

I[IK 2.1. TIIpoextupoBarb, pa3padarbiBaTh M OTJIAXHBATH IPOTPAMMHBIA KOA MOMIYJEH
YIPABJISAIOUIUX TPOTPAMM.

A Takxe pOpMUPOBAHUIO 0OU4UX KOMNEMEHYUIL:

OK 01. Bri6upats crioco0s! perieHus 3agad npopecCHOHaIbHON AeATeNbHOCTH TPUMEHUTEIbHO
K pa3jINYHbIM KOHTEKCTaM

OK 02 Mcnonp30BaTh COBpEMEHHBIE CPECTBA MTOKMCKA, aHAIM3a U UHTEPIIpeTalii HH(POpMaINH,
1 “HGOPMAIIMOHHBIE TEXHOJIOTUY /JIsl BBIMOJIHEHUS 3a/1a4 MPOPECCUOHANIBHOMN AESITEIbHOCTH.

BeinmonHenne oOydarommxcss MPaKTHUECKUX pPadOT MO y4eOHOW AMCHUIUIMHE «DJIEMEHTHI
BBICIIEN MaTEMaTUKW) HAIIPaBJICHO HA:

- 0000IeHne, cHUCTEeMaTU3alUIo, YIIyOJIeHHe, 3aKpeIuieHHe, pa3BUTHE M JAeTaIU3aLUI0
MOJIYYEHHBIX TEOPETHUECKUX 3HAHUH 110 KOHKPETHBIM TeMaM y4eOHON TUCIUILINHBL,

- popMHpOBaHUE YMEHUI NPUMEHSTD MOJIyYCHHbIE 3HAHUSI Ha MPaKTHKE, peau3aliio eAMHCTBA
VMHTEJUIEKTYAJIBHON U ITPAKTUYECKON JEATEIbHOCTH;

- ¢hopMHpOBaHKE U pPAa3BUTHE YMEHUI: HAOIOAAaTh, CPABHUBATH, COMOCTABIIATh, AHATU3UPOBATH,
JIeNlaTh BBIBOJBI U 0000IEHHE, CaMOCTOSITEIbHO BECTH HCCIIEOBAHMS, MOJIb30BAaThCS PA3IMYHBIMU
pueMaMH U3MepeHui, 0pOPMIIATh pe3yabTaThl B BUJE TaOIUI], CXeM, IpahuKoB;

- BBIpa0OTKY MpU PELICHUH MOCTABIEHHBIX 33/1a4 NMPOPECCHOHAIBHO 3HAYMMBbIX Ka4eCTB, TAKUX
KaK CaMOCTOATEIbHOCTh, OTBETCTBEHHOCTb, TOUHOCTb, TBOPUYECKAsI MHUIMATHUBA.

[TpakTHueckue 3aHATHS MPOBOASTCS IMOCIE COOTBETCTBYIOLIEH TeMbl, KOTOpas oOecreunBaeT
HaJINYKMe 3HAaHUH, HEOOXOUMBIX IS €€ BBIIIOJIHEHUS.



2 METOAUYECKHUE YKA3AHUSA

Tema 1.1. MaTpuubl 1 onpeaeuTe In

IIpakTnyeckoe 3ansaTue Ne 1 Boruuciienue onpeaenuresnei

Heas: popMupoBaHne yMEHHI BEIYUCIATH ONPEICITUTEIIH.

BbinosinuB padory, Bel Oyaere:

YMETh:

- BeinonHATh onepaiuu Hai MATPULIAMH U pelIaTh CUCTEMbI JJMHEHHBIX YPABHEHUH ;

- aHAJIM3UPOBATH 3a/1a4y H/WIIH MPOOJIeMyY U BBIACTATH €€ COCTaBHbIC YacTH;

- OIIPEAEIIATH 3TAIlbl PELICHUS 3a1a4H;

BbinoJsiHeHHe IpaKkTHYeCKOil padoThl c10COOCTBYeT (POPMHPOBAHMIO:

OK 01. Beibupars crioco0sI pemieHus 3aaa4 npohecCuoHaTbHON ASSITEIIBHOCTA PUMEHHUTEILHO
K pa3jIM4HbIM KOHTEKCTaM

[1K 1.2. Pa3pabatbIiBaTh CX€MBbI 3JIEKTPOHHBIX YCTPOWCTB HA OCHOBE MHTETPAIbHBIX CXEM Pa3HOU
CTENEHU UHTErpalii B COOTBETCTBUU C TEXHUYECKUM 3aJaHHEM

MarepuanbHoe o0ecniedeHne:

Pa3narounsblii Marepuai (KapTOUKH C 3a/laHUSIMU).

TexHuueckue cpeacTBa 00y4eHHs: KOMIBIOTED C JIMLIEH3MOHHBIM MPOTPAMMHBIM 00€CIIeYeHHEM
U MyJbTUMEINA IPOEKTOP

3ananmue:
1.BeruucnuTh onpeneauTeNb BTOporo nopsaka |[—4 2 — 13 |
2. HaliTu 3HaueHue nepeMeHHON BenuuHbl |[—4 2x — 13 | = —6

3. BeIuucauTh ONpeaenuTeslb TPETHEro MOPsAKa METOI0OM Pa3JI0KEeHUs 110
nepBoii ctpoke |1 —3204 —2314]|.
4. BeIUnCIUTh OMPEICTUTENb TPETHETO MOPSAKA METOI0M TPEYTOJIbHUKA
|1 —3204 —2314]|

5. BEIMOTHUTE JTEHCTBUS:

A)3*|1 —3204 —2314|

b)|1 —3204 —2314|+|43 —21—-42304|

B)|1 —3204 —2314|-143 —21—-42304]|
IMopsiiok BbINOJIHEHUS PA0OTHI:

3aaHus pemaroTcs B JII0O0M MOPSAKE
Xoa paGoTsI:

1. Tlomyuuts y mpemnojaBatess 3aaHusl.

2. OdopMuUTH penieHre B TeTpaau s MPAKTHIECKUX PadoT.

Ta6muia Buga A= |a B € K | Ha3pIBaeTCs ONpEIEIUTENIEM BTOPOTO MOPSAKA U BHIUUCISACTCS 10
dbopmyne [aBCK|=a-K—B-C
Ta6muma sunaA= |a, a, as b; b, b; ¢, ¢, c3 | Ha3BIBaeTCS ONPEENUTENEM TPETHETO MOPSAKA U
BBIUUCIIAETCS IBYMsI CIIOCOOAMH: METOIOM PA3JI0KEHHS 110 MIEPBOH CTPOKE U METOIOM TPEYTOJbHHUKA.
Memoo mpeyeonvruxa
A= |ay a; azg by by b3 cq c; c5 |
=(ay by c3+a, by ci+asz by-cy;)—(az byc;+a, by-c3+a; by cy)

Memoo pasznodicenus no nepgotl cmpoxe
A=lajayaz3 by by bycicycz| =ag-|bybscycz|—az-|bybycics|+az-|bybycycyl

Onpedenumenu 1106020 nopsoKka 00.1a0aom ciedyIouWUMU C80UCMEAMU.
1. OOmuii MHOKUTETH B CTPOKE MOXKHO BEIHOCUTH 32 3HAK OMPEICTUTEIIS.



1 2

—9.
-3 B

2 4
-3 8

2. Ecnm Kaxaplil 3JIEMEHT B KaKOW-TO CTPOKE OINPENEIUTEIN PaBEH CyMME JBYX CJIaraeMblX, TO
HCXOJHBIN OIIPEACIIUTEb PABEH CYMME ABYX ONpPEACIIUTENEH, B KOTOPBIX BMECTO 3TOM CTPOKHU
CTOST IIEPBBIE M BTOPBIE ClaracMble COOTBETCTBEHHO, a OCTaJIbHBIE CTPOKH COBIANAIOT C
HCXOJIHBIM OIIPEJIECITUTEIIEM.

bir + 11 bz +eiz bis+es bir bz big €11 €12 €13
(21 (a2 2y =| a21 @22 a2y |+ | @21 oz  d2a
31 3z 233 3l dzz dig 31 a3z 033
3. Ecnm nBe cTpoku ompeneauTens TOMEHITh MECTaMH, TO OIIPEICITUTEh TTIOMEHSICT 3HaK.
1) 2 3
2 3 1 1
4. Onpenenutesib ¢ AByMSI PaBHBIMH CTPOKAMH PAaBEH HYIIO
1 2 3
1 0 =7 {=0
1 2 3
5. Ompegenutend ¢ AByMs MPOMOPLUOHAIBHBIMU CTPOKAMH PaBEH HYJIIO
1 2 3 1 2 3
-1 2 2 (=] -1 2 2 =)
2 4 6 2-1 2.2 2.3
6. OmnpenenuTenb, ConepKalIuil HYIEBYIO CTPOKY, PaBEH HYIIIO
1 =1 0
0 0 0j=10
2 301

7. OnpenenuTens HE U3MEHHTCS, €CIIM K KAKOW-TO €ro CTpPOKe MPHOABUTH JAPYIYIO CTPOKY,
YMHOKEHHYIO Ha HEKOTOPOE YUCIIO

1 -1 0

1 0 -1

2

IlycTb 3aaH onpeaenuTeNb TPETHETO MOPSIIK 3 L ko BTOpOM CTpOKe MprOaBUM
TPETHIO 3HAUEHUE ONPEACTIUTEINS HE U3MEHUTBCS

1 =1 0 1 -1 0 I =1 0
1 0 -1 |=114+2 043 =141 |=|3 30
2 B 1 2 3 1 2 5 1

8. Ompenenurens BepxHeW (HIKHEH) TPEYroJbHOW MATPHUIEI paBEH TPOU3BEICHUIO €Tro

JUaroHaJIbHBIX YIEMEHTOB.
L0

0
o0
00 0 =1

(]
i T L
= =

=1-2-5- (1) =-10

o
=

®opma nmpeacTasJieHusi pe3yJbTarTa:
[IpeacTaBUTh BBHITIOIHEHHBIC 33/1aHKSI B TETPAIH IS MPAKTUYIECKUX pabOT MPErnoaaBaTelro.

Kpurepum ouenku:
3a Kax/1bli MpaBUIIbHBIN OTBET — 1 Oam. 3a HenpaBuiIbHbIM 0TBeT — 0 6ai1oB.90 + 100-
otninyHO; 80 + 89- xopoio; 70 + 79-ynoBneTBopuTenbHO; MeHee 70-He YyOBIETBOPUTEIBHO.
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Tema 1.1. MaTpuubl 1 onpeaeuTe I u

IIpakTuyeckoe 3ansiTe Ne 20nepanumn HaJl MATPUIIAMHU.
IIpakTnyeckoe 3ansaTue Ne3 Haxosxaenue o0paTHOil MATPULIBI

Henab: popmupoBaHre yMEHUH BBIOIHATH OMIEPAIIUN HAJl MATPUIIAMHU.

Bbinosinus padory, Bel Oyaere:

YMETh:

- BoinonHATh onepanuy HaJl MAaTPULIAMU U pEIIaTh CUCTEMbI JIMHEHHBIX ypaBHEHU;

- aHAJIM3UPOBATH 339y /WM IPOOJIEMY U BBIIETISTH €€ COCTaBHBIC YaCTH;

- OIPEENISTh ATAIbl PEIICHUS 3a]a4uu;

BrinosiHeHne npakTH4YecKOi padoThl cnoco6cTBYeT (POPMUPOBAHUIO:

OK 01. Beibupars crioco0sI pemieHus 3aaa4 npohecCuoHaATbHON ASSITEIPHOCTA MPUMEHHUTEIEHO
K pa3JINYHbIM KOHTEKCTaM

IIK 1.2. Pa3pabaTbeiBaTh CXEMbI 3JICKTPOHHBIX YCTPONCTB Ha OCHOBE MHTEIPATLHBIX CXEM Pa3HOU
CTENIEHU MHTErPALMK B COOTBETCTBUM C TEXHUYECKUM 3a/IaHHEM

MarepuajibHoe obecreyeHue:

Pa3garounblii Marepual (KapTOUKHU C 3aJaHUSMH).

TexHndeckue cpecTBa 00YUCHHUS: KOMITBIOTED C JIMIEH3HOHHBIM IIPOrPaMMHBIM 00€eCIIeYeHHEM
U MyJIbTHMEJINA IPOEKTOP

3ananue:
Haiitu 3nauenve pynxuuu f(x) = 4x?> —5x + 2. Eemmx = (3 —21 — 1)

Haiitu 3nauenue Gpynkuuu f(x) = —2x2 +3x — 6. Ecrux = (12304 —151 —3)

Haiitu matpuny, oOpatHyto JaHHON

6 5 1 2
11 10 8 9
9 8 5 6

A)A=(-314-1);5)B=(12334 —-150 —3);B) (4 3 -2 -2

IMopsinok BbINOJIHEHUS PadOTHI:
3amaHus pelaroTcs B JJF000M MopsKe
Xoa paGoTsI:
1. TMomyuwTh y mpernoaBaTens 3a1aHusl.

2. OdopMuUTH perieHre B TETpaau s MPAKTHIECKUX PadoT.

HYCTB AaHa KBaJlpaTHas MaTpuia An-to nopsjakKa.

Munopom Mij anemenma aijj MaTpuIpl N-TO TOPs/IKA Ha3bIBAETCA ONpeaeanTeNs MaTpulbl (N-1)-
IO MOps/IKa, TTOy4YSeHHOW M3 MaTPUIIbl 4 BBIYEPKUBAHUEM i-ii CTPOKH H J-TO CTOJIONIA.

Hanpumep, MUHOPOM 3J1eMEHTa @12 MaTpHILIbl 4 TPEThEro nopsiaka Oyer:

dyy G g3
Gy Uy Ay

Mip=|9%1 @43 dg|=

Q. Ay

Qs da

=a»;-433-A31-A23.



Kaxast MaTpuIia N-ro nopsiaka umeer N Muuopos (N-1)-ro mopsiaxa.

Anzebpauueckum dononnenuem Aij diemenma ajj MaTpULbL N-TO MOPAIKA HA3BIBAETCS €TO MUHOD,
o i+.
B3ATHI co 3HaKkoM (-1)"™:
o
Aij=(-1)""Mij, T.e. anre6pandeckoe JAONOIHEHHE COBHANAET C MUHOPOM, KOTla CyMMa HOMEPOB CTPOKH
] J> >

u crouora (i+])- 4eTHOE YKMCII0, M OTIMYAETCS OT MUHOpa 3HaKOM, Korja (i+])-HedeTHOe YnCIIo.

1 -11
A=]2 1 1
Ipumep. Haiitu anre6pandeckue JOMONHEHHs BCEX YIEMEHTOB MATPHITBI 11 2),
Pemenue.
11 2 1 2 tl
Au=(-)PHL 2=1; Ap=(-1)T 2=3; A=(-1)M R 1=
-1 1 11 1 —W
Ap=(-17"1 2=3; Ap=(-1)"%1 2=1; Agp=(-1)"*1 1]=-2,
3 2 ) 2
Az=(-1)*H 1 1=2; Ap=(-1)**2 §=1; Ag=(-1)*"[2 1]=3.

Aneopumm gvruucienuss 00pamHou Mampuybl
1. HaxonuMm onpenenurens UCX0AHON MaTpulbl. Ecinu | A | =0, To MaTtpuLia A — BBIPOXKJICHHAs U

0o0paTHON MaTpHIIbI AL me cymiectByer. Ecnu /A ] #0, to Marpuia A — HEBBIPOXKICHHAS H
oOpaTHasi MaTpHIla CyIIECTBYET.

2. Haxonum matpuny AT, TPAHCIIOHUPOBAHHYIO K A.

3. Haxonum anre6pa1/1qec1<ne JOIIOJIHCHUA OJICMCHTOB TpaHCHOHHpOBaHHOﬁ MaTpunibl M
COCTAaBJISIEM U3 HUX NPHUCOCAUHCHHYIO MaTpUIY A.

4. BeruncnsieM 00paTHYIO MaTpuIly 1o Gopmyie: 4 A

5. IIpoBepsieM MpaBUIILHOCTh BBIUKCIEHHSI OOPATHON MaTpHULIbI A, wexoms us ee onpexaeneHus A4
'A=AA"=E.

1 -11
2 1 1
[pumep. Haiiti matpuily, oOpatHyio k qanHoit: 4=\1 1 2/

Pemenue.

1. Onpenenurens MaTpHUIlbI 4| =5 0, T.e. MaTpuua A — HEBBIPOXKACHHAS W ObpaTHas Matpuua A
CYLIECTBYET.

1 21
-111

2. Haxozmm matpuity A', Tpancnionnposannyio k 4: A'=\1 1 2),

7



3. HaxomuM anre6pamuecKie ONOIHCHHS DICMEHTOB MATpUIbl A' H COCTaBIseM M3 HHX
*
MIPUCOEANHEHHYIO MaTpuly A4 :

11 -1 1 -1 j
AT=()"HL 221 AT p=()R L 2235 AT ()L =2
2 1 11 1 j
AT 21:(_1)2+1_ 1 2 :_3; AT 22:(_1)2+2. 1 2 :1, AT 23:(_1)2+3‘ 2 :1’
2 j 1 —W 1 —J.‘
AT 31:(_1)3+1_ 1 :1’ AT 32:(_1)3+2. 1 :_2; AT 33:(_1)3+3_ 2 1 :3’
1 3 -2
-3 1 1
A*: 1 -2 3
Aol
4. BerauciaseM O6paTHy10 MaTtpuny 1o q)OpMy.He W
1 3 -2y (Y5 35 -255
%—3 1 1|=|-35 5 s

4l="l1 -2 3 15 -2/5 35

5. IlpoBepsieM MpaBMIILHOCTH BBIYUCICHUS 00pAaTHOW MaTPHIIBI IO (OpMyIIaM
AP A=AA"=E:

15 35 -2/5 1 -11
-35 15 15 2 1 1
Atq=\15 -2/5 35 )\l 1 2)=
1 3 2 1 3 2 1 3 2
§~1+§~2+( E)'l §~(—1)+§-1+(—§j-1 §1+§'1+(_§)'2 100
3 1 1 3 1 1 3 1 1,|_
_§j'l+§'2+§'l (—§j~(—l)+§~1+§ 1 (—gj 1+§-1+§ = 8 (1) (1)
1 2 3.1 2 3 1 2 3
_5 1+(—§) 2 3 1 g (—1)+(—§j~1+§ 1 3 1+ —§)~1+§

1 15 35 -2/5) (1 00
1 -3/5 15 15 010
aq=\1 1 2)gplys -2/5 35 /=0 0 1

CbopMa NpeacTaBJCHUsA pe3yjabTara:
Hpe,[[CTaBI/ITL BBITIOJIHCHHBIC 3aJlaHU B TCTpAAU IJI TPAKTHICCKUX pa60T npenoaaBaTeiIto.

Kpurtepuu onenku:
3a Kax/bli MpaBUIBHBIN OTBET — 1 Oam. 3a HenpaBuiIbHbIM oTBeT — 0 6aioB.90 + 100-
otnuuHO; 80 + 89- xopoo; 70 + 79-ynoBneTBoputensHoO; MeHee 70-He yAOBIETBOPUTEIBHO.

Tema 1.2. Cucrembl JIMHEHHBIX YPaBHEHHUI

IIpakTuyeckoe 3ansaTHe Ne 4 PeieHue cucreMbl JIMHEHHBIX YPABHEHUH 10 IPABHITY
Kpamepa

Heab: popmupoBaHre yMeHU periath CUCTEMBI TMHEHHBIX ypaBHEHUH o mipaBmity Kpamepa.
Boinosinus padorty, Bul Oynere:

YMETh:

- BBITIONTHATE omepaIuy HaJl MaTPUIIaMU M PEIIaTh CUCTEMBI JIMHEHHBIX YpaBHEHUH;



- aHaJIM3UPOBATH 339y H/WIIM IPOOJIEMY U BBIICTISTH €€ COCTaBHBIC YaCTH;

- OIPENENSITh ATAIbl PEIICHUS 3a]a4uu;

BrinosiHeHHe npakTHYeCKOH padoThI cOCOOCTBYET ()OPMHUPOBAHUIO:

OK 01. Beibupars crioco0sI pemieHus 3aaa4 npohecCuoHaTbHON ASSITEIIBHOCTA MPUMEHHUTEIEHO
K pa3JINYHbIM KOHTEKCTaM

IIK 1.2. Pa3pabaTbeiBaTh CXEMbI 3JICKTPOHHBIX YCTPONCTB Ha OCHOBE MHTEIPATILHBIX CXEM Pa3HOU
CTENEHU MHTErPALIMKU B COOTBETCTBUM C TEXHUYECKUM 33JaHUEM

MarepunanbHoe obecrnieyeHue:

Pa3znarounslit MaTepuan (KapTOUKH C 3a/IaHUSIMU).

TexHuueckue cpeacTa 00yueHHs: KOMIIBIOTEP C JIMIEH3MOHHBIM MTPOrPaMMHBIM 00eCIIeYeHuEM
U MyJIbTUMEHA IPOEKTOP

3aganue:
PemmmTe cuctemsl JIMHEMHBIX YPaBHEHUH ¢ IBYMsI HEU3BECTHBIMM 1O npaBuiny Kpamepa

a){x+2y=-23x—y=8;b){dx—-3y=—1x—5y=4;c){7x+3y=12x—6y = -10
PemmmTe cuctembl IMHENHBIX YPaBHEHUN ¢ TPEMS HEM3BECTHBIMU 1O npasuiny Kpamepa
X1 +Xp —2X3 =6, 5%; +8X, + X3 =2, 2%, — 3%, + X3 =7,
2%y + 3%, —7X3 =16, 3% — 2X, +6X3 =7, Xg +4X, +2X5 =—1,

a) 5X; + 2X, + X3 =16; 6) 2%, + Xy — X3 =-5; B) X, — 4%, =-5;
Pemmthb cucTeMbl TUHEHHBIX ypaBHeHI/Iﬁ C YCTBIPpbMS HCU3BCCTHBIMU 110 IIPABUITY KpaMepa

X1 +3Xy +4X3 — 2%, =2,

X+ Xy + X3+ Xy =10, |3y —7x, —8Xy +2x, = —4,
Xp + Xy — X3 — X4 =—4, 2%, — Xo +3X3 =4,
a) xl—x2+x3—x4:—2;d) 2%, + 4%, +4x%;3 =3.

IMopsinok BbINoJIHEHUs padoOTHI:
3agaHus pelaroTcs B JJF000M MopsKe
Xoa paGoTsI:
1. TMomy4wTh y mpernoaBaTens 3a1aHusl.

2. OdopMuUTh pemieHre B TeTpaau s MPAKTHIECKUX padoT.

Memoo Kpamepa

Teopema Kpamepa. IlyCTb A — oOpefesIMTeJIb MAaTPHUIIBI CUCTEMHBI 4, a A —
OIpeIeUTENIb MATPHIIBI, MOJy4aeMOi W3 MaTpHilbl A 3aMeHOH j—T'0 CTOJI6IIa CTOJI6IIOM
CBO60ZHEIX uJieHOB. Torza, ecau A*0, To cucreMa HMeeT eIHUHCTBEHHOE
peleHue, oupegessaeMoe 1o @opMyJam:

A
Xi= A (j=1,2...n.).

®dopmya nmonyunia HazBaHue ¢popmynsl Kpamepa.

Aneopumm pewierus cucmemvl TUHeUHbIX ypasHenuti memooom Kpamepa.

1). Beruucnaute ompenenuTens MaTPHUII A, COCTaBIEHHONW U3 KOA(P(GUIMEHTOB CHCTEMBI
JIMHEWHBIX YpaBHEHUH.

2). CoctaButh MaTpuisl Ai, Az, ..., An, IIyTEM 3aMEHBI COOTBETCTBYIOIIUX CTOJOIIOB CTOJIOIIOM
CBOOO/IHBIX YJICHOB, M BBIYHCIUTh UX OMPEACITUTEINH.



)(1:@, X2 :@,K , Xn :w
3). Boruncauth 3HaueHus nepeMeHHbIX 1o Gopmynam Kpamepa: A A A
X— X+ X3=3,
2%+ X+ Xg=11,
[pumep.PemuTs cucremy ypaBHenuit Metogom Kpamepa: [ X+ X+ 2X3=8.
Pemenne. CocrtaBuMm MaTtpuily U3 KOI(PQHUIMEHTOB CHUCTEMbl YPAaBHEHHH M BBIYHACIUM €€

111
A=|2 1 1
OIIPE/ICIUTEIb: 1 1 2) |4=5#0 Tax xax A#0, To mo TeopemMe KpaMmepa

CHUCTeMa UMeeT eIVMHCTBEHHOE PEIIeHHe.
Boruucnum onpenenurenu matpuil A;, Ay, Az, MOTYyYEHHBIX U3 MaTPUIbl 4, 3aMEHON COOTBETCTBEHHO
MEPBOTO, BTOPOT'O U TPETHETO CTOJIOIIOB CTOJIOIIOM CBOOOIHBIX YJICHOB:

3 -1 1 1 31 1 -1 3
A4=11 1 1=20;4,=[2 11 1=10;4,=2 1 11=5

8§ 1 2 1 8 2 1 1 8
Teneps o popmymnam Kpamepa Haliiem 3HaU€HUS [TEPEMEHHBIX:
_IAl_20_, _IA[_10_, _IA[_5_
A

Otser: (4; 2; 1).

®dopma npeacTaBieHusl pe3yJabTara:
[IpencraBuUTh BBIMOIHEHHBIC 3aJJaHUS B TETPAIU IS IPAKTHUECKUX PAOOT MPENOIaBaTEIIo.

Kpurepun oneHku:
3a Kax /bl MpaBUIIBHBIN OTBET — 1 Oat. 3a HenpaBuiIbHEI 0TBET — 0 6aioB.90 + 100-
otnnuHo; 80 + 89- xopomo; 70 + 79-ynoBneTBopuTeNbHO; MeHee 70-He YOBIETBOPUTETHHO.

Tema 1.2. Cucrembl JIMHEHHBIX YPaBHEHHUI

IIpakTuyeckoe 3ansaTHe Ne S Pemienue cucreMbl JIMHEHHBIX YPABHEHUH 10 IPABUITY
I'aycca

ean: popMupoBaHue yMEHMI peliaTh CUCTEMBI JIMHEHHBIX YpaBHEHHH o mpaBuiy ['aycca.

Boinoinus padorty, Bel Oynere:

YMETh:

- BeInonHATE onepanuu Hai MATPULIAMH U PEIaTh CUCTEMBI JIMHEHHBIX YPABHEHUH

- aHAJIM3UPOBATh 3a/1a4y W/UIHU NPo0JIeMy U BBIAEIATH €€ COCTaBHbIE YacTH;

- OIIPEAEIIATH 3TAIbl PEIICHUS 3aa4H;

BrinosiHeHne npakTH4YecKoi padoThl cmocoOCTBYeT (POPMUPOBAHUIO:

OK 01. Bei6upats criocoObl pernieHus 3ajad npopecCuoOHaNbHON JesTeIbHOCTH IPUMEHUTENBHO
K pa3jIM4HbIM KOHTEKCTaM

[1K 1.2. Pa3pabarbiBaTh CX€MBbI 3JIEKTPOHHBIX YCTPOMCTB Ha OCHOBE MHTETPAIbHBIX CXEM pa3HOM
CTEIIEHU UHTErPALlMi B COOTBETCTBUM C TEXHUYECKUM 3aJaHUEM

MarepunanbHoe obecrniedeHue:

Pa3znarounslit Matepuan (KapTOUKH C 3a/IaHUSMU).

Texuuueckue cpeacTa 00yueHUs: KOMIBIOTED C JIMIEH3MOHHBIM MTPOrPaMMHBIM O0ecIiedeHueM
U MyJbTUMEINA IPOEKTOP

3ananmne:
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PemmmTh cuctembl IMHEMHBIX YpaBHEHUH ¢ IBYMsI HEU3BECTHBIMU 1O IIpaBuily ['aycca
Ax+2y=-23x—y=8;b){4x—-3y=—-1x—-5y=4;¢c){7x+3y=12x—6y =—10

Pemmnth cucteMbl TMHEHHBIX YpaBHEHUN € TpeMsi HEM3BECTHBIMH 110 MpaBuily ['aycca

Xp + Xy —2X3 =6, 5%, +8X, + X3 =2, 2%, —3X, + X3 =7,
2%y +3X, — TX5 =16, 3%, — 2X, + 6% =7, Xy + 4%y +2Xg =—1,
a) 5%, + 2%, + X3 =16; 6) 2X; + X, — X5 =-5; B) X, — 4X, = 5;

PemmmTe cuctemsbl IMHEMHBIX YPaBHEHUH € YETHIPbMS HEM3BECTHBIMH 110 MpaBuity ['aycca

Xq +3Xy +4X3 —2X%, =2,

Xy + Xg + X3 + X4 =10, —3%; —TXp —8Xg + 2%, = —4,
X+ Xy — X3 — X4 =4, 2%, — Xy +3X3 =4,
a) xl—x2+x3—x4:—2;d) 2%y + 4%, +4x%;3 =3.

IMopsinok BbINoJIHEHUS padoOTHI:
3afaHus peuaTces B JII000M HOpsiIKe
Xoa pa6oTsI:
1. TMonmyuuTs y mpernoaBaTens 3a1aHusl.

2. OdopMuTh pemeHre B TeTpaan s MPAKTHIECKUX padoT.

Memoo I'aycca (Mmemoo ucknoueHus Heu38ecmHulx)

Memoo ['aycca sBnsercst Hanbosee oOIMM TOUYHBIM METO/IOM PEILEHUs U UCCIIE0OBAaHUS CUCTEM
JUHENHBIX ypaBHeHHH. CyIIHOCTH €ro COCTOUT B TOM, YTO TIOCPEICTBOM 3JIEMEHTapHBIX
npeoOpa3oBaHuil cUCTeMa NMPUBOJUTCS K CTYIIEHYaTOMY BHJY, U3 KOTOPOI'O BCE PEIICHUS CUCTEMbI
MOTYT OBITh HaliJIeHbl HEMIOCPEICTBEHHO.

DnemenmapHvimu npeodbpazo6anuamuy CUCTEMBI SIBISIOTCS:

° MepecTaHOBKa JIFOObIX JIByX YPAaBHEHUN CHUCTEMBI;

° YMHOKEHHE JI0GOT0 ypaBHEHHs CHCTeMBI Ha arcio | #0;

° BbIUEPKHMBAHNE YPABHEHUS, Y KOTOPOTO Bce KOA((UIIMEHTHI U CBOOOIHBII WiIeH paBHBI HYJIIO;
° CJIOKEHUE JIBYX YPABHEHUN CUCTEMBI.

JIro6oe smeMeHTapHOE MpeoOpa3oBaHNE CUCTEMBI HE MEHSET MHOXKECTBO €€ PEeILICHHH.

Yame Bcero mnpeoOpa3oBaHHs BBHINOJIHSIOTCS HE C CaMOMl CHUCTEMOHM, a C €€ pacIIMpeHHOMN
MaTpule, NpU 3STOM »dIIEMEHTapHble MPeoOpa3oBaHMs CHUCTEMbI JIETKO MPEBpAIaloTCs B
3JIeMEHTapHbIE MPeoOpa30BaHUS MATPHUIIBI.

X1 +2Xy +3X3 =6,
2% + 3%, — X3 =4,

[pumep. Pemuts cucteMy ypaBHeHHI MeTogoM [aycca: (3% + X —4%; =0.

Pemenne.
X, +2X, +3%; = 6, X, + 2X, + 3%, = 6,
2X +3X, — %X, =4, —X, = 1%, =8,
3% + X, —4%, =0; —5X, —13x, = —18;
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X, + 2X, + 3%, =6, X =6-2x, —3x, X =1,
=X = 1% =-8, =1 X =1
22%, = 22; X =1 X, =1
Otsert: (1; 1; 1).
2% + Xy, — X3 =5,
X; — 2%, +2X3 = =5,
[pumep. Penuts cucremy ypasrenuii metonom [aycca: | 7%1—X —% =0.
Pemenue. Boimonaum npeoOpa3oBaHusi ¢ TOMOIIBIO PACIIMPEHHON MaTPHUIIBL:

2 1 -15 2 1 -5
1 -2 2]-5 0 5 -515
7 -1 -10 ®\0 9 -535
2 1 -1/5
0 5 -5/15

®\0 0 -20-40)

2% + Xy, —X3 =5,

5X, —5X3 =15,
[MonydyeHHON MaTpHIle COOTBETCTBYeT cuctema | —20%=-40,  goropas WMeeT €IMHCTBEHHOE
X =1,
X, =5,

pemenue (% = 2-
Otser: (1; 5; 2).

Ecnu cucrema HecoBMecTHa (T.€. COCTABISIONIME €€ ypaBHEHHs POTUBOPEUUBBI U CHCTEMa HE
UMEeT pELIeHUs), TO B pe3ysibTaTe NPUBEICHUS K CTYIEHYaToMy BUAY IojlyyaeTcs abcypaHoe
paBernctBo Trna 1=0. O6paTHO: ecii MbI OXY4iIH paBeHCTBO 1=0 (BMECTO €IMHHUIIBI B JIEBOW YaCTH
MOJKET CTOATH JII000€ YHUCII0, HE PABHOE HYJIIO), TO CUCTEMAa HECOBMECTHA.

2% — Xy +Xg — X4 =3,
AXy = 2%y —2X3 + 3%y =2,
[pumep. Peruts cucteMy ypasHeHu MeToa0oM [aycca: | 2% —X; +5X; 6%, =1.
Pemenue. Boimonaum npeoOpa3zoBaHus C TOMOIIBIO PACIIMPEHHON MaTpPUIIbL:

2 -1 1 -13 2 -1 1 -13
4 -2 -2 3|2 0 0 -4 5|-4
2 -1 5 -¢61 ®0 0 4 -3-2

2 -1 1 -13
0 0 -4 5|-4
®0 0 0 0/|-6J

2% —Xg + X3 =X, =3,
—4X3+5%, =4,

[Tony4eHHON MaTpHIle COOTBETCTBYET CHCTEMA 0%, = 6. Tperbe ypaBHEHHE CHCTEMBI HE
HMeEET PEIIEHN, CIIeI0BATENILHO, CHCTEMA PENIEHHI HE HMEET.
OTBeT: cHcTEMa HECOBMECTHA.

2% + TXy +3Xg + X4 =5,

X +3X, +5X3 — 2%, =3,

X; +5X, —9X%3 +8%4 =1,
[Ipumep. Pemuts cucreMy ypaBHeHuit metogoM ['aycca: (9% +18%; +4%; +5x, =12.
Perenue. 3anuuieM paciiMpPEHHYIO MATPUILY M BBIIOJHKUM TIEPBBIN LIAT rayCCOBBIX MCKIFOYEHHIA:
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2 7 3 1|5 2 7 3 115
1 3 5 -2|3 0 -1 7 -5|1
15 -9 8|1 0 3 -21 15|-3f
5 18 4 5 |12)®l0 1 -7 5 |-1

Pa3znenum TpeThio CTPOKY Ha 3 U BBIMOJIHUM BTOPOU XOJ] TayCCOBBIX UCKIFOYCHMIA:

2 7 3 1|5
0 -1 7 -5/|1

0 0 0 0|0 (2 7 3 115
0 0 0 O 0®£o —17—51}

{le +7%, +3X3 + X, =5,
[Mocnenneli MaTpUIlE COOTBETCTBYET CUCTEMA yPaBHEHHM: | — X2 +7X3 —5%, =1.

W3 BTOpPOro ypaBHEHMS Haxoaum: X2 =—1+7X3—5X, u, HmoACTaBUB B IEPBOE YPABHEHME, MOIYHUM:

Urak, X =6-26X3+17X, X, ==14+7X3 =X, | x3, x4 — M00OBIE YnCIA.
OTBeT: cucTeMa HeoIpeAesIeHHAss U UMEEeT 0ECKOHEUYHOE MHOKECTBO PEIICHHIA.

®dopma npeacTaBiaeHusl pe3yJabTarTa:
HpeI[CTaBI/ITI) BBIITOJIHCHHBIC 3aJaHu B TCTpaan AJI NPAKTHYCCKUX pa60T npenoaaBaTeiIto.

Kpurepun oneHku:
3a KaXkJplii MpaBUIIbHBIN OTBET — 1 Oasul. 3a HenpaBwiIbHbIM oTBeT — 0 6aoB.90 + 100-
otninyHo; 80 + 89- xopoio; 70 + 79-ynoBneTBopuTesbHO; MeHee 70-He YIOBICTBOPUTEIHHO.

Tema 1.2. CucreMbl JIMHEHHBIX YPaBHEHHUI

IIpakTnyeckoe 3anaTne Ne 6 Pemienue cucreMbl THHEHHBIX YPABHEHHH MaTPHYHbBIM
METOA0M

Hean: hpopMupoBaHre yMEHUM periaTh CUCTEMbI TUHEHHBIX YPaBHEHUN MAaTPUYHBIM METOIOM.

Beimosinus patdory, Bel Oyaere:

YMETb:

- BeinonHATE onepaiuy Hali MATPULIAMH U PEIIaTh CUCTEMbI TMHEHHBIX YPABHEHUH;

- aHaJIM3UPOBATH 33J]a4y U/WIK IpoOJIeMy U BBIIEATH €€ COCTaBHbIE YaCTH;

- ONIPEAEIIATH 3TaIlbl PELICHUS 3a1a4H;

BrinosiHeHue npakTH4YecKkoil padoThl cnocoocTBYeT (POPMUPOBAHUIO:

OK 01. Beibupats crocoObl penieHus 3aaa4 npopecCHOHATbHON JesITeNbHOCTH TPUMEHUTENHHO
K pa3JINYHbIM KOHTEKCTaM

I1K 1.2. Pa3pabatbIiBaTh CXeMBI 3JIEKTPOHHBIX YCTPOWCTB Ha OCHOBE MHTETPAIBHBIX CXEM Pa3HOM
CTENIEHW WHTETPAIMH B COOTBETCTBUM C TEXHUYCCKUM 33/ IaHHEM

MarepuanbHoe o0ecnieyeHme:

PazgaTounslit MmaTepuan (KapTOUKH C 3aJaHUSIMU).

TexHunueckue cpecTBa 00y4eHHsI: KOMIBIOTED C JIMLIEH3MOHHBIM MPOTPaMMHBIM 0OecTieueHueM
U MYJBTUMEINA ITPOEKTOP

3ananue:
PemmmTh cuctembl IMHENHBIX YPAaBHEHUN € IBYMsI HEU3BECTHBIMU 1O TIpaBuily Kpamepa

A{x+2y=-23x—y=8;b){dx—3y=—1x—-5y=4;c){7x+3y=12x—-6y=-10
Pemmts crcTeMbl JIMHEHHBIX YPaBHEHUH C TPeMsi HEM3BECTHBIMHU 10 TipaBmity Kpamepa
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Xy + Xy —2X3 =6, 5X; +8X, + X3 =2, 2% —3Xy + X3 =—7,
2%y +3X, —TX3 =16, 3X; — 2X, +6X3 =—7, Xg +4Xy +2%3 =-1,
a) 5X; + 2X, + X3 =16; 6) 2%y + Xy — X3 =-5; B) X —4X, =-5;
PemmmTh cuctembl IMHEHHBIX YpPaBHEHUH € YEThIPbMS HEM3BECTHBIMU 110 NpaBmity Kpamepa

Xq +3Xy +4X3 — 2%, =2,

Xg + Xy + X3+ X4 =10, —3X; — TX, — 8% + 2%, = —4,
Xyt Xp = Xg = X =4, 2% — X, +3%X3 =4,
a) xl—x2+x3—x4:—2;d) 2%, + 4%, +4x%;3 =3.

Ilopsinok BbINOJHEHHS padOThI:
3agaHusl pelarTcs B JIF000M MopsaKe
Xon padoThr:
1. Tlomyuuts y npenojaBaTesns 3a1aHusl.

2. OdopMUTH penieHre B TeTpaau A MPaKTHUECKUX PadoT.

®dopma npeacTaBiaeHusl pe3yJabTarTa:
HpeI[CTaBI/ITI) BBIITOJIHCHHBIC 3aJaHW B TCTpaan AJI NPAKTHICCKUX pa60T npenoaaBaTeiIto.

Kpurepun oneHku:
3a KaXkJplii MpaBUIIbHBIN OTBET — 1 Oasul. 3a HenpaBwIbHBIM oTBeT — 0 6aoB.90 + 100-
otninuHo; 80 + 89- xopoio; 70 + 79-ynoBneTBopuTesbHO; MeHee 70-He YIOBICTBOPUTEIHHO.

Tema 1.3. KoMmiekcHbIe YHCIa

IpakTnyeckoe 3ansitue Ne7 J[elCTBUSA ¢ KOMILVIEKCHBIMM UM CJIAMU

HeJIBZ (I)OpMI/IpOBaHI/Ie yMCHI/Iﬁ BBIINNOJIHCHUA ﬂeﬁCTBHﬁ C KOMIIJICKCHBIMHM 4YHCJIaMHU B

anredpanveckoi U TPUTOHOMETPUUECKHUX (hopMax.
Beimosnus patdory, Bel Oyaere:
YMETb:
- BeinonHATE onepaiuy Hal MATPULIAMH U PEIIaTh CUCTEMbI TMHEHHBIX YPABHEHUH ;
- aHAJIM3UPOBATH 3a7a4y U/WUIU IPOOJIEMY U BBIICNIATH €€ COCTABHBIE YaCTH;
- OIIPEJENISATh dTAlbl PEIICHUS 3aJa4H;
BrinosineHue npakTu4eckoi padoTsl cnocoocTBYeT (POPMUPOBAHUIO:

OK 01. Bri6upats crioco6sl perieHus 3ajad npopeccuoHaIbHON AeATeNbHOCTH TPUMEHUTEIBHO

K pa3JIMYHbIM KOHTCKCTaM

1K 1.2. Pa3pabaTeiBaTh CXE€MBbI 3JIEKTPOHHBIX YCTPONUCTB HA OCHOBE MHTETPAJIHBIX CXEM Pa3HOM

CTCIICHU UHTCTPpAllH B COOTBCTCTBHUU C TCXHUYCCKUM 3aJaHUEM

MarepuajibHoe o0ecnieyeHue:
PazgaTounslit MmaTepuan (KapTOUKH C 3aJaHUSIMU).

Texundeckue CpeacTBa 06yqu1/I51: KOMIIBIOTEP C JIUICH3NMOHHBIM ITPOTrpaMMHBIM obecreyeHreM

U MYJIBTUMEIAA TIPOCKTOP
3ananue:
1. [ansl komiuiekcHble uncia: z1= (7;1), z,=(-1,5;1,5), zs=(4;-3).
3anucaTh 3TH YKciia B adredpandeckoit popme.
2. Bprauciure:
1) z; + zy;
2) z; — z3;
Z
3) o
4) zy - z3;
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5,
5) z3;
1+43i | 4-5i .g

3. Brruncmurei—— + —— — i
-3 1+3i

4. Jlanbl KOMIUIEKCHBIC uncha: z1=(-3;-5), 2,=(-7,2;7,2), 23=(2;6).
3amnucarh 9TH YKCJIa B TPHTOHOMETPHUECKOM (popMe.

. . Z1. 5.
5. Beruucnure: z, - Z3; = zZ7i\Zy .

6. BeinonmHuTe N1elCTBUSA ¥ 3aUIIMTE PE3YNILTAT B alreOpandeckon Gopme:

y =il |} =il il
= 24(coe 75 +isin 757 )24(cosTh 415 757

b o hm 4 b o hm
Ch {CI‘JS:-I— FEn -}]] (3 (cos 4 +istn -1-]:I b) 3cos 30" izin 30") 3jcos 30" +izin 30"

a)
Kparkue TeopeTuueckue cBeeHHA:

Komnnexcnvim yuciom Ha3bIBaeTCsl BRIpOXKEHHE BUIA a4 + bi, Tie a U b — IelCTBUTENLHBIC YKCTa, a
CUMBOJI [ yJOBIETBOPSET yCIOBHIO (2 = —1.

Kommuiekcurle uncna z; = a + bi u z, = ¢ + di Ha3BIBAIOTCS PaBHBIMH, €ClI @ = C U b = d.

Komrmuiekcuble uuciia z =a+ bi u Z = a — bi Ha3pIBalOTCSA compsbkeHHbIMU. Yucna a +bi u — a — bi
HA3BIBAIOTCS MMPOTHBOIIOIOKHBIMH.

MogyneM KOMIUIEKCHOTO YKCIIa Ha3bIBAETCA JJIMHA PaJdyC-BEKTOPA COOTBETCTBYIOIIEH TOYKM KOMILIEKCHOM
mwiockoct. O0o3Hauaercs |z| = Va2 + b2 =r.

3anuch KOMIUIGKCHOTO 4Hclia Z B Buiae a + bi, tme a u b € R, Ha3wiBaercs anreOpaudveckoit (Gopmoii
KOMILIEKCHOTO YHCIa.

1. Cymma nByx uncen z; = a+ biu z, = c+dipaBHaz, + 2z, = (a+ bi) + (c+di) = (a+c) + (b + d)i.

2. PasHocTb 1ByX umcen z; =a+biu z, =c+dipasHaz, —z, =(a+bi)—(c+di)=(a—c)+ (b—
d)i.
3. IlpousBeaeHneM KOMIUIEKCHBIX uHcel z; =a+bi u z, = ¢ + di Ha3bIBaeTCsl KOMIUIEKCHOE YHCIIO

7.2, = (ac — bd) + (ad + bo)i.

4. YacTHBIM KOMIUIEKCHBIX 4ucenl zZ; =a+bi m 2z, =c+ di # 0 Ha3blBaeTcs KOMIUIEKCHOE YHCIIO
__ 7y __ac+bd bc—ad
z,  c%2+d? = c2+44d?’

5. Bo3BeneHne KOMILIEKCHOI0 YHCJIA B cTenmeHb neN paccMaTpuBaACTCA Kak YaCTHBIN cnyqaﬁ YMHOXCHUA
KOMIIJICKCHOI'O YHCJIa n pas.

Crenenu uucna i:

LLecrmn=4k+1

—l.ecmn=4k+2

—l,ecmn=4k+3

l.ecmn=4k

Tpuronomerpuyeckoit (HopMoil KOMITJIEKCHBIX YHCEN Ha3bIBAETCS 3alIUCh UX B BUJIE:

z=rlcose +i59 )y — p(cos@ + i - sing).

[Ipy BBIMOTHEHWW MEWCTBHIM HAJ KOMIUIEKCHBIMH YHCIIaMH B TPUTOHOMETPHUYECKOH (Qopme
HCIIOJIB3YIOTCS Clenytomue Gopmybl:
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Iy tEZp =y r:{cns{cpl + qaz}+ :'s:'n{q:ll + qu:})
= r
— == {'3'3'5'[?"1 - ‘F':} + "5"“{?1 - '?"z}]

Z1 ?":

" = r*cosng + isin ng)
J1J1s M3BJICYCHUS KOPHS N-i CTETICHH U3 KOMILJIEKCHOTO YUCJIa B TPUTOHOMETPHUECKOH opme
z=r(cos +isi@ )y — r(cosg + i - Sing) ucronb3yercs GopMyia :

+2nk g+ink

+ isin

+2mic + isin g+imk

iy = V- (cos Yeap = Vr (cos

1,2,...,n-1.

)

Ed

,Tae \r - apudmerndeckuii Kopens, k=0,

Aneopumm nepexooa om ancedpauieckou Gopmol K MpUSOHOMEMPUYECKOU.

IycTh KOMILICKCHO@ YHCIIO 3a/aHO B anrebpamdeckoii popme = = & Thiz=a+bi

1) Moxynbr =|z| oxHO3HAauHO ompexensiercs o Gopmyiae T = Ve© + 57 =va® +b7

COSgo:E sin(p:E
2) AprymeHTt ¢ onpenensiercs u3 Gopmyin r, r.

3HaueHUs APryMCHTAa KOMILJICKCHOI'O YU CJIa MOKHO HaAXOAUTh U TaK:

e OmpenenuTb, B KaKOil 4YETBEPTH HAXOAUTCS BEKTOP (MCIOJIb30BATh TI'COMETPHUYCCKYIO
MHTEpIpeTanuo ypcna) = = @ T biz =a + bi
b b

tge = ~tgp = -
99 =39% 75, momyuaewm, uto

G

@ JUIl BHYTPEHHUX TOYeK | u 4 yeTBepreid,

e P CIINB YPAaBHCHUC

arg £z = @ = arctyg gat'gz =@ = arcty
b b

argz=p=arctg-+margz =g =arctg-+ 7

& v 9 E v g a JUIsl BHYTPEHHHUX TOYEK 2 YETBEPTH,

— T
a AJIs1 BHYTPECHHHUX TOYCK 3 YCTBCPTH.

Ecnu Touka z nmexut Ha NEUCTBUTEIBHOW MJIM MHUMOM OCH, TO arg Z MOKHO HAWTH HEMOCPEACTBEHHO.

argz = @ =nrctg§—rargz =p@= nrctg%

3) Haiins Mmoaymb ¥ apryMeHT KOMIUIEKCHOTO YHCIIa, €r0 MOKHO 3aITUCaTh B TPUTOHOMETPUIECKOM

HIIN TIOKa3aTelIbHOI popme = = 7(C0SP +ising )z = r(cosg +ising) yoy 2= re¥z=re’¥

ITopsinok BbINOJHEHHS PadOTHI:

1. 3anumIuTe KOMIUIEKCHBIC YHCIa B anrebpamdeckoil gopme = = @ T0iz =a+bi

2. BeimonHuTe ACUCTBUS HAJ KOMIUIEKCHBIMHU YHCIIaMU B ainreOpandeckoi (hopme, UCTIOIb3ys
(bopMyIIbL:

Z + Za = {:ﬂl + ﬂ:} + {IJ]_ + IJ:}:-Z]_ + 9 = {:ﬂl + ﬂ:} + {IJ]_ + bg}f.
2] — 23 = {:ﬂl — ﬂ:} + {IJ]_ — IJ:}:- 2 — 23 = {:ﬂl - ﬂ:} + {b]_ - IJ:}:-.

i Zg = {:ﬂl iy — IJ]_IJ:} + {:ﬂlbg + ﬂgbl}f Zy " Zg = {:ﬂl iy — blbg} + {:ﬂlbg + ﬂgbl}f.

Xon paborsr:
1. TMomyuuTs y mpernojaBaTens 3aJ1aHusl.
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2. OdopmuTh pelieHne B TETPaIu A MPAKTHIECKUX padoT.

®dopma npeacTaBiaeHusl pe3yJabTara:
[IpencraBuTh BHITOTHEHHBIC 33JJaHUS B TETPAIH JIUIS IPAKTHUECKUX PA0OT MPETOIaBaTEIIo.

Kpurepun oneHku:
3a Kax/Iblii MpaBUIBHBIN OTBET — 1 Oamn. 3a HenpaBuiIbHEIA 0TBeT — 0 6aisoB.90 + 100-
otnuuHo; 80 + 89- xopomo; 70 + 79-ynoBierBoputensHO; MeHee 70-He yAOBIECTBOPUTEIBHO.

Tema2.1. Anred6pa BeKTOpPOB.
IMpakTuyeckoe 3ansaTue Ne 8§ Onepanun Haj Bekropamu. Pemenne 3agau

Hean: hopMupoBaHre yMEHUN peliaTh 3aa4u 110 TEOPUU aareOpbl BEKTOPOB.

Beinosinus padorty, Bl Oynere:

YMETb:

- BoImonHATh onepanuu HaJy MaTpULIAMH U PeLIaTh CUCTEMbI JIMHEHHBIX YPaBHEHUH;

- aHAJIM3UPOBATH 3a/1a4y H/HIIH MPOOJIEMY U BBIACIATH €€ COCTaBHbIC YacTH;

- ONpEAEIATh JTAlbl pEIICHU 3a/1a4H;

BobinoJsiHeHHe MpaKkTHYeCKO0il padoThl c1ocoO6CcTBYeT (POPMHPOBAHMIO:

OK 01. Bri6upats crioco6b! penieHus 3agad npopecCuOHaIbHON AEATEIbHOCTH IPUMEHHUTEIbHO
K pa3jIM4HbIM KOHTEKCTaM

1K 1.2. Pa3pabaTbiBaTh CXeMbI JIEKTPOHHBIX YCTPOHCTB Ha OCHOBE MHTETPAJIbHBIX CXEM Pa3HOM
CTENEHU UHTErpalii B COOTBETCTBUU C TEXHUYECKUM 3aJaHUEM

MarepunanbHoe obecneyeHue:

Pa3znarounslii Matepuan (KapTOUKH C 3a/IaHUSIMU).

TexHuueckue cpeacTBa 00yueHUs: KOMIBIOTEP C JIMLEH3UOHHBIM ITPOrPaMMHBIM O0ecTiedeHneM
U MyJbTUMEINA TPOEKTOP

3aganue:

1. Jlausl BekTOpHI @=4i+4K, b=-i+3j+2k c=3i+5]  Bpmonnure CIENyIOIIUE JEHCTBHS: a)

BBIYMCIIUTE CMEIIAHHOE TPOU3BEJCHHE BEKTOpOB a, b, 5C; 0) HaiiauTe MOAYIh BEKTOPHOTO

npomsBeaeHus 3¢ U b; B) BBMMCIHTE CKanApPHOE NPOHM3BENCHHE BEKTOPOB a u b T') TIPOBEpHTE,
OyIyT U KOJUTMHEAPHBI MM OPTOTOHAIBHBI BEKTOPHI aub; 1) IPOBEPhTE, OYAYT U KOMITJIAHAPHBI
BEKTOPBI a,b,c.
2. Bepmmunusl nupaMuasl HaxoasTes B Toukax A(2, 3, 4), B(4, 7, 3), C(1, 2, 2), D(-2, 0, -1).
Beruncnuts: a) miomans rpanu ABC; 6) o6wem mpamust ABCD.
IMopsinok BBINOJTHEHUS PA0OTHI:
3aaHus pemaroTcs B JII0O0M MOPSAKE
Xox pa0doThI:
1. TlomyuuTh y mpenoaBaTes 3a/1aHusl.
2. OdopmMuTh perieHne B TeTpaau A MPaKTUYECKUX padoT.
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Tpoiika BekTopoB a, b, ¢ ¢ 0OmuM HavyaaoM B Touke O Ha3bIBACTCS MPABOM, €CITH KpaTYalIni

MIOBOPOT OCH BEKTOpa d K BEKTOPY DO €O CTOPOHBI BEKTOpa C OCYIIECTBISIETCS NMPOTHB YaCOBON
CTpenku (puc. a). B npoTuBHOM ciiy4ae Tpolika BEKTOPOB Ha3bIBaeTCs J€BOU (puc. 0).

Bexmopnvim npouszeedenuem BEKTOpOB a W D HasbiBaeTcs BEKTOp C, 00O3HaYaeMblii C=axb,
KOTOPBIN YIOBJIETBOPSET TPEM YCIOBHSIM:

| = [alb{sinfa.b)

[
N—r

cla, clb:

w N
— —

a, b, ¢ —mpaBas Tpoiika BEKTOPOB.

W3 onpeziesnieHust BEKTOPHOTO MPOM3BEICHHUS ClieyeT, uto axa=0, axb=-bxa .

Ecin u3BecCTHBI KOOpPAWHATHI BEKTOPOB a=04,¥2) U b=(X,¥,2), TO KOOpIHUHATBL UX
BEKTOPHOT'O MTPOU3BEICHUS BBIUUCISIFOTCS 10 (hopMyIie

- - Yy, 2
c=axb=(["t 1

Yo 7

X 4
Xp I

X Y
X Y2

|
e

Cmewannovim npouseedeHueM TPEX BCKTOPOB b , b , C Ha3bpIBAeTCs YUCIIO, KOTOPOC MMOJTYydacTCs,

€CIIM BEKTOphl 0 ¥ D yMHOXHTH BEKTOPHO, a 3aTe€M pPEe3yJbTaT YMHOXHTH Ha BEKTOP C CKaJISIPHO.

O6o3nauaercs cMelantoe npoussenenne abe . Mrak, mo onpenenenuo abc = (ax b)C :

ITyCcTh M3BECTHBI KOOPAMHATEI BEKTOPOB @ = (X, ¥1,2) ,b = (X, ¥,.2,) M ¢=(X3,¥3,25) . Torga

X Y1 7
abc=\x, vy, 1z,
X3 Y3 I3,

Venosue komnnanaprocmu Tpex BeKTOpoB b, b, ¢ umeer Bux:

XX Y1 4
X, Yo Zp|=0

5, 5, ¢ — KOMILTaHapHbBl ™ abc=0™Xs Y3 Zg

['eomeTpruecknii CMBICT CMENIAHHOTO TPOU3BEACHHUS COCTOMT B cieayromeM. CMenraHHoe
MIPOM3BENICHUE TPEX BEKTOPOB b, b, c paBHO 00beMy V mapaienenumneaa, TOCTPOSHHOTO Ha 3THUX
BEKTOpaXx, €CIIU b,b,c-— npaBasi Tpoika. Eciin ske 3Ta Tpoiika jieBasi, TO CMEIIaHHOE TPOU3BEICHUE

OTpHULATENILHO U PaBHO 00beMY Mapauiesienunea ¢ IPOTUBOMOIOKHBIM 3HAKOM:

——— |V, a, b, ¢ — npasas mpoiixa,

-V, a, b, ¢ — zesas mpoiixa.
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®dopma npeacTaBiaeHusl pe3yJabTara:
[IpencraBuTh BBHIMOTHEHHBIC 3aJaHHS B TETPAIHU JIJIS IPAKTHUECKUX PabOT Mpero1aBaTelto.

Kpurepun oneHku:
3a KaX/bli MpaBWIIbHBINA OTBET — 1 Oayut. 3a HenpaBwiIbHBIN OTBET — 0 6a1oB.90 + 100-oTMuHO; 80 +

89- xopomo; 70 + 79-ynoBneTBOpUTEIbHO; MeHee 70-HE YAOBJICTBOPUTEIHHO
Tema 2.2. YpaBHeHHE NPAMOIi HA IJIOCKOCTH U B POCTPAHCTBE

IMpakTuyeckoe 3ansiTue Ne 9CocraB/ieHre ypaBHEeHU NPSAMbIX U pellieHHe 3a71a4

Heab: popmupoBaHre yMEHUI COCTABIATh YPABHCHHUS MPSMBIX.

Boinoainus padorty, Bel Oynere:

YMETh!

- BBIMONHATE onepanuu HaJy MaTPULIAMH U PELIaTh CUCTEMBI JIMHEHHBIX YPaBHEHHH;

- aHAJIM3UPOBATh 3a/1a4y U/WIU MpoOJIeMy U BBIACIATH €€ COCTaBHbBIC YaCTH;

- OTIPE/ICTIATH ATAIbI PEIICHUS 3a/1a4H;

BrinosiHeHne npakTH4YecKOi padoThl cmocoOCcTBYET (POPMUPOBAHNIO:

OK 01. Bri6upaTs criocoOb! perieHus 3a1ad npopecCuOHaIbHON AEITEIbHOCTH TPUMEHUTEIHHO
K Pa3JINYHbIM KOHTEKCTaM

[IK 1.2. Pa3pabarbiBaTh CXEMBbI 3JIEKTPOHHBIX YCTPOMCTB Ha OCHOBE MHTETPAJIbHBIX CXEM pa3HOMN
CTEINEeHU UHTErPpallii B COOTBETCTBUU C TEXHUYECKUM 33aJaHHEM

MaTtepuajbHoe o0ecnieyeHue:

PaznaTounblif MaTepual (KapTOUYKH C 3aJaHUSIMH).

TexHuueckue cpeacTsa 00ydeHUs: KOMITBIOTEP C JIMIIEH3UOHHBIM IPOTPaMMHBIM 00eCTIeYeHHEM
U MYJIbTUMEINA TTPOEKTOP

3aganue:

1. JHansl Bepumnsl A(3, 1), B(-13, -11), C(-6, 13) tpeyronpuuka ABC. CocTaBUTh ypaBHEHUS

CTOPOH TpeyronbHuka ABC 1 HaliTH yroa Mexay npsmeiMu AB u BC.

2. Haiitu TOYKy TmiepeceueHUs] TMpPAMBIX, 3aJaHHBIX ypaBHeHHsAMU: a) 2X-Y+3=0 g
4x+8y+17:0; 0) 2X—y+3=0 y 4x-8y-11=0,

3. Hanwer Bepmmnel A(4, 3), B(-3, -3), C(2, 7) tpeyronsuuka ABC. Haiitu: a) ypaBHeHHe
cTopoHbl AB; 6) ypaBHeHue BbicoThl CH, B) ypaBHeHue Mmeauanbl AM; r) Touky N mepecedeHus
Meaunansl AM u BbicoTel CH; 1) ypaBHEHUE NpsMOM, nmpoxoasiiel yepe3 BepiinHy C mapajuieabHo
cTopoHe AB; e) paccrostaue oT Touku C 10 mpsiMoit AB.

IMopsinok BbINoJIHEHUs padoOTHI:

3agaHus peraroTcs B JJI000M MopsIKe
Xox pa0doThI:

1. TMomy4wTh y mpernoaBaTess 3aaHusl.

2. OdopMuUThH perieHne B TeTpaau s MPAKTHIECKUX PadoT.

B IleKapTOBOI‘;I HpHMoyFOHBHOﬁ CUCTCMEC KOOPAHHAT Oxy Ha IJIOCKOCTHU JIF00ast npsaMast MOXKET
OBITh 3a/laHa YpaBHCHUCM HCpBOf/'I CTCIICHHU

Ax+By+C=0, tne A, B, C — onpenenennbie uucia, A?+B? =0. I 00paTHO, BCIKOE ypaBHEHUE BUIA
Ax+By +C =0 onpenensieT IpsMYIO Ha IIIOCKOCTH.
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JlaHHOE ypaBHEHHE HAa3bIBACTCA OOWUM YpasHeHuem npsmMol Ha IUIOCKOCTH, KO3((OUIMEHTHI
ypaBHeHus A, B omnpenensror koopaumHaThl BEKTOpa f, HNEPHEHAMKYISPHOIO ATOW HpsIMOW. DTOT
BEKTOP Ha3bIBACTCS HOPMANbHbIM 6EKMOPOM NIPIMOIL.

Yka)keM OCHOBHBIE CITOCOOBI 3a/1aHUS IPSMOI HA TUIOCKOCTH M COOTBETCTBYIOIIUE YPaBHEHHUS.

1. TIpsiMast IPOXOIHT depe3 TOUKY M, (%o, Yo) meprenukymspro Bektopy h=(A B). B 3Tom
cllyyae npsiMasi OIMChIBAETCS OOIUM YPaBHEHUEM

A(x—%,)+B(y—-y,)=0.

2. IpsiMasi OPOXOAMT yepe3 TOuKy Mo(Xo.Yo) mapamiensHo BekTopy S =(m,n). B 3Tom
cltydae mpsiMast 3aJ1aeTCsl KAHOHUYECKUM YPAGHEHUeM

X=Xy — Y=Y,
m n

UIIA napamempudecKkumu ypasHeHusMu
X =X, +mt,
y =Y, +nt,
rjae t — mapameTp, IPUHUMAIOIINN JTFOOBIC YHCTOBBIC 3HAUCHHUS.

3. [IpsiMas NPOXOAUT dYepe3 TO4Ky Mo(X,¥o) C 3ajaHHBIM YIJIOM HakiIoOHA
OTIPE/ICIIIEMBIM Y2108biM KO3(ppuyuenmomk =tga (puc. 1). B 3ToM cinydae ypaBHEHUE IPSIMON UMEET

Bun Y~ Yo =k(X—X0)_

¥

ny

fo
-
x

Puc. 1. Puc. 2.

4, [Ipsimast oTCcekaeT Ha KOOPJAUHATHBIX OCSX 3aJlaHHbIe OTpe3ku (puc. 2). B atom ciydae
X + y _
UCIOJIB3YIOT YPasHeHUe NPpAMOll 6 Ompe3Kax a b

S. [Mpsimast 3aaHa YIIIOM HAaKIOHA ¢ , ONIPE/ICIIIEMBIM YTIIOBBIM K03 duuueHTom K =tga
u otpe3koM b, oTcekaembiM Ha ocu Oy. B 3TOM citydae MCHONB3YIOT ypasHeHue NpsiMoll ¢ Yelo8biM

K03 puyuenmom y =kx+b.
Paccmosnuedom moukuM,(x,y,) 10 mpsMoii Ax+By+C=0 BpuHCIseTcs 10 (opMmyle

d- |Ax, + By, +C]|

JA? +B?

®opma npeacraBiaeHus pe3yJabTara:
[IpencraBuTh BHINOTHEHHBIE 3aJaHUS B TETPAIU ISl MPAKTHUECKUX PabOT MpenojaBaTesiio.

Kpurepum ounenku:
3a KaxJIplil paBUIbHBIN O0TBET — 1 O6at. 3a HenpaBuiIbHBIN 0TBET — 0 6a11710B.90 + 100-0THYHO; 80 +

89- xopomro; 70 + 79-yn0BIETBOPUTEIIBHO; MeHee 70-He YIOBIETBOPUTEITHHO
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Tema 2.2. YpaBHeHUE NPAMOIi HA IJIOCKOCTH U B POCTPAHCTBE

IpakTuyeckoe 3ansaTue Ne 10 CocraB/ieHue ypaBHeHHII KPUBBIX BTOPOr0 MOPSiAKAN
NMOBEPXHOCTEH

Lesas: popMupoBaHuEe YMEHHI COCTABIATh YPABHEHUSI KPUBBIX U IIOBEPXHOCTEH 2-T0 MOPSAKA.

Bbinosinus padory, Bel Oyaere:

YMETh:

- BoinonHATh onepanuu HaJl MATPULIAMU U pEIIaTh CUCTEMbI JTMHEHHBIX YPaBHEHUH;

- aHAJIM3UPOBATH 339y /WM IPOOJIEMY U BBIIETISTH €€ COCTABHBIC YaCTH;

- OIPEENISITh ATAlbl PEIICHUS 3a]a4u;

BrinosiHeHHe NpakTHYeCKOH padoThI ciocoOcTBYeT (POPMUPOBAHUIO:

OK 01. Beibuparb criocoOsI perieHus 3a1a4 npohecCuOHATBHON JAESITEIbBHOCTH MPUMEHHUTEIIBHO
K pa3JINYHbIM KOHTEKCTaM

I1K 1.2. Pa3pabatbiBaTh CX€MBbI 3JIEKTPOHHBIX YCTPOWCTB Ha OCHOBE MHTETPAIHBIX CXEM Pa3HOMN
CTENEHU MHTErPALIMHA B COOTBETCTBUM C TEXHUYECKUM 33/ IaHHEM

MatepuajabHoe o0ecnieyeHue:
Pa3narounsblii Matepuain (KapTOUKH C 3aJIlaHUSMU).
TexHuueckue cpeacTBa 00yueHUs: KOMIBIOTEDP C JIMLEH3UOHHBIM ITPOrPaMMHBIM O0ecriedeHneM

U MyJbTUMEINA IPOEKTOP

3aganue:

1. OmnpenenanuTb KOOPAMHATHI IEHTPA U PAIKYC OKPYIKHOCTH X* +Y? —4x+3y=0,

2. CocTaBUTH ypaBHEHHE OKPYKHOCTH, MPOXOJSAIIEH depe3 TouKy 4(6,-1) ¢ HEHTPOM B TOYKE
nepeceveHus npsaMeIx 3X—4y-5=0 y 4x+3y-15=0

v 2 2
3. Haiitu nomyocu, KoopJuHAThI (POKYCOB M SKCLHEHTPUCUTET dJTUIICA 4X” +25y° —100=0,
4. OmnpenenuTb BHJI M PACIOJIOKEHHE KpUBOM (MOIyocH, KOOpPAMHATHI (OKYCOB U
SKCIIEHTpHCHTET) 5% +16y” +10x-96y+69=0,
5. TlapaGosa ¢ BepIIMHON B Hayajle KOOPAMHAT IPOXOINUT 4epe3 ToUKy 4(L-3) u cuMMeTpuuHa
oTHOcUTENbHO ocu Ox. Halitu ¢okyc u ypaBHEHHS napadobl U €€ TUPEKTPUCHI.
[Tapabona ¢ BepmmHOW B Touke O(21) mpoxomut wepe3 TOUKy 4(6,3). COCTaBUTH ypaBHCHHE
napaboIIbl
Ilopsinok BbINOJHEHHS padOThI:
3agaHusl pelaroTcs B JJF000M MopsKe
Xoa paGoTsI:
1. Tlomyuuts y npenojaBaTens 3a/1aHusl.

2. OdopMUTH pemieHre B TETpaau s MIPAKTHUECKUX PadoT.

0611166 YpPaBHCHHUEC KPUBLIX BTOPOI'O NOPAAKA UMECT BUJ

Ax? +Bxy +Cy? +Dx+Ey+F =0, B kotopoM A, B u C He paBHbl HYJIIO OJHOBPEMCHHO, T.€.
A’ +B%2+C? 0.

Dnaunc u OKpy#CHOCMb
Onauncom Ha3bIBAETCS TEOMETPUYECKOE MECTO TOYeK IUIOCKOCTH, CyMMa pPacCTOSHUN OT

KOTOpBIX /0 JIBYX AaHHbIX Touek Fi m F,, Ha3bpiBaeMbIX (hOKycamu, €CThb BEITMYMHA IOCTOSHHAs,
paBHas 2a, IpuYeM 3Ta BeJIMYUHA O0JIblIe pacCTOSHUS 2¢ MeXYy (hoKkycamu.
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Ecmm 3a ocb Ox mpuHATH TpsAMyro, Tpoxojasmyio depe3 ¢okyceiF; uF,, a 3a ocs Oy —
NEPIeHANKYISIp K ocu Ox, TpoxXonasiumii depe3 cepenuHy orpeska FiFz (puc. 1), To ypaBHeHHe
2 2
X
7+L=1
JIIMIICA IPUMET BUJ a® b

DTO ypaBHEHHE HA3bIBAIOT KAHOHUYECKUM ypasHeHuem daaunca. Ilpu 3ToM a — OGoblias MmoJyoch
aHIca, b— ero mMasast moayoch, €= va?-b?, F(-c,0) u F,(c,0) — (hokychI dITHIICA.

b

b

AN
R

c=—x<l1
OTHoOILIEHHE a Ha3bIBAETCS IKCYEHMPUCUMEMOM JJLIUNCA.

[Tpu a<b ypaBHeHME TaKKe 3aJIaCT AILIMIIC, HO Y TAKOTO JJUIHICA (OKYCHI PACIIONOKEHBI HA OCH
Oy, mapametp b 3amaer GosblIyto MOAYOCh, @ @ — My MOJyoch. [lapameTp ¢, paBHbIH MOJOBUHE

o 2 2
paccrosiHus Mexay (OKycaMHu, MOXKHO HaiiTh mo ¢opmynae C=+b°—a°, a 3KCHEHTPUCUTET — IO

(o}
dopmyne © " b.

[Ipu a=Db ypaBHeHMe 3a1aeT OKPYKHOCTb C LICHTPOM B HayaJie KOOPAUHAT U PAIUYCOM d.

OKpyXHOCTH paguyca R ¢ 1LeHTpOM B  TO4YKe C(%o: Yo) 3a7a€TCs  ypPaBHEHHEM
(=%, +(y=y, ) =R?,

T'unepbona
T'unepbonoti Ha3bIBa€TCS TEOMETPUYECKOE MECTO TOYEK IUIOCKOCTH, MOMAYJb Pa3HOCTH

paCCTOHHI/Iﬁ OT KOTOPBIX 0 JABYX JAaHHBIX TOYCK Fl )51 Fz, Ha3bIBACMbIX q)OKyCaMI/I, €CTh BCJIMYHMHA
MOCTOAHHAA, paBHAA 261, IpHUYEM 5Ta BCJIIMYMHA MCHBIIC PACCTOSIHUA 2c MCKIAY CI)OKycaMI/I.

Ecin 3a ocb Ox mpuHATH mpsiMyro, Tpoxonsimiyio depe3 ¢okycweiF; uFz, a 3a ocs Oy —
neprneHauKynap K ocu Ox, MpoxXonsdluil uepe3 cepeauHy otpeska FiF, (puc. 2), To ypaBHeHHE

2 2

Xy

TUNepOOsIbl IPUMET BUI a2 b2

DTO ypaBHEHHE HA3bIBAIOT KAHOHUUECKUM YpasHeHuem cunepboivi. Ilpu 3TOM a — neiicTBUTEIbHAS

110J1y0Ch THIIEpGOIBL, b— ero MHMMas monyocs, ¢ =va? +b? | F(-c0) u F,(c.0) — poxycsl smmrmca.

" J

22



b
=51 =x—X

&
OrHomeHne a HAa3bIBACTCA OKCYEeHmpucumeniom 2Mn€p60]lbl. HpHMBIe y a , K
KOTOPBIM mnep6ona HEOIrpaHU4YCHHO HpI/I6J'II/I}Ka€TC${ Ha 6CCKOHCLIHOCTI/I, MMpEaACTaBIAOT coboii
ACHUMIITOTBI FI/IHep6OJ'IBI.

2 2

W

+ y
VYpaBHeHue a’> b? , ompeAemnseT runepooiry, HO y 3TOW TurepOoiibl POKYCH PACHIOIOKEHBI
Ha ocu Oy, mapamerp D ecTb AedcCTBUTENbHAs MONYOCh, IApaMeTp ¢ — MHHUMas II0JIyoCh, a

c
£=—
OKCHCHTPUCUTET BBIYHUCIACTCSA 110 (bopMyne b.

Ilapabona
Ilapabonoti Ha3bIBaeTCs T€OMETPUYECKOE MECTO TOYCK IIOCKOCTH, PaBHOYJAICHHBIX OT JaHHOM

TOYKH, Ha3bIBaeMOH (POKyCOM, U JaHHOW MPSIMOM, Ha3bIBAEMOM TUPEKTPUCOH.
Ecnu 3a ock Ox npuHATH NPSIMYIO, IPOXOASIIYIO Yepe3 (poKyc NepneHAUKYIIPHO TUPEKTPHCE, a
3a oce Oy — HpsAMyI0, IPOXOIALIYI0 YEPE3 CEPEeIUHY MEPIEHIUKYIpa, OIMYIIEHHOro U3 (oKyca Ha

2
aupeKTpucy (puc. 3), To ypaBHEHHE 1mapaloiibl IPUMET BUA Y =2PX, TIie p — paccTosiHue oT (okyca

X
710 TUPEKTPUCHL. DTO YpaBHEHUE HA3bIBAIOT KAHOHUYECKUM YpasHeHuem napabdonsl. llpu 3tom 2

P
Fl =0
— YpaBHEHHUE TUPEKTPUCHI, a (OKYC [2 j .

S

=¥

b |
=
oo '

Puc. 3.

2
VYpaBHenue X° =2py 3amaer mapabosry, CHMMETPUYHYIO OTHOCHTEIbHO ocu (Oy. B 3ToM ciryuae

. ,pj
JTUpEKTpUca mapadobl =73 , @ POoKyC ( 2).

CbopMa NpeacTaBJCHUs pe3yjabTara:
Hpe)ICTaBI/ITI) BBITIOJTHCHHBIC 3aJaHWs B TETpaan AJId NPAKTHYCCKUX pa60T nmpenoaaBaTeCiIto.

Kpurtepun onenkmn:
3a Kaablil paBUIIbHBIN 0TBET — 1 Oayut. 3a HenpaBmiIbHBINA 0TBET — 0 6ai10B.90 + 100-0TNIMYHO; 80 +

89- xoporo; 70 + 79-ynoBneTBopuTENbHO; MeHee 70-He yI0BIETBOPUTEIHHO
Tema 3.1. Ilpeaes u HenpepbIBHOCTh (PYHKIMH

IIpakTyeckoe 3ansaTue Ne 11Bprunciienne npeaenos GyHKIuii.

eab: popmupoBanne yMeHHI BEIYUCISTE MPECIbl (OyHKIHHA.
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Beinosnus patdory, Bel Oyaere:
YMETb:
- [IpumensaTs Metoap! AudPepeHInanbHOT0 U HHTETPATLHOTO HCYUCIICHUS

- aHaJIM3UPOBATH 3aJa4y H/WIK IPOoOJIeMY U BBIIETATH €€ COCTaBHbBIC YaCTH;

BrinosiHeHHe npakTHYeCKOH padoThI CIOCOOCTBYET (DOPMUPOBAHUIO:

OK 01. Beibupars crioco0sI pemieHus 3aaa4 npohecCuoOHaATbHON ASSITEIIBHOCTA MPUMEHHUTEILHO
K pa3JINuYHbIM KOHTEKCTaM

IIK 1.1. AnanusupoBaTh TpeOOBaHMS TEXHHUYECKOTO 3aJaHUS Ha MPOCKTUPOBAHHUE ITU(POBBIX
CUCTEM

MarepuajibHoe o0ecnieyeHue:
Pa3narounsblii Matepual (KapTOUKH C 3a1laHUsIMU).
TexHuueckue cpeacTBa 00y4eHHs: KOMIBIOTED C JIMLIEH3UOHHBIM MPOTPaMMHBIM 00ecIieYeHHEM
U MyJbTUMENA IPOEKTOP
3aganme:
)
Boruncnuth npenensl QyHKIMA yitis oT HeonpeaeneHHoctu 0

110x%-5x 6) 2x%4+x-15  \x34x+2 I_\2;»c3—54x L Wxti-1
Tx2—025 7 7/ 3x247x—6" ) x3+1 7 xZ4x+1 'Y & ’

(=)

Berauciuth npenens! GyHKIUH yilas oT HEOmpeaeTeHHOCTH oo

H 2 .
x3-3x+7 ) x2+x3 5 x*+x5 . 12x5-3x3+42x ) ||mX'(VX +1—X),
- 6) . . . X
A)5x34x-2" x4+x5 " 7 x24x3 x3+3x2-1

ITopsinok BbINoJIHEeHUs padoOThI:
3aaHus pelaroTcs B JII000M MOpsaKe
Xoa padoThi:
1. TlomyuuTs y mpemnojaBaTens 3aJ1aHusl.

2. OdopMuTh pelieHue B TeTpaau A NPaKTHUECKUX padoT.

Packpvimue neonpedenennocmeii paznuunvlx munoe
JUia Toro 4toObl HaWTU Mpenea 3JIEMEHTapHOM (YHKIMHU, KOTJa apryMeHT CTPEMHTCS K
3HA4YeHHUI0, MPUHAJUIekKAaIeMy 00JIacTH ONpeAeieHNs 3TOH (QyHKIUH, HY)KHO B BbIpaXKeHHE (YHKLIUU
BMECTO apryMEHTa IOACTABUTh €r0 MPEAEIbHOE 3HAYCHHE.
Jlaneko He BCsKas MOJCTAHOBKA MPENENbHOTO 3HAueHHs B (DYHKIMIO BMECTO HE3aBHCHMOM
MIEPEMEHHON MOXET Ccpa3y NpPUBECTH K HaxokJeHuto mpezena. Ciydad, B KOTOPBIX IMOJICTAHOBKA
NPEeJeIbHOTO 3Ha4eHUsl B (YHKIMIO HE JAaeT 3HAU€HUs IMpejiena, Ha3bIBal0T HEOIPEICIIEHHOCTIMM; K

o0

H (aj 0), (w-) b°) (=°) ()

HUM OTHOCATCA HCOHpe,Z[eJIeHHOCTI/I BHUJIOB 0 y , , , , , . PaCCMOTpI/IM
HECKOJIbKO THUIIOB MPUMEPOB, KIACCUPHUIUPYS MX IO BHUAY HEONPENEICHHOCTH M TPEeAeTbHOMY
3HAYCHUIO X.

f(x) (ooj
lim o | —
1-i1 mun. PaccMotpuM npuMephl Buaa > @(X) ¢ HEONPEIENEeHHOCTRIO BUIA (;) o), rae F(X)

u ¢(X) B 00IIeM ciTydae — CJIOXHbIC CTEIIEHHbIC WK MOKa3aTelbHbIe QYHKIMU. B ciydae cTeneHHbIX
GyHKIUMI HEOOXOAMMO BBIHOCHUTH 32 CKOOKY B UMCIUTENEC U B 3HAMEHaTrese JpoO0u X ¢ HauOOJbIINM
MoKa3aTesieM CTENEeHU CPeIM BCEX cllaraeéMbIX IpoOu; B Cilydae MOKa3aTeNbHBIX (YHKIUN 32 CKOOKY
BBIHOCUTCS HauOojee OBICTPO BO3PACTAOLIEE ClIaraéMoe CpeAau Bcex ciaraeMelx apoou. Ilocne
COKpaIlleHUs! IpoOU HEOIPEeIEHHOCTh YCTPaHIeTCs.
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ITone3Ho 3alIOMHUTB IIPaBUIIO:

0, eciu n<m,
aX" +ax" " +..+a, x+a, (oo) ag

lim = ) = =<—L eciun=m,
x=0 box™ + b X" + ...+ b X+ by, by
o0, eciu N > M.
lim ) (Oj
. 0\l
2-it mun. PaccMOTpUM IIpUMEPHI BHAA *~% ¢(X) ¢ HEONMPENENIEHHOCTHIO BUIA (5) 0/). B atom

o0

cjydac HCO6XOHI/IMO PAa3JI0KUTh HA MHOKHUTCIIU U YUCJIUTCIIb, U 3HAMCHATCJIb I[p06I/I NI TOMHOXUTH
W YHCIWTENb, W 3HAMEHATelb JPOOM Ha OJHO M TO K€ BBIpRKCHHUE, MPUBOJIsAIICEe K (GopMmyliam
COKpAaIIEHHOT0 YMHOXKeHHsL. [lociie cokpaleHus ApoOH HEONPEICIEHHOCTh YCTPAHICTCS.

3-it mun. PaccMOTpHM TPHMEPBI C HEOMPEACIEHHOCTRIO BHIa (00 — ©0) (0-). Econ byHKIWS,
cToslasl TOJ 3HAKOM IMpefeia, IPEACTaBIsieT COo0OH anreOpamvecKyrd CymMMmy OpoOed, To
HEOIPEICIEHHOCTh YCTPAHSIETCsl WIIM IPUBOAUTCS KO 2-My THITY TIOCIIE IPUBECHUS Apo0ei K o0memy
3HaMeHatenro. Ecmu  ynmomsiHyTtas (yHKOHMS —TIpeAcTaBisieT co0Oil  anre0panvecKyrd CyMMmy
UpPPAaLMOHATIBHBIX BBIPAKEHUM, TO HEOIPENEICHHOCTh YCTpPAHSETCS WJIM HPUBOIUTCS K 1-My Tumy
IyTeM JOMHOXCHHS M JeJIeHUs (QYHKLIUH Ha OIHO U TO e (COMPSHKEHHOE) BBIPAKEHHE, IIPHBOJIAILCE
K (hopMyJIaM COKPAIIEeHHOTO YMHO)KEHHUSI.

(I)opMa NMpeacTaBjJacHud pedyjabTara:
HpeI[CTaBI/ITI) BBITTIOJTHCHHBIC 3aJaHu B TCTpaan AJI NPAKTHICCKUX pa60T npenoaaBaTeiIto.

Kpurepun oneHku:
3a Kax[blii TpaBUIIbHBIN OTBET — 1 6am. 3a HenpaBmibHbI 0TBET — 0 6a110B.90 + 100-0T/IMYHO; 80 +

89- xopomro; 70 + 79-ynoBIeTBOPUTEILHO; MeHee 70-He yIOBICTBOPUTEIHHO
Tema 3.1. Ilpeaes u HenpepbIBHOCTh (PYHKIMH

IIpakTyeckoe 3ansaTre Ne 12 Beruncienne npemesos ¢ NOMOIIbIO 3aMe4YaTeJbHBIX MPEAEIOB,
PACKpbITHE HEONpeAeJeHHOCTEi.

eab: popmupoBanne yMeHHH BEIYUCISTE MPEEIbl (OyHKITHHA.

Boinoinus padorty, Bel Oynere:
YMETh:
- [IpumensaTs MeToab! AU PepeHInanbHOr0 U HHTETPAIbHOTO UCYUCIICHNUS

- aHaJIM3UPOBATH 334y H/WIIM IPOOJIEMY U BBIIETAThH €€ COCTaBHBIE YaCTH;

BrinosineHne npakTHYeCKOH padoThl cOCOOCTBYET (DOPMUPOBAHUIO:

OK 01. Beibupats crocoObl penieHus 3aaa4 npopecCHOHATbHON JesTeNbHOCTH TPUMEHUTENHHO
K pa3JIMYHbIM KOHTCKCTaM

IIK 1.1. Ananu3upoBaTh TpeOOBaHMs TEXHHYECKOTO 3aJaHUs HA MPOCKTHUPOBAHUE IH(PPOBBIX
CUCTEM

MarepuanbHoe obecnieyeHme:

PazgaTounslit MmaTepuan (KapTOUKH C 3aJaHUSIMU).

TeXHI/I'-IeCKI/Ie Cpe)ICTBa O6y‘IeHI/ISII KOMHBIOTep C JINMOCH3UOHHBIM HpOFpaMMHBIM O6CCHC'—IGHI/I€M
U MyJIbTUMEHA MPOEKTOP

3ananue:

Breruncnuth mnpeaens (GpyHKUMNA TPUMEHSSIEPBBIA 3aMeyaTeNbHBIN Mpeien WU CBOWCTBO

3KBHUBAJICHTHO MaJIbIX BEJINYNH

4sin2x sin3x 4sinx3
) ; b) ; C)

) 5arcsin2x

) )

sin3x sin22x "’ 1—cos?x arctg4x
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Boruucnuth npenens! GyHKIUH NPUMEHSB TOPOH 3aMeyaTeIbHbIN mpeien

2n 6n n? n

3 ) 4\°" 3\, 5+3n

a) (1 + n) b) (1 n) :C) (1 + 4n) 1) (4—271)
Ilopsinok BbINMOHEHHS PadOThI:

3agaHusl pelarTcs B JIF000M MopsKe
Xon paboThr:

1. Tlomyuuts y npenojaBaTesns 3a1aHusl.

2. OdopMuUThH penieHre B TeTpaau Al MPaKTHUECKUX PadoT.

3ameuamenvHnvie npedensi.

. sinx
. . lim—— =1.
[TepBrlii 3aMedaTeNbHbIN TPEAET: x>0 X

: 1Y
. . lim (1 + —j =e
Bropoii 3ameuarenbHbIi pener (YHCIo e): x>«

1
lim(1 y =
" - y'_r;%( +Y)y e

o0
st Toro 4tro Obl M30ABUTHCA OT HEOMPENEICHHOCTH BHUIA (100)(1 ) HEOOXOUMO BBIICTUTH
HeTyro qpoou (KOoTopas JOJHKHA OBITH paBHA 1) B BEIPAKEHUU, CTOSIIIEM IT0/] 3HAKOM IIPEJIENa,KOTOPOe

npeaAcCTaBJIsACT coboit CTCIICHHO-TIOKAa3aTCIIbHYIO (I)YHKI_II/II-O HGOHpe)ICJ'IeHHOCTB YCTPAHACTCA IIpU
IIOMOIIIM BBIJACJICHUA BTOPOI'O 3aMCUATCIILHOI'O IIpcaciia.

Hamnpumep:
k
X 1 k x
(145) =lim@+0= =0 = tim| 1+ | =
X—00 X X—00 X—00 (_)
k
1 ky 1,V k
= lim (1 +—) = llim (1 +—> l 1%;
y—o00 y X—00 y
4
\" 4 2R 4
REE — = — 0y — i _x\4 — I — 4
) g (1-2) =0 = (-2 =i e
3 3n, 2
n1—(Mm+2) . atn
S\ o N5 L
2 m (1-3)" =0 = pm (- 2) | = e
lim 22 3
ln—»oo 4 = l4
x+3
3) e (35

X
) ; JJaHHBIIH TIpeiesT MOXKHO BBIYUCIUTH ABYMsI CIIOCOOaMU:
1 ctoco6:

Pazgenum uynciauTenab Ha 3HaAMCHATCJIb, BBIACINUB HCITYIO 4aCTh:

x—2
~x+3x-2177"  x+3 5
=> =14 ——;
X—2

x—2

x+3)* 5.\ 5¥%*x5_xs_x ;ixzi
(E) - (1 + E) - l(l + E) l [x—2 =lx-2 =[xz =[1-0= 5;
2 cnocoO:

Ilogenus ynCaUTEIb U 3HAMEHATEIIh ,Z[pO6I/I Ha X, CBCICM JIaHHBIM npeacit K 4aCTHOMY IPEACIIOB:

26



x  3\* 3\ ¥ 3\*
(x+3)x_ E+; — 1+} _(1+E) _l3 _15
x—2)  \x 2| 2] 2\ 12
X x 1-3 (1_5)

[Ipenensl OT HEKOTOPHIX TPUTOHOMETPHUUECKMX (QYHKUMH HEOOXOAWMO peIIaTh MPUMEHS
IIEpBBIN 3aMeyaTebHbIN MPEeIes WIN 3aKOH YKBUBAJICHTHBIX BEJIMYMH NPH yciioBuu X — 0.
OKBUBAJIEHTHBIMH Ha3bIBAIOTCSI OECKOHEYHO Majble BEJIMYMHBI, NPEAET OT MOHITHS KOTOPBIX paBEH
eAVHULE.

B kypce maremMaTH4eCKOro aHaJM3a JOKA3bIBAETCS, YTO IPU OTHICKAHWMM IIpEZeiia OTHOLIECHUH JIBYX
0ECKOHEUHO MaJIbIX BEJIMYMH MOYKHO 3aMEHMTh Ha IIPE/Iell SKBUBAICHTHBIX UM BEJIMUHUHAM.

X X
( Sin x~x; sm2§~(§) D X~X )

. X
sin?=

1) xzz; TaK Kak sin x ux npu x — 0 3KBUBaJEHTHbIE OCCKOHEUHO MaJIble BEIMYUHBI,
x-0

.X X
MMO3TOMY B JaHHOM BBbIPAKCHHUU MOXKHO sin 3 3aMCHUTb €TI0 aApryMCHTOM E Torna
PCHICHUEC BBIITIAAUT CICAYHOIUM 06pa30M:

X x\? x?
sin“s 5 - x2 1 1
2 . 2) .. 4 . s _

—2—llm—2—llm—2—llm — =lim-=-—

x—=0 X x>0 X x—-0 X x-0 \4x x-04 4
sinsin ax . . . . ax . a a
2) BBl ———— = |sinsinax ~ ax ([ sinbx ~bx | =lim—==lim—-=—;
x—0 DO0sin bx x-»0bx x-0b D

(I)opMa NnpeacraBjJacHusd pedyjabTara:

Hpe,[[CTaBI/ITL BBITIOJIHCHHBIC 3aJlaHU B TCTpAAU IJI ITPAKTHYCCKUX pa60T npenoaaBaTeIto.

Kpurtepuu onenku:
3a KaxJplil mpaBUIbHBIN OTBET — 1 Oat. 3a HenpaBuwiIbHBIN 0TBET — 0 6ay10B.90 + 100-0TNHMuUHO; 80 +
89- xopomro; 70 + 79-ynoBIeTBOPUTEIILHO; MeHee 70-He yIOBIETBOPUTEIHHO

Tema 3.1. Ilpeaes u HenpepbIBHOCTH (PYHKIMH

IIpakTyeckoe 3ansaTre Ne 13 Berunciienne 0AHOCTOPOHHUX NPeIeIOB, KIACCH(PUKAIHA TOYEK
pa3pbiBa

He.m;: (I)OpMI/IpOBaHI/Ie YMeHI/Iﬁ BBIUUCIIATE OAHOCTOPOHHHUC IPEACIIbI U KJ'IaCCI/I(l)I/II_[I/IPOBaTL
TOYKH pa3pbiBa.

Boinosinus padorty, Bel Oynere:
YMETh:
- [IpumensTe MeTobI TUQGEepeHITNaTFHOTO U HHTETPATHHOTO UCUUCIICHHS,
- aHaJIM3UPOBATH 33]a9y H/WIIM IPOOJIEMY U BBIIETSThH €€ COCTaBHBIE YaCTH;
BoinosiHeHHe NPaKTHYECKO# padoThl criocoOcTByeT GOPMHUPOBAHMIO:
OK 01. Bei6upats criocoObl penieHus 3a1a4 mpopecCHOHATBHON JesSTeNbHOCTH TPUMEHUTENHHO
K pa3JINYHbIM KOHTEKCTaM

IIK 1.1. Ananu3upoBaTh TpeOOBaHMS TEXHHYECKOTO 3a/laHUsl Ha MPOEKTHPOBaHUE HHU(POBBIX
CUCTEM

MarepuanbHoe o0ecrieyeHmne:
PaznaTounblif MaTepual (KapTOUYKH C 3aJaHUSIMU).
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TeXHI/I‘IeCKI/Ie CpCIICTBa 06y‘ICHI/I$IZ KOMHLIOTep C JIUIICH3NOHHBIM HpOFpaMMHBIM O6€CH€‘-I€HI/IGM
1 MYJIbTUMEIHA MPOEKTOP
3ananmue:

1. HWccrnenoBath Ha HEMPEPBIBHOCTH M MOCTPOUTH rpaduK (yHKITHH:

X, X<0,
y(x)=11-x, 0<x<1,
x3 +1 1 1
) Y a1:6) Y=gy T

ITopsinok BbINOJIHEHHUSI PAa0OTHI:
3aaHus pemaroTcs B JIIOOOM MOPSAKE
Xox padoThI:
1. Tlomyuuts y npenojaBaTess 3a1aHusl.

2. OdopmuTh penieHue B TeTpaau A IPaKTUYECKUX padoT.

HenpepbiBHOCTh (DyHKIIMH ONpenensercss B TOYKaX, MPUHAUICKAIIUX OOIACTH ONpeACICHUS
¢bynkuun. [lycts dyHkuus f(X) onpeneneHa B OKPECTHOCTH TOYKH Xg. OTa (QYHKIHMS Ha3bIBACTCSI
HenpepvigHolU B TOUKE X, €CIIN:

lim f(x
1) cymiecTByeT mpeaen x-x% ) ¢bynkiuu f(X) B Touke xo;

2) OTOT IPCACII paBCH 3HAYCHUTIO (1)YHKI_II/II/I B TOYKE Xp.
def

Xp <= lim f(x)= f(x
Wnaue rosops, fHenpepsiBHa B Touke °  x—x ()= O)XO def & = f(x,). (1)
HenpepoiBHocTh pyHknmu f(X) B Touke Xxp O3HAyaeT, 4To B OTOH TOYKE CYIIECCTBYIOT
OJTHOCTOPOHHHE TIPE/IENbl, PaBHbIC 3HAYCHUIO (DYHKIIMU B 9TOH TOUKE, T.€.

lim f0)= lim f(x)=f(x)
X—>Xy+0 X—>X—0 ,

)

lim f(x)=f(x +0) 3 lim f(x) = f(x, - 0)
TAC x—=X%+0 — MpaBOCTOPOHHMH mpenen GyHKuuu f B TOUKe Xp; x—%-0 -
JeBocTOpoHHMI nipesien ¢pyHkimu f B Touke xo; f(Xo) — 3HaueHue Gynkuuu f B TOUKE Xo.

Ecin ycnoBus (1) mnm (2) B TOUKE Xo HE BBIIOJHAIOTCA, TO TOYKA Xo HA3bIBACTCA MOUKOU
paspwieadyukimu f(X).

Ecnu cymectByroT koHeuHble omHocToponHue mpenensl f(Xo+0), f(Xo—0), nmpuyem He Bce Tpu
grcia f(Xo+0), f(Xo—0), f(Xo) paBHBI Mex Ty COOOI, TO Xo HA3BIBAIOT MOUKOU PA3PHIEA NEPEO2O POJA.

Ecmu B TOuke paspbiBa Xxp XOTs Obl OquH M3 omHOCTOpoHHHX mpeneioB f(Xo+0), f(xo—0) He
CYIIECTBYET MIIH OECKOHEUCH, TO Xo HA3bIBAIOT MOYKOU PA3PLIEA 6MOPO20 POOd.

®opma mpeacTasJieHus pe3yJbTarTa:
Hpe)ICTaBI/ITI) BBITIOJTHCHHBIC 3aJaHWs B TETpaan AJId NPAKTHYCCKUX pa60T nmpenoaaBaTeciIto.

Kpurepun onenkn:
3a Kaxablil paBUIIbHBIN O0TBET — 1 6ayut. 3a HenpaBmwiIbHBINA 0TBET — 0 6ai10B.90 + 100-0TNIMYHO; 80 +

89- xoporo; 70 + 79-ynoBierBoputenbHO; MeHee 70-He yI0BIETBOPUTEIHHO
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Tema 3.2. [IuddepennuanbHoe ucyuciaeHne GyHKIUU OJHOH JIeliCTBUTEIBLHOI
nepeMeHHOMI

IIpakTnyeckoe 3ansaTHe Ne 14BpIunciieHne NpPOU3BOAHBIX dJIeMeHTapHbIX pyHkuumii. [IpaBuia
auddepeHunpoBaHus

Heas: ¢dopmupoBaHue yMEHHH BBIYMCIATH IPOU3BOIHBIC DJIEMEHTAPHBIX (YHKIHMHA ¢
UCIOJIb30BaHUEM NTpaBUI 1D (HEepeHIUPOBAHHUS.

Boinosainus pa6ory, Bel Oynere:

YMETB:
- [IpumensaTs MeTo b1 A PepeHINATBHOTO U HHTETPATBHOTO HCYUCIICHHUS;

- ONIPEIENATh ATAIBI PEIICHHS 3a1a4H;

- OTIpEAETATh 3aa4u JJIs TOMCKa UH(OPMAIIHH.

BrinosiHeHne npakTH4YecKOi padoThl cmocoOCcTBYeT (POPMUPOBAHNIO:

OK 01. Bri6upaTs criocoObl perieHus 3a1ad npopecCuOHaIbHON AEATEIbHOCTH TPUMEHUTEIHHO
K Pa3JIMYHBIM KOHTEKCTaM

OK 02. Ucnonws3oBaThb COBpPEMEHHBIE CpEACTBa IIOMCKA, aHalu3a U MHTEpPHpEeTaluu
uHpopManMy, U HMHOOPMALMOHHBIC TEXHOJOTWU JUIA BBIIOJHEHUS 3a7ad NPOopecCHOHAIBLHON
JeSITeTbHOCTH.

I1IK 1.1. Ananu3upoBarh TpeOOBaHHS TEXHHYECKOTO 3aJaHUS HA NMPOCKTHPOBAHHE IH(POBBIX
CHCTEM

MarepuanbHoe o0ecrieyeHnne:

PazgaTounslit MmaTepuan (KapTOUKH C 3aJaHUSMU).

TGXHI/I‘IGCKI/IC CpCIICTBa O6y‘~ICHI/IHI KOMHI)IOTep C JINMOCH3NOHHBIM HpOFpaMMHI)IM 06€CHG‘-ICHI/I€M
U MyJIbTUMENA MPOEKTOP

3aganmue:

3aganume 1: Haiitu npou3BoaHble PYHKINIA NCIIONB3YS MPaBUiia BBIYUCICHUS U TaOIUILY
MIPOU3BO/IHBIX 3JIEMEHTAPHBIX (PYHKIUI.
1) y= 7x4—4x3+5x2—2;
3) y= 3ctgx + 5lnx - 3%
4) y=(09+x*)(2x—1);
3
5) y=1

3x+5’
3aganme 2: BeIYUCIUTH MPOM3BOAHYIO (DYHKIIMH B TOUKE.
6) f(t) =0,5t+0,6t2+0,8t+8; f'(1)-?
7) f(x) = ctgx — tgx; f' G) —?
8) f(x)=2-5+3-¢% f'(0)-?
9) f(x) =cosx-(1+sinx); f' (E) =7

6
100 fW=22 -2

Ilopsinok BbINOJHEHHS PadOTHI:
3agaHusl pelarTcs B JIF000M MOpsIKe
Xon paborsr:
1. TMomyuuTs y mpernojaBaTens 3aJ1aHusl.

2. OdopMuThH penieHre B TeTpaau A NPaKTHUECKUX padoT.
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Jana ¢yHkuus y =f(Xx) KoTOpas ompejeneHa B HEKOTOPOW OKPECTHOCTH TOYKH X.IIycTh X3 M Xp —
3HaueHue aprymenTa, a y1 = f(X1) u y2 = f(X2) —cooTBeTcTByMOIINE 3HAUCHKE () YHKIIHH.

PasHOCTh AX =Xp-X; — Ha3bIBae€TCs MPHpPAICHHEM apryMeHTa, a pasHocTh Ay = yp-y1 = f(X2)-f(X1) —
npupamnienie GyHKIMU Ha [X1; Xo].

Jf: mpousBogHo# (yHkIMM y =f(X) MO apryMeHTy X Ha3bIBAalOT KOHEYHBIM Ipeaesl OTHOIICHHS
npuparieHust QyHKIMH K TPUPAICHUIO apryMEHTa, KOT/[a MTOCIEHUN CTPEMUTCS K HYITIO

. A
y'= lim —=Iim
AX—>0 Ay Ax—0

F(x+A)—f(x) dy.
AX dx’

Onepanus HaxXO0XACHUS TNPOU3BOAHOW Ha3bpiBaeTcsad AUQPPEPEHUUPOBAHUEM.
MIPOU3BOIHAS TIPEJCTABIIAET COOO0M yrmoBoi Ko ULIMEHT KacaTelbHOM K rpaguKky QyHKIMH

FCOMCTpI/I‘ICCKaﬂ

! ’
y=1();re ¥ =1(X)=k=1ga.
duzndeckuii CMBICHT HpOHSBOI[HOﬁ MOJKET OBITH OIIPEACIICH YCPE3 MI'HOBCHHYIO CKOPOCTD:

J171s1 BBIMTOJTHEHUST TAHHOKW paboThl He0OXoauMa Tabauia
Tabnuia mpOM3BOIHBIX OCHOBHBIX JIEMEHTAPHBIX (DYHKIIUH.

nyrs n-1 X\/ X X\’ X
(x")' =nx (e") =e (@) =a"Ina (Inx)'l (log, x)' = 1
X xlna
(sinx)" =cos x (cos x)" =—sin x , 1
tgx)’ = tgx)’ = (x) =——
(tgx) cos? x (tgx) cos? 2/x
.¢' =0,c — const; x' =1; cu)y =c-uv’

uzxv)=u'zVv u-v) =uv+uv

!

(uvw) = u'wWw +uv'w -+ uvw

!

u uv—-uv' (c eV’
v R O
Y Y] Vv Vv

!

1)

Perrtenrie TMOBBIX 3a1a4:
Saganue 1:

MIPOU3BO/IHBIX 3JIEMEHTAPHBIX (PYHKITUH.

1 y=6x"-8x"+2x* -4

y' = (6x" —8x° +2x* —4)' = 24x® — 24x* + 4Ax;

2 Y =(Xx-4)*(x+2)
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u=5x—-4; u'=5
y' =(6x-4)(x+2)) =lv=x+2;, v =1 |=
(u*v)' =u'v+uv’
=5(x+2)+1(5x—4) =5x+10+5x—4=10x+6

_x+1

3. X

r u=x+L u' =5
,:(x+1J oy vi=2 _1-2x-2(x+1) _2x-2x-2 _
2X , (2x)? 4x?

2 1

ul uv-uv
v v?
4x*  2x*

3aganue 2. BpuuciuTh Npou3BOAHYIO (PYHKIIUH B TOUYKE.

1) y=3x>-8x* +9x* —4

Y (1)=3- (-1)5 = 8- (-1)*+9(-1)2 —4=-3—-8+9 — 4 = —6.
2) y =5sin xcos x

y' () = 5((sinx)’ - cosx + sinx(cosx)") = 5(cos?x — sin?x) = 5(cos2x) = 5(cos2 g) =

S5cost =5-(-1)=-5

CbopMa NpeacTaBJCHUsA pe3yjabTara:
Hpe)ICTaBI/ITB BBITIOJTHCHHBIC 3aJaHW B TETpaan AJId NPAKTHYCCKUX pa60T npenoaaBaTeiIto.

Kpurtepuu onenku:
3a KaxJplil mpaBUIbHBIN OTBET — 1 Oat. 3a HenpaBuiIbHBIN 0TBET — 0 6ay10B.90 + 100-0TNHMuUHO; 80 +

89- xoporo; 70 + 79-ynoBIeTBOPUTEIILHO; MeHee 70-He yIOBIETBOPUTEIHHO

Tema 3.2. [IuddepennuanbHoe ucyuciaeHne (GyHKUMU OAHOH JAeliCTBUTEIBLHOIM
nepeMeHHOn

IIpakTuyeckoe 3ansaTHe Ne 15 BorunciieHue NPpOU3BOIHBIX CJIO0KHBIX (PYHKIMH
Heab: popmupoBaHre yMeHUN BBIYUCIATH IPOU3BOIHBIE CIOXKHBIX (PYHKITHIA.

Boinosinus padorty, Bel Oynere:

YMETB:
- [IpumensaTh MeTo bl AU(PepeHINaTBHOTO U HHTETPATBHOTO HCUUCIICHHUS;

- OIIPCACIIATD 3Tallbl PECIICHNA 3aJa4H,

- OIPEENSTh 3a/1a4M JIJIs TOMCKa HHPOPMAITUH.

BbinosiHeHHe NPaKTHYECKOI padoThI croco0cTBYET (POPMUPOBAHUIO:

OK 01. Beibupats criocoObl penieHus 3a1a4 mpopecCHOHATBHON JesITeNbHOCTH TPUMEHUTENHHO
K pa3JIM4YHbIM KOHTCKCTaM
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OK 02. Hcnons3oBaThb COBPEMEHHBIE CpEACTBA IIOMCKA, aHalW3a U MHTEPHpPETaluu
uHpopManMy, W WHOOPMALMOHHBIC TEXHOJOTWH JUIA BBIOJHEHHUS 3a1ad NpodecCHOHATbHON
JEATEIIbHOCTH.

IIK 1.1. AnanusupoBaTh TpeOOBaHMS TEXHHUYECKOTO 3aJaHUs Ha MPOCKTUPOBAHHUE ITU(POBBIX
CUCTEM

MarepunanbHoe obecrnieyeHue:

Pa3znarounslit MaTepuan (KapTOUKH C 3a/IaHUSIMU).

TexHuyeckue cpencTBa 0OyIeHHs: KOMIBIOTEP C JIMIIEH3MOHHBIM MTPOTPaMMHBIM 00eCTIeUeHUEM
U MyJbTUMEINA TPOEKTOP

3aganmue:
3apanue 1: Haiitu npon3BoHbIe PYHKITUN, UCIIONIB3YSI MPABHJIA BBIYUCIICHUS U TaOIUILY
MIPOM3BOIHBIX CIIOKHBIX (DYHKITUH.

3ananue 2: BruuciauTh IpOU3BOAHYIO (PYHKIIUH B TOUKE.

«BapuaHThl 3a1aHAN»

3amanmeNel 3agananeNe2
Dy = (mx* +4)° 2)y=m*cos(px"—m)-yr(1):?
3y =("" +kx) 4)y = ktg(mx®) . y11)=7
B)y =127 6)y =ctg(px" —mx) - y1(2)—9
7)y = In(x* + px™) 8)y =+/mp” +kx . y'(-2)=?
9)y =log, (mx+k x+k ) %

)y = log, (mx+k) 10)y = (™) *Vx" +mx.  y13y9
11)y = p*sin(kx+m) 12W:M
k*cosmx : y'(-3)=?

I'ne p — 4ucCiio 6yKB B UMCHHU, M — YHCJIO 6YKB B (baMPIJ'IPIPI; K — 49HuCJIO 6YKB OT4YCCTBA.

ITopsinok BbINoJIHEeHUs padoThI:
3aaHus pelaroTcs B JII000M MOopsaKe
Xox padoTsI:
1. TlomyuuTs y mpemnojaBaTens 3a1aHusl.

2. OdopMuTh pernieHre B TeTpaau A NPaKTHUECKUX padoT.

[Mycre y=f(u) u u=u(x) — muddepenupyemble GyHKIHH ¥ ONpEAETICHA CIOXHAs (YHKIHS
y=f(u(x)). Torma cnoxuas ¢yukius auddepeHnupyeMa W paBHA MPOHU3BEACHUIO POM3BOIHON

dyrxrmn y=f(u) B Touke U=U(X) 1 TPOM3BOIHOM GyHKIMH U=U(X) B TOuKe X, T.¢. ¥ = flu)-u',
Ecmu y=f(x) — nuddepenumpyemass u cTporo MOHOTOHHAs (PYHKIMS Ha MPOMEXYyTKe X, TO
dbyHKIM, 00paTHasi K TaHHOW x=¢()y), Takke auddepeHnrpyemMa u ee IPOU3BOAHAS OMPEHCIISICTCS

1
ro_ '
Xy=—r ¥ #0
COOTHOIICHUECM: Yx
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Jlyis  BBITIOMHEHUS NaHHOW paboTel HeoOxomuma Tabmuna audGepeHIIMPOBAHNS  CIOKHBIX

byHKIMIA
dopmynbl guddepeHInpoBaHUs

No CnoxHbie QyHKITIH
1 ' -1 7 1 r_ !
(u") =nu"u 6 (sinu)’ =cosuu
2 ’ ' o T
(e") =eu 7 (cosu) =-sinu-u
3 | (@) =a"lna N
8 (tlgu)' =———u'=—
cos” X cos‘ u
4 1 u’ 1 u’
Inu)' ==u"=— 9 ctgu)’ = — u'=—
(Inu) u u (ctgu) sin®u In®u
> (log, u)' = L u'= u’ 10 (\/U)’—Lu'—u—'
2 ulna ulna 2Ju 2\u

Pemenue THITOBRIX 3a1a4

Haiinure mpou3BOAHYIO ClIENYIONUX (PYHKIIAN:

) Y =(2x>—4x)";
2) y=vx*-1;
3) Y= sin(2x — x)
4 Y= 6In5x 1
1) Jns pemenus ucnonb3yem Gopmymy Ne 1
y' = ((2x3 —4x)7) = 7(2x3 — 4x)% - (2x3 — 4x)' =
=72x3 — 4x)% - (6x% — 4) = (42x% — 28)(2x3 — 4x)°.

2) Pemenue nposeaém mo popmysae Nel(

1 2x
'=(x2—-1) =—— (- 1) = ——
Y ( ) 2Vx2 —1 ( ) 2Vx2 —1

3) Ipumenum popmyiy Ne 6:
y'(sin (2x — x?))’ = cos (2x — x?) - 2x — x?)' = (2x — x) - cos (2x — x?).

4) Bocnonbzyemcst hopmyitoit Ne4:
1 :
y'=(6In5x)'=6(In5x)"' =6-—- (5x)':E:§.
5X 5x X
®opmMa npeacTaBJIECHHS Pe3yabTaTa:
HpeHCTaBI/ITB BBITIOJTHCHHBIC 3aJaHU B TETpAaan AJId NPAKTHYCCKUX pa60T npenoaaBaTeCiIro.

Kpurepun onenkn:
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3a KaXXbli MpaBHIIbHBIN OTBET — 1 Oayut. 3a HenpaBwiIbHBIN 0TBET — 0 6aw1oB.90 + 100-oT/IMuHO; 80 +

89- xopomio; 70 + 79-ynoBneTBopuTENbHO; MeHee 70-He yI0BIETBOPUTEIHHO

Tema 3.2.
nepeMeHHOMI

JAudppepenuuaibHoe

HCYHUCJICHUE

¢pyuknun  oxHoM

JAeHCTBUTEJbLHOM

IIpakTnueckoe 3ansaTue Ne 16IIponsBoansie n 1udpepeHnuaibl Bpiclinx nopsiakos. Ilpasuio

Jlonmuranasa

Hean: popMupoBannue yMEHHIA BEIYUCIIATH POU3BOAHBIE (DYHKIHI BBHICIINX HOPSIIKOB.

Beinosinus patdory, Bel Oyaere:

YMETB:

- [IpumensaTs Metoab! AudpepeHnaIbHOro U THTETPaIbHOTO UCUMCIICHHUS,

- OIIpCACIIATD 3Tallbl PCIICHUA 3aa4u,

- OIPEIENTh 3a/1a4M JUJIs TOMCKa HHGOpMaIUu.
BrinosiHeHne npakTHYeCKOH padoThI ciocoOCTBYET (POPMUPOBAHUIO:
OK 01. Bei6upats crioco0bl penieHus 3a1a4 npopecCHOHATbHON JesTeIbHOCTH IPUMEHUTENBHO

K pa3IMYHbBIM KOHTCKCTaM

OK 02. Hcnonp3oBaTh COBpPEMEHHBIC CpEJICTBA IIOWCKA,

aHaliu3da W HHTCPIIPCTAaINn

uHbopManuy, W WHGOPMAIMOHHBIE TEXHOJOTUU JJIs BBINOJHEHHS 3a4ad NpodecCHOHATBHON

ACATCIIBHOCTH.

IIK 1.1. Ananm3upoBaTh TpeOOBaHHMS TEXHHYECKOTO 3a/aHUS Ha MPOCKTHPOBaHWE HHU(POBBIX

CHUCTEM

MaTtepuajbHoe o0ecneyeHue:

Pa3narounsblii Matepuai (KapTOUKH C 3aJlaHUSMU).
TexHuueckue cpeacTBa 00yueHUs: KOMIBIOTEDP C JIMLEH3UOHHBIM ITPOrPaMMHBIM OOecTiedeHneM

A MYJIbTUMEINA IPOEKTOP
3aganme:

1. Haiignure Y or cienyomux GyHKIHMA

Dy = (mx* +4)°

2)y = m*cos(px* —m)

)y =™ +kx)

4)y = ktg(mxP)

B)y =127""™

6)y = ctg (px* —mx)

7)y = In(x* + px™)

8)y = mp* +kx

9)y =log, (mx+Kk)

10)y = (™) *Vx" +mx

11)y = p*sin(kx+m)

12)y = In(px")
k * cos mx

r7ie p — 9YUCJIO OYKB B UMEHH
M — gyncio OykB B haMHUIUU
k — gucio 6ykB oT4ecTBa
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lim V1+X+In(1+x) |im&
2. Haiitu npenensl, ucnonb3ys npaBuio Jlomutans: a) x-0 X ; 6) x>0 x? ; B)

lim X:
X In‘eX +1'_
3. BbluucauTh NpUOIMKEHHO a) Vit 0) et
IMopsanok BbINOTHEHHSI PA0OTHI:
3aaHus pemarTcs B JI000M HOPSIKe
Xopn padoThl:
1. TMonmyuuTs y mpernojaBaTens 3a1aHusl.
2. OdopMuUTH penieHre B TETpaau Al MPaAKTHUECKUX PadoT.

[Ipown3BoHOI BTOpOro nopsijaka (BTOpoi Mporu3BOJHON) GYHKIIUU
y = f(x)Ha3pIBAIOT MPOU3BOJHYID OT €€ MPOU3BOIHOW. BTOpYHO TpPOM3BOIHYIO 00O03HAYAIOT TaK:
2

y", wiu um f"(X).

X2 Ecmu S = f(t) — 3akoH NPSAMOIMHEHHOTO ABIDKEHHS TOYKH, TO BTOpas

d’s
IIPOM3BOJIHAS ITYTH 110 BpeMeHH  Ot” ecTh YCKOpEHHe STOr0 JBIKEHHS.
[TpousBoHas TpeTbero nopsiaka GyHKIUN y=f(X) ecTh MPOU3BOIHAS OT IPOU3BOTHON BTOPOTO
nopsiiKa:
4 A4
=(y")"
BooOrie, mpousBoiHOi n-ro nmopsiaka GyHkuuu y = f(Xx) Ha3bIBAIOT MPOU3BOAHYIO OT IIPOU3BOTHOM
d"y
(n) (n) n’ fmxx)
(n — 1)-ro mopsiaka: Y -O003HAYAIOT N-20 MPOM3BOAHYIO Tak: Y » miam OX"  win :
[Tpou3BoIHBIE BHICIINUX MOPSIAKOB BBIYHCISIOT MOCIEAOBATENbHBIM AU GEpEHIINPOBAHUEM JaHHON
GbyHKIIH.
Pemenne TUMIOBBIX 3a7au:
BrrarcnuTe mpou3BOIHYIO TPETHErO MOPSIKA OT CICTYIOIINX (yHKITHI:

1) y=6x"-8x"+2x*—-4;

2) y=0x-4)*(x+2);
Xx+1

3) =T
1) Y =(6x* =8’ +2x* —4)' = 24x° — 24x* + 4x;
y" = (24x° — 24x% + 4X)' = T2x* —48x + 4; y" = (72x* —48x + 4)' =144x — 48.
u=5x—4; u'=5
)y =(bx—-4)(x+2)) =v=x+2; v =1 |=
(u*v) =u'v+uv’
= 5(x +2) +1(5x — 4) =5x +10+5% — 4 = 10x + 6.
y"'=(10x+6) =

y" =10 = 0.
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R =S 2(x41) 2x_2x -2
y,_(x+1] ooy vi—2 |-Ll2X= (X+1) _ 2x—2x—

U 2x , (2x)? 4x?
4x>  2x?’

u) u'v—uv’
v v?
!’

4 1 1 —-2\/ 1 -3 -3 1
O (D). xB=x3 =~
y(Zij Loyt d

-2 1

’

n 1 — — 3 .
PEY BN §

IIpasuno Jlonumans cocTout B cienyromeM. [Ipenen oTHOLEHNs 1BYX O€CKOHEYHO MaJIbIX WM
O0eckoHeuyHO OonbImMX (YHKIUN paBeH Ipenely OTHOIICHHS HMX IMPOU3BOAHBIX (KOHEYHOMY HIIH

f(x) lim f'(x)

GECKOHEUHOMY), ECIIH TIOCIIE/HMIT CYIECTBYET B YKA3aHHOM CMBICTIE: *%(=) §(X)  x—%(=) g'(x) .
Takum oOpazom, mpaBwio Jlomuranst UCHOMB3YETCs I PACKPBITHS HEONPEICICHHOCTEH BHIA

(5) o (2

Ionsamue oughghepenyuana gpynxkyuu
[Tycte ynkuums y=f(x) ompeneneHa Ha mpoMmexyTke X u nuddepeHmupyemMa B HEKOTOPOU

lim &Y £(x)
OKPECTHOCTH TOYKHU X eX. TOFI[a CyH_IeCTByeT KOHCYHAs ITPOU3BOJHAA Ax—0 AX

Ha ocHoBaHuU TeopeMbl O CBSI3U OECKOHEYHO MaJIbIX BEJIMYMH C MpeesaMu QyHKUUNH MOXKHO

A
(0 + a(Ax),
3alucare  AX rne 2(AX)— GeckoHeyHO Manas BeTHMYMHA npu Ax—0, oTkKyaa

Ay = f'(X) - AX+ a(AX) - AX.

Takum oOpazom, mpupamieHne (QyHKIUH AY COCTOMT W3 JBYX ClaraeMbix: 1) JHMHEHHOTO
OTHOCUTEJIBHO AX; 2) HEIUHEHHOro (IpeACTaBiISIONero OSCKOHEYHO Mailylo 0ojiee BBICOKOTO
MOPSIIKA, YeM AX ).

Huppepenyuarom @ynkyuu HazpBaeTCs TIJIaBHAs, JIMHEMHas OTHOCUTEIBHO AX 4acTh
npupameHuss (QyHKIUU, paBHas MPOU3BEIEHUIO NPOM3BOJHOW Ha NpUpaleHHEe HEe3aBUCUMOMN

nepemennoi: dy = f'(x)-Ax,

Hpumep. Haiiti npupamenne u guddepennuan dyaximn Y =2X> —3X npux=10 u Ax =0,1.
Pemenue. [Ipupamenue GpyHkuun

Ay = f(x+Ax)— f(x):[2-(X+Ax)2—3-(x+Ax)]:Ax~(4x+2Ax—3).
Jinddepernman pyrakmun dy = F'(X)- Ax = (4x-3)- Ax.

ITpu x=10 n Ax =0,1 umeem Ay =372y dy=3,70.
Hughpepenyuan nezasucumoli nepemerHoU PaBeH MPUPALICHHUIO 3TON MEPEMEHHOM: dX = AX.
[Mostomy opmyiy s quddeperiposanus GyHKIUHE MOKHO 3anmucaTh B Buge dy = f'(x)-dx,
Ceoticmea oughgepenyuana B OCHOBHOM aHAJIOTHIHBI CBOMCTBAM MPOU3BOTHOM.

1. dc=0, 20e c=const. 4. d(uv)=v du+u dv.

36



d(gj:vdu—zu dv
v

2. d(cu)=cdu. 5. v
3. d(u*v)=duzdv.
Ipumenenue ougppepenyuana 6 nNPUOIUNCEHHBIX BLILUCTEHUSX

W3 W3M0XKEHHOTO BBINIE CIEAYeT, 4YTO MpHupaimieHue QyHKouu AY omingyaercss oOT e€

maddepenmana dY Ha GeckOHEYHO Malylo BEJIHUHHY Oojee BhICOKOro mopsika, uem dy = f'(X)-Ax.

[TosTOMy MpH IOCTATOYHO MaJbIX 3HAYeHUsX Ax AY~dy wmm f(x+AX)- ()~ f'(X)-Ax,  orkyma
F(X+AX) ~ F )+ F'(X)- AX.

YeM MeHbIIIEC 3HAYCHHE AX , TeM TouHee GopmMyia.

HNanayio (opMmyny MOXKHO UCHONIB30BaTh /Ui BBIUMCICHHUS TNPUOIMKCHHBIX 3HAYCHUH
HEKOTOPBIX BBIPRXKEHUMU, HAIIPUMED: a) BHIYMCIECHUE KOPHS N-2f cTeneHu; 0) BO3BEeACHUE Yucia B N-10
CTEIeHb; B) BEIUHUCIICHHE 3HAUCHUSI TPUTOHOMETPUYECKON (DYHKIIUU, U T.1.

[pumep. Beraucauts npubamkeHHo V16,64

Pemenne. PaccmartpuBast Bbimie 3anucanHyio (opmyiny f(x+A)~f()+f'(X)-Ax B kauectBe x

BO3bMEM 4HMCII0, Haubojee 0113Kkoe K 16,64, HO UTOOBI ObLI M3BECTEH VX , IIPH OTOM AX JOJDKHO OBITH
J0CTaTOYHO MajabiM. O4eBHUIHO, cleayeT B3Th x=16, Ax =0,64.

4
4N6,64 ~4M16 +% .0,64 = 2,02

Hrak,

®dopma npeacTaBieHusl pe3yJabTarTa:
Hpe)ICTaBI/ITI) BBITTIOJTHCHHBIC 3aJaHW B TETpaan AJId NPAKTHYCCKUX pa60T npenoaaBaTeiIto.

Kputepun onenkmn:
3a Kaxablil npaBUIbHBIN O0TBeT — 1 6ayut. 3a HenpaBmwiIbHBINA 0TBET — 0 6ay10B.90 + 100-0TNIMYHO; 80 +

89- xopomo; 70 + 79-ynoBierBoputenbHO; MeHee 70-He yI0BIETBOPUTEIBHO

Tema 3.2. [IuddepennuanbHoe ucuyuciaeHne (GyHKUMU OAHOH AeliCTBUTEILHOI
nepeMeHHOn
IIpakTnyeckoe 3anaTue Ne 17 [lonnoe nccnenoBanue pynkuuu. Ilocrpoenne rpadguxos

Heab: popmupoBanue ymeHuil ucciaenoBanus GyHKIUU U TOCTPOSHUSI TPapUKOB.

Boinosinus padorty, Bel Oynere:

YMETB:
- [IpumensaTh MeTo bl AU} PepeHINATBHOTO U HHTETPATBHOTO HCUUCIICHHUS;

- OIPENEeNISITh ATAlbl PEIIEHUS 3a]auu;

- OTIpeETATh 3aa4u JJIs TOMCKa UH(OPMAIIHH.

BoinoJiHeHHe NPaKTHYECKO# padoThl criocoOcTByeT GOPMHUPOBAHMIO:

OK 01. Bri6upats crioco0s! perieHus 3ajgad npopecCuoOHaIbHON AeATEeNbHOCTH TPUMEHUTEIHHO
K pa3jIM4HbIM KOHTEKCTaM

OK 02. Hcnons3oBaTh COBPEMEHHBIE CpEACTBA IIOMCKA, aHalW3a W HMHTEPIpPETALUU
uHpopmanuyd, ¥ UHGOPMAIMOHHBIE TEXHOJIOTUU JUIsl BBINOJHEHUS 3a1ad MNpodecCHOHaIbHON
NESTENBHOCTH.
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IIK 1.1. Ananu3upoBaTh TpeOOBaHMS TEXHHYECKOTO 3a/laHUS Ha MPOEKTHPOBaHUE HU(POBBIX
cHCcTeM

MarepuasibHoe o0ecrieyeHue:
PazpgaTounslit MmaTepuan (KapTOUKH C 3aJaHUSIMU).
TexHuueckue cpencTBa 00y4eHHs: KOMIBIOTED C JIMLIEH3UOHHBIM MPOTPaAaMMHBIM 00€cIieYeHHEM
¥ MyJbTUMEINA TTPOSKTOP
3aganue:
1) Hccnenyiite GyHKIMIO U IPOCTPONTE e rpaduk.

f(x)=x"-2x*+2;

2) [IpoBenuTe nonHoe uccaenoBaHue PyHKUMN | MOCTPOMTE UX IrpaduKu

y:ix5 _O3 4 2x
10 6
3) IToctpoiite rpaduxu qpoOHO- parMoOHAIbHBIX (PYHKINN
_x—2.5
T x2-4

ITopsinok BbINoOJIHeHUs padoOThI:
3aaHus pelaroTcs B JII000M MOpsAKe
Xox pabdoThI:
1. TMonmyuuts y mpernojaBaTess 3aJ1aHusl.

2. OdopMuUTh penieHre B TETpaan sl MPAKTHIECKUX padoT.

[TonsiTHE TPOM3BOIAHOM MO3BOJSET MPOBECTH HOAPOOHOE HccienoBaHME (YHKLIUI C Ienbpio Ooiee
TOYHOT'O OCTPOCHUS UX I'PaPHUKOB.
PaccmoTpuM paciivpeHHbI aaropuT™ UCCIeJ0BaHUS PYHKIIMMA:

1) maiiTi oOnacTh onpeaeneH s yHKIUH;

2) uccnenoBarh GYHKIMIO HA YSTHOCTh U HE Y€THOCTB;

3) HaiiTH BEpTHKAIbHBIC ACHMIITOTHI;

4) uccnenoBarh moBeAeHUE (YHKIMM B OCCKOHEUHOCTH, HAWTH TOPU3OHTAIBHBIC HIIH
HaKJIOHHBIE AaCUMITOTHI;

5) HalTH YKCTPEMyMBbI U HHTEPBAJIbl MOHOTOHHOCTH (DYHKIIHH;

6) HaiiTH MHTEpPBaJIBI BBIMYKIOCTH (QYHKIUH U TOYKH Meperuoa;

7) HalTH TOYKH MEPECCUCHHUsSI C OCSIMU KOOPIMHAT W, BO3MOXKHO, HEKOTOPBIC TOMOTHUTEIBHBIC
TOYKH, YTOUHSIOIIME rpaduk GpyHKIUY;

8) moctpouth rpaduk GUKIKH.

» Ecnu juts pyHKumE BeIMONHSETCS paBeHCTBO f(—x) = f(x), TO maHHas (QYHKIUS SBISETCS
yeTHOH. CreioBaTenbHo, rpaduk GyHKIIMH CHMMETpUYEH OTHOCUTENBHO ocH (OV).

» Ecnu it pyHKmu BeIMONHSETCS paBeHCTBO f(—x) = —f(x),, TO maHa (QYHKIUS SBISETCS
HeueTHOH. CrenoBatenbHO rpaduk GyHKIMM CHMMETPUYEH OTHOCUTEIhHO Havasa koopauHar (0;0)

*Ecmu f(—x) # f(x), u f(—x) # —f(x),, TO naHHas QyHKIMS SBISETCA (QYHKIHEH 0OIIEero
BUJIa U CBOWCTBOM CHMMETPUYHOCTH JJaHHAsl GYHKIUS HEe 00iamaer

= UToObI HAWTH BEPTUKAIbHBIE ACUMITOTHI HYXKHO:
a) HaifTu 3HaueHue X He pUHaAJIeKaIIue 00JIaCTH ONpeNIeeHus, T.€. YCTAHOBUTh TOUKH pa3phIBa.

lim « lim

X=X, 0—0 X=X 0+0

6) Beruncnurs  (cresa)  (cnpasa)
U eCJU XOTH 6Bl OZWH M3 HUX paBeH *oo, TO mpaMas x = x,— BepTUKAIbHas
ACUMIITOTA.

- qTO6LI HaWUTH TOPU3OHTAJILHBIC ACUMIITOTHI HY?KHO!
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f(X) ciu Ixi—rgof(x):b’To

a) Berancnute x_m
Yy = b —TOopH30HTalIbHAS ACUMIITOTA.
* UTOOBI HAWTH HAKIIOHHBIE ACUMIITOTHI HYXKHO:

. f(x)
= lim
a) Beramciaute = o x
0) Beruuciuth b= XILToo(y_ kx)

B) 3ammcaTh ypaBHeHHEe Y = kx + b
r) [locTpouts rpaduk gaHHON IPAMOIA
= [IpaBuio Jlonurans:

lim f(X) (9) unu (Ej, mo lim Fx )—l (.
oog(x) \0 o0 =0 g(x) 0 g'(x)’

Ecnu umeem, yto,  x-0 X0 X0
Pemienue TUITOBBIX 3a1a4:

3

X
1) Hccnenyiite GyHKIUIO U TOCTpoiiTe €€ rpaduk y= 4-x%'

1) J.(HY=4—%" #0=>x#+2=> X & (—00-2) U (-2,2) U (2+00).
. R SN 7 SN

2) f(_x):4—(—x)2 4-x?

naHHas (YHKIMS HedeTHas U ee IpaguKk CHUMMETpUYEH

OTHOCHUTENBHO Havana koopauHat (0;0).
3) Tak kak X=2;X=-2TOYKH pa3pbiBa, TO BHYUCINM CIIEIYIONIHE IPEIEIEI.

3 3

. : X

lim, 5 =—00, lim 5 =+
a) 2" 2-X 2" 4 =X CIICIOBATENBHO, MIPSAMast X=2 — BEPTUKAIbHAST aCHMIITOTA.

3 X3
im 5 = +00, lim_ 5 =—00

6) 7' 4—X x>2° 4 — X CIE/IOBATENbHO, MpsiMas X= — 2 — BEPTHKAIbHAS
ACHMIITOTA.

4) HalineM HakI0HHEIE AaCUMIITOTBI

X X2

% $ 2 V2
= lim 10| 42 _I|m( ! 2jzlim LS G
X(&4-X

X—tn X x>0 | X X0 2

oo - xo0 4 X x-n (=1

X x

4—x x>+ 4 — X

X—>+00 2 2

3
b= lim (f(x)—kx) = ||m( X ix]=im =2 o

3anuieM ypaBHEHHE NpAMOM y= — X+0, T.e. y=-X —HaKJIOHHAas aCHUMIITOTA.

5) Haiinem uHTEpBaIbl MOHOTOHHOCTH M SKCTPEMYMBI (DYHKIHH.
4

£1(%) = x> ) _x'(12-x") _x 2243 - x)(2V/3 + x)
4—x° (4—x%)? (4—x%)°
Haiinem nynu ¢pyHkuuu.
X2 (2+/3 = X)(2v/3 + X) C0e x2(2v/3-x)(2v/3+X) =0
(4-x%)* 4-x2£0
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X=0 — KOpeHb YETHOU KPAaTHOCTH, ClIeI0BaTeIbHO, X=0 ToUKa rneperunda QyHKIIHH.

X = 2+/3; X =-23
.t | il Y
~N 7o /m\

_rznﬁ M

f(24/3) =33 ~-5.2; f (—2+/3)=3/3~5.2.

CocraBuM Ta0mUILy.
Tabmuna 1
Bospacranue, yosiBanue GpyHKIIH
X (coo243) | 243 (=24/3,0) 0 (0:243) 23 (24/3;+0)
f'(x) - 0 + 0 + 0 -
0 _
F(x) YOEIBaeT 3J3 BO3pACTaeT BO3pACTAET 3V3 yOBIBaET
6) OnpeenuTh MHTEPBAE! BHITYKIOCTH.
, x® , x%(12 - x? , 8x(12 + x*
P =| g | [ XRETX ) B2 X)),
4-—x (4-x (4-x7)
2 8x(12+x* x=0
frpg=0; B2 o B2 Ex X
(4-x%) 4-x*#0 x#+2
+ —  + —
. X
-2 0 7
Tabnuna 2
BEITyKI10CTh, BOTHYTOCTD (DYHKIIMH
—o0}—-2 -2, 0.2
X (Fe2) -2 =Z0) 0 02 2 (2i+ o)
Fx) + 0 + 0 + 0 :
f (%) He cym. He cym. He cym.
Beimykiia Brimykiia Brimykiia Beimykiia
BHU3 BBEPX BHU3 BBEPX

7) Toctpoum rpadguk ByHKIHH.
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(I)opMa NMpeacTraBjJacHusd pedyjabTara:
HpeI[CTaBI/ITI) BBITITIOJTHCHHBIC 3aJaHWA B TETpaau AJId NPAKTHYCCKUX pa60T npenoaaBaTeiIto.

Kpurepuu onenku:
3a KaxJ1plil mpaBUIbHBIN O0TBET — 1 Oayn. 3a HenpaBuiIbHBINA 0TBET — 0 6ay1710B.90 + 100-0TNHMuHO; 80 +

89- xopomro; 70 + 79-ynoBIeTBOPUTEIILHO; MeHee 70-He yIOBICTBOPUTEIHHO

Tema 3.3. UHTerpasibHoe ucuncjieHue PyHKINH OJHOU JeHCTBUTEJIbHOM epeMeHHOI

IIpakTnueckoe 3ansaTre Ne 18 UHTerpupoBanue 3aMeHoil nepeMeHHO B HeollpeAeIeHHOM
HHTErpaJje

Hean: hopMupoBaHre yMEHUM BBIYUCIIATh HEONPeaeIEHHbIE HMHTETPAIIBI 3aMEHON TTEPEMEHHOI.

Boinoinus padorty, Bel Oynere:

YMETb:

- [IpumensaTh MeTO bl AU} PEepeHINATBHOTO U HHTETPATBHOTO HCUUCIICHHUS;

- OIPEJENISITh ATAlbl PELIEHUS 3a]auu;

- OTpeAETATh 334 JJIs ToMCcKa UH(OPMAIHH.

BbinoJsiHeHHe IpaKTHYeCKOil padoThl cOCOOCTBYET ()OPMUPOBAHUIO:

OK 01. Bri6upats crioco6sl perieHus 3ajad npopeccuoHaIbHON AeATeNbHOCTH TPUMEHUTEIBHO
K pa3jINYHbIM KOHTEKCTaM

OK 02. Hcnons3oBaThb COBPEMEHHBIE CpEACTBA IIOMCKA, aHaIW3a U MHTEPHpPETaluu
uHpopmanud, ¥ UHGOPMAIMOHHBIE TEXHOJOTUU Ul BBINOJIHEHUA 3a1ad NpodecCHOHaIbHOU
NESATENBHOCTH.

[IK 1.1. AnanusupoBaTh TpeOOBaHMSI TEXHHUYECKOTrO 3aJaHUS Ha MPOEKTHUPOBAHUE IHPPOBBIX
CUCTEM

MarepunanbHoe obecnieyeHue:

Pa3znarounsblit Matepuan (KapTOUKH C 3a/IaHUSIMU).

Texuuueckue cpeacTBa 00yueHUs: KOMIBIOTED C JIMLIIEH3UMOHHBIM NPOrPaMMHBIM 00eCTIeYeHHEM
U MyJbTUMEINA IPOEKTOP
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3aganme:
BrraucianTs MHTETpasIbl KCIIONB3YS METOT TOACTAHOBKH

. | G+sota ° f R
X X; e
0 vi%x +1
2 7 1
f Vx4 2dx; f V1 —xdx;
0
3 f dx 8 3 2xdx
(Bx+ 1%’ o V16 + x2
4 f 3dx 9 7 cos cos xdx _
V3x+5 1 +sinsinx’
5 dx 10 T
f cos2(i-2%)° J gcoscosx sin xdx.
0

IMopsinok BbINoOJIHEHUS PadOTHI:
3ajaHus peuaTces B JII000M HOpsiIKe
Xoa paGoThI:
1. TMonmyuuTh y mpernoaBaTens 3a1aHusl.

2. OdopmuTh perieHue B TeTpaau A IPaKTUIECKUX padoT.

Crnoco6 nmo/IcTaHOBKHU(3aMEHBI IEPEMEHHOM ) 3aKJIF0YAETCs B CIEAYIOIIEM:

—3aMEHSI0T HOBOM IEPEeMEHHOM TaKyl 4acTb [OJABIHTErpajibHOM  (QyHKUMH, TpuU
Qg QepeHIIMPOBaHUH, KOTOPOIl MOTydYaeTcsi OCTaBIIAsICS YacTh MOABIHTEIPAIBbHOTO BBIpAXEHUs (HE
CUMTasi HOCTOSSTHHOTO MHOXKUTEJS);

—IIyTe€M BBEICHHUSA HOBOHM IMEPEMEHHOW MHTETPUPOBAHUS YIACTCS CBECTH 3aJaHHBIM MHTErpall K
HOBOMY  HMHTErpally, KOTOpPBIH  CPAaBHUTEIBHO  JIETKO  BBIYHCISAETCA  HEMOCPEACTBEHHBIM
UHTETPUPOBAHUEM;

—B IIOJIy4YEHHOM pe3ysbTaTe MPOU3BOAIT OOpaTHYIO 3aMeHy, T. €. MepexoisaT K crapoi
[IEPEMEHHON UHTETPUPOBAHUS.

Pelrenne TUIIOBBIX 3aaHUN:

Haiiti HeomnpeeaeHHbIE HHTETPAIbI METOIOM TTOJICTAHOBKH:
4
) [ @Bx—-2)dx;

S5xdx |
2) f ml
3) [ sin12xdx;
4) | e’ xdx;

1) [ (3x — 2)*dx; Jlnst Toro 4To6bI NPUBECTH STOT UHTETPAN K TaOIMYHOMY, BBEIEM HOBYIO
nepemennyo: 3x — 2 = t. [Ipoguddepenimpyem o6e gactu pasencra d(3x — 2) = dt
(Bx—2)'dx =dt

3dx = dt
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o . . . dt
Bripaszum nuddepennuman crapoit nepeMeHHoi yepe3 auddepeHnuan HoBoi nepeMeHHon: dx = 5

Pemenue storo nmpumepa odopmisiercs Tak:

' dt
f Bx — 2)*dx = 3x_2=td(3x—2)=dt(3x—2)dx=dt3dx=dtdx=? =
dt 1 1 ¢ t° (3x — 2)°
_ 47" _ 4 —_ . = — ==
—f t 3 =3 t*dt 3 5+c 15+c 15 +c.

) ZZ=s] x’;‘z:|x2+7:md(x2+7)=dm(x2+7)ldx=dm2xdx=

U

=5/ £=53 Z-25miml+c=25mn|?+7| +c

dm

3) f  sinl2xdx = |12x = td(12x) = dt (12x)'dx = dt 12dx = dt dx = L=
1 1

.. dt . 1
sinsint— = sin sin tdt = o (—coscost)+c= — 3 Cos cos (12x) +c;

(I)opMa NnpeacraBjJacHusd pedyjabTara:

HpeI[CTaBI/ITI) BBIITIOJTHCHHBIC 3aJaHu B TCTpaan AJI NPAKTHICCKUX pa60T npenoaaBaTeiIto.

Kpurepuu onenku:
3a Kax1plil mpaBUIbHBIN OTBET — 1 Oain. 3a HenpaBuiIbHBIN 0TBET — 0 6ay10B.90 + 100-0TNHMuHO; 80 +

89- xopomo; 70 + 79-ynoBIeTBOPUTEIILHO; MeHee 70-He yIOBICTBOPUTEIHHO

Tema 3.3. UnTerpanbHoe ucuncjieHue GyHKIUNH OJHOM el CTBUTEIbHON MepeMeHHOi

HpaKTI/I‘{eCKOC 3aHsTHE No 19I/IHTerI/lp0BaHI/Ie MO 9aCTAM B HEOIIPEACJICHHOM UHTErpajae

Hean: dopmupoBaHre yMEHUW  BBIYHUCIATH HEONMPEAENEHHBIE HMHTETPAIBl  METOJIOM

MHTErPUPOBAHUE TI0 YaCTSIM.

Beimosnus patdory, Bel Oyaere:

YMETB:
- [IpumensaTh MeTo 16! AU PEepeHINaTBHOTO U UHTETPATBHOTO HCUUCIICHHUS;

- OIPEJEeNISITh ATAlbl PEIIEHUS 3a]auu;

- OTpeAETATh 334 JJIs ToMCcKa UH(OPMAIHH.

BrinosiHeHue npakTH4YecKkoil padoThl cnoco0cTBYeT (POPMUPOBAHUIO:

OK 01. Bri6upats crioco0Os! perieHus 3ajgad npopeccCuoOHaIbHON AeATeNbHOCTH TPUMEHUTEIBHO
K pa3jIMYHbIM KOHTEKCTaM

OK 02. Hcnonws3oBaThb COBPEMEHHBIE CpEACTBA IIOMCKA, aHaIW3a U MHTEPHpPETaluu
uHpopmanuy, ¥ UHGOPMAIMOHHBIE TEXHOJIOTUM JUIsl BBINOJHEHUS 3a1ad MNpodecCHOHaIbHOU
NESATENBHOCTH.

[IK 1.1. AnanusupoBaTh TpeOOBaHMSI TEXHHUYECKOIO 3aJaHUS Ha MPOEKTHUPOBAHUE IHPPOBBIX
CUCTEM

MarepunanbHoe obecrnieyeHue:

Pa3znarounsblit Matepuan (KapTOUKH C 3a/IaHUSMU).

Texuuueckue cpeacTBa 00yueHUs: KOMIBIOTED C JIMIEH3MOHHBIM MTPOrPaMMHBIM OOecriedeHneM
U MyJbTUMEINA IPOEKTOP
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3aganme:
Brruucnute HeonpeaenéHHbIe HHTErPaJIbl, UCIIOIB3YS METO HHTETPUPOBAHUS 10 YaCTIM

1. 6
f x sin sin xdx; f xarctgxdx;
2. f In 2xdx ; 7 f Bt dx;
X

3. , 8

f In"xdx; f (x+ De*dx;
4, 9

f (2x — 1) - e3*dx; f (2x + 3) cos cos xdx;

5. ) 10

f x-2%dx; f e%* cos cos xdx.

ITopsinok BbINoOJIHEHUs padoOThI:
3aaHus pelaroTcs B JII000M MOpsAKe
Xox pabdoThI:
1. Tlomyuuts y mpernojaBaTess 3aJ1aHusl.

2. OdopmuTh perieHue B TeTpaau A MIPaKTUYECKUX padoT.

MeTo MHTETpUPOBAHUS 110 YACTSAM I€J1eCO00pa3HO MPUMEHSTh B T€X CIy4asx, KOr/a MoJi 3HaKOM
MHTErpaga CTOMT NPOM3BEeHIE MHOTOUIEHa Ha OJHY U3 QYHKIMH sinx; cosx; a*; InX; arcsinx; arctgx
U T.J. B yacTHOCTH, HHTErpUPOBAHUE 10 YaCTAM IIPUMEHSIOT K MHTErpaJIaM BUIA:

[ x"-e¥dx; [ x"sinsinxdx; [ x"cosxdx; [ x"Inilnxdx; [ x"
arcsinarcsinxdx (n=1,2,3,...) wm noao0HbM. TakKe C IMOMOIILI0 HHTETPUPOBAHUS 10 YACTSIM
HAXOJAT HHTErpasIbl BH/IA:

f arcsin xdx; f arctgxdx; f arccos arccos xdx; f arcctgxdx; f ex
cos cos xdx; f e*sin xdx

1 TIOJIOOHBIC MIM.
[Tycts mpousBoaHbIe PyHKINN U(X) U V(X) CYIIECTBYIOT U HEMIPEPHIBHBI HA 33JAHHOM MHTEpBaJe.
Torma umeer MeCTO paBEHCTBO:

[ wdx=uw—-[ wvudx
MeTo/1 MHTErPUPOBAHUS 110 YACTSIM B HEOTIPEIETEHHOM HHTETPAJIE.

f UdV=UV—f Vdu

LI Pa(x): ('™ al® 00 cosl(x) D00 sinl(x) )dx =
U= Pn(x) dU = Py(rydxdV = ( ydxV =] dV]

Muorouien
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. [ Pux)-
(Inlnl(x) DOOOO0 aresinl(x) OOOOO0 arccos I(x) arctgl(x) arcctgl(x) )dx =

[U=()dUu=@ydxadV =PnxdxV=[ dV|

. [ e*coscosxdx uw [ e*sinsinxdx

[Tpumenum popmyny 2 pasa, obo3nauas 3a dV = e*dx
B pesynbrate mosryuum HHTETpaIbHOE YpaBHEHUE
3ameuaHue:
1. 3a dV 6epem ToO BbIpakeHHUE, OT KOTOPOT'O MOXKEM HANTH UHTETpal.
2. Ecnu B ciryuae I crenens B, (x); n = 2, To popmyny npumensem 2 u 6ojiee pasa.
3. Eciu B cityyae 1I(BR In [(x) ...arcctgl(x) ) un = 2, To Gpopmyny npumMeHsem 2 u Goiee
pasa.
MeTtoa HHTErpUPOBAHUS 110 YACTSM B OINPEIICIICHHOM UHTETpasie.

B B
j Ud = (UV|B —j Vdu)
A a

boxee HarJi1IHO U IMPOCTO UHTCIPUPOBAHUC 110 YACTAM 3aIIHMCBIBACTCA C ITIOMOIIBIO SKBUBAJICHTHOT'O
METOoda CTPCJIOK.

| f)-gdx=Fx)-gx)—[ F) g @dx
f !
F(x)g'(x)

Takum oOpa3omM, copaBa MOJIydaeTcsi: NPOU3BEIECHUE MHOXHUTENEH HaXOA[IUXCs Ha KOHIaxX
LITPUXOBAHHOMN JIMHUU MUHYC UHTETPAJl OT IPOU3BeIeHUs (YHKIMI Ha KOHLIAX CTPEIIOK.

Pewiennue munoewix 3aoau

Haiitn nHTErpas1, uCnosb3yst MHTETPUPOBAHUS 11O YACTAM:
1) j x-e*dx;

1) TIpomHTErpupyem Io 4acTsM, HCIOIb3Ys METO CTPEIIOK:
[ x-edx=[] e xdx=e"x—[ e ldx=e"x—e"+g;

f /
e* 1

2)

. /{;rﬁ + 1) e dr
HaiiTu unterpan

Pemienne. B ucxogHom  umHTerpamse  BbA€NMM  (QYHKLIUU i M ¥, 3aT€M  BBINOJIHUM
WHTEIPUPOBAHUE I10 YACTSAM.
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w=xr+1l dy=e2"dr

/{:]_,4_ 1) e2edy T e écz"' ={:1*—|—l]léf;i.u-_/ éﬂi"'ﬁ':r _
R T I
N {r*+;}lf:2' B % L e
T /f:rf + 1)e?*dr = % — Hjl. e

®dopma npeacTaBiaeHusl pe3yJabTara:

HpeI[CTaBI/ITI) BBITTIOJTHCHHBIC 3aJaHW B TCTpaan AJI NPAKTHICCKUX pa60T npenoaaBaTeiIto.

Kpurepun oneHku:
3a Ka[blii TpaBUIIbHBIN OTBET — 1 6amt. 3a HenpaBwibHEI 0TBeT — 0 6a1110B.90 + 100-0T/IMYHO; 80 +
89- xopoo; 70 + 79-ynoBneTBopuTeNbHO; MeHee 70-He yI0BIETBOPUTEIHHO

Tema 3.3. UnTerpasibHoe ucuucjaeHue (PyHKIUH OJHOM JeliCTBUTEILHOI NMepeMeHHOo

IIpakTuyeckoe 3anaTHe Ne 20BpIuucienne onpeae/ieHHbIX HHTErPAJIOB

Hean: ¢opmupoBaHHE yMEHUH BBIYMCIATH OMNpEAETIEHHbIE MHTETrpajbl METOAOM 3aMEHbI
[IEPEMEHHOM.

Boinmosinus padorty, Bl Oynere:

YMETb:

- [IpumensTh MeTo b1 A PepeHINATBHOTO U UHTETPATBHOTO UCYHCIICHHS,

- OTpEAETATh JTAlbl pEIIeHUs 3a/1a4H;

- OTIpE/ICTIATh 3a1a9u JIJIs IOMCKa WH(OPMAITHH.

BeinosiHeHHe IpaKTHYeCKO# padoThl c10COOCTBYeT (POPMHPOBAHHIO:

OK 01. Boi6upats criocoOsl penieHus 3aad npopeccCuoOHaNbHON JesTeIbHOCTH IPUMEHUTENBHO
K Pa3JINYHBIM KOHTEKCTaM

OK 02. Hcnonws3oBaThb COBpPEMEHHBIE CpEeACTBa IIOMCKA, aHalu3a U MHTEpHpeTaluu
uHpopManuy, M HHGOPMAIMOHHBIE TEXHOJOTUU JJs BBINOJHEHHUS 3aJady NpogecCHOHATBLHON
TEATEIbHOCTH.

IIK 1.1. Ananu3upoBaTh TpeOOBaHMS TEXHHYECKOTO 3a/laHUsl Ha MPOEKTHPOBaHUE HHU(POBBIX
CUCTEM

MarepunanbHoe obecnieyeHue:

Pa3znarounsblit Matepuan (KapTOUKH C 3a/IaHUSMU).

Texuuueckue cpeacTa 00yueHHs: KOMIBIOTED C JIMIEH3MOHHBIM MTPOrPaMMHBIM OOecIiedeHueM
U MyJbTUMEINA IPOEKTOP

3aganme:

Boruncnuth onpenenéHHble HHTETPajibl METOIOM 3aMEHbI IEPEMEHHOM
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1) a)foﬂ/2 sinsinx -dx ,06) fol 5x3 - dx.

2) a) [ Vxdx ,6) [, x%dx.

3) a)fon/6 cos cos x dx ,6) flz (x—1)-dx.
4) a) fol 2% - dx ,6) f,f/nz/z cos cos x - dx.

5) a)f, e*-dx,6) [, .

x2
6) a) [0 Vx-dx,6) [, 7%dx.
7 a)fon/2 cos cos x dx ,6) f18 Vxdx .
8) a)f) =.6) [ (x+3%dx.

X

9 a)fl = .,6) [ Sxdx.

x3
10)a) f: e* ,6) [T (sinsinx+2)dx.
IMopsinok BbINoOJIHEHUS PadOTHI:
3ajaHus penatoTcs B JII000OM TOPSIKE
Xoa pa6oTsI:
1. TMonmyuuTh y mpernoaBaTens 3a1aHusl.
2. OdopMuTh penieHre B TETpaan s MPAKTHIECKUX padoT.

Onpeoenennsvtii unmezpan. @opmyna Hetomona-Jleiionuya

CymMma Buza
n
=) fGx

i=l

rze S;- Ipou3BOJIbHAS TOYKA YACTUYHOI'O OTpE3Ka
[xi_1,xi], x; = x; — x;_4, Ha3pIBaeTCs MHTErpaIbHON cymMMol QyHKImHK f(X) Ha oTpe3ke[a,b]

[Tycte ¢ynkums y = f(x) ompeneneHa Ha oTrpe3ke [a,b] M Ha 3TOM OTpe3Ke MPOU3BOIHHO
BbIOpaHbI HE COBMAJIAIOIIUE APYT C JPYTOM TOUKH Xg, X1, X2, -, XpTAK, UTO X < X1 < <X, = b a=
BBIOpaHO pa3OMeHHne STOro OTpe3ka Ha n yacteil. B kaxmom mHTEpBane [X;_q,X;] MPOU3BOIBEHBIM
oOpa3oM BbIOpaHa Touka S;, i = 1,2 ...n.

Onpeoenennviv  unmeepaiom ot ¢yHkuun f(x) Ha oTpeske [a,b] HaspBaeTcs mpenenl,
MHTETPATbHBIX CyMM (GYHKIHMH f(X) TpU yCIOBWH, YTO JUIMHA HAWOOJBIIEr0 YaCTHYHOTO OTpE3Ka
X;CTPEMHTCS K HYITIO

£7ﬂmw=i £

Ecnu HenpepbiBHas ¢yHkius f(x) umeer nepBoodpasnyro F(X), To 1isi HaX0KIeHUs ONpeIeIeHHOTO
MHTErpaja ucnoib3ytoT ¢popmyiny HeroToH-JleitbHuma:

b
J F)dx = Fo) |2 = F(b) - F(a).
3amomMHHu, 9T0

fb f(x)dx = —fb f(x)dx.

a a
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3aMeTHUM Tak jke, YTO MpaBUJIa HAXOXKICHHUS HEONpPEeNICHHBIX WHTETPAJIOB OT CYMMBI, pa3HOCTH
¢ynkuuid u(x) m v(x)m or mpousBeAcHUs QYHKUMHU f(X) Ha TOCTOSHHYIO TaKXe BEPHBI IS
OIPEETICHHOT0 HHTETpaa.

Pemenne TUIIOBBIX 3ajau:
. . 2
1. BBIUHCIIMTE ONpPEIETERHBIA HHTETPAT METOJIOM HEMIOCPEACTBEHHOTO HHTETPUPOBAHUS . 1 x3dx.
Haiing nepBoobpasnyto 14 x3, 3atem 1o gpopmyine HeloTona-Jleiibuuna nmeem
2

x¢ 2t 14
ddx =" =" =375
L» T T

2. HpI/I BBIYHUCICHUN OHNPCACIICHHOIO HMHTErpajia METOAOM IIOACTAaHOBKH CJICAYET IMOMHUTB, 4YTO

3aMEHSIsI TEPEeMEHHYIO TOJI 3HAaKOM WHTerpajia, TaK € HEOOXOAMMO W3MEHUTh W IPEAeibl
uHTerpupoBanus. [lomyueHHBIH HHTETrpall BEIUKCISIOT, UCTIONb3ys hopmyny Heiorona-Jleibouuia:

[ flodx = F(t) — F(ty),

rac ts u tn — HOBBIC IIPCACJIbI MHTCTPUPOBAHUS.
Brrancaurs OIPCACICHHBIC HHTCIPAJIBI MCTOAOM IMOACTAHOBKHU:

y f° Qx—a%xzbx—sztd@x—a:uu@x—aﬂxzdquzmdxz

dt _ . _ _ _ . _ _ _ 4 62 _
v t,=3-3—-5=4¢t,=3-1-5= ﬂ_ﬁq to =
7 7 7 —_77 7 _(—_2\7
It tedr =2, =L, 2L _C 10O 9862
302 3 7 21 21 21 21 7
2) [2 sindxdx =
4
|4x=md(4x) =dm (4x) dx = dm 4dx = dmdxz%m mg =4-§= 2rm, =4
=7 | = fnzn sin sinm dTm = %fnzn sinsinmdm = %- (— cos cosm)lzﬂ” = —%COSZT[) -

—%coscosD)z(—%-1)+%-(—1) =—%;

"3

3 3 3 !
2 3dx 3 (7 dx 1,7 dx 4 4 4 4
4 0 =24 =4 — = |-x = - = - = - =
3) fﬁ 911622 _ 9 fﬁ 1+19_6x2 3 fﬁ 3 |3 x=zd (3 x) dz (3 x) dx =dz 2 dx
4 4 4

3d
dzdx=TZ Zy =

3

4
1 1 _ 1 _ _1_(7r_7r)_1r
3,‘arctgzlg —4(arctg 1—arctg 3> =263 "=

®opma nmpeacTaBieHus pe3yJbTarTa:
Hpe)ICTaBI/ITI) BBITIOJTHCHHBIC 3aJaHUs B TETpAaan AJId NPAKTHYCCKUX pa60T nmpenoaaBaTeCiIto.

Kpurepun onenkmn:
3a Kaxablil npaBUIbHBIN O0TBET — 1 Gayut. 3a HenpaBmiIbHBINA 0TBET — 0 6ai10B.90 + 100-0TNIMYHO; 80 +

89- xoporo; 70 + 79-ynoBierBopuTenbHO; MeHee 70-He yI0BIETBOPUTEIHHO

Tema 3.3. UnTerpasibHoe ucumncjieHne QyHKIUN OHOM 1eiiCTBUTEIbHOI MepeMeHHOo

IIpakTnyeckoe 3ansaTHe Ne 21 Bprunciienne mjiomaaeil (puryp ¢ noMoIbIo onpeaeJeHHbIX
HHTErpajioB
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Heab: popmupoBanue yMEHUN HaXOUTh TUIOIMIAIN TUIOCKUX (GUTYp C TOMOUIBIO OMPEeIEHHBIX
HMHTETPaJIOB.

Bbinosinus padory, Bel Oyaere:

YMETh:
- [IpumensaTs Metoab! AudQepeHnanbHOro U HHTETPAIbHOTO UCYUCIICHUS;

- OIIPEJENISTh ATAlbl PELICHUS 3a]auu;

- OIPENENSATh 3a/1a4M JIJIs MOMcKa HHGOpMaInu.

BeinoJsiHeHHe IpaKkTHYeCKOil padoThl c10COOCTBYeT (POPMHPOBAHMIO:

OK 01. Beibupars crioco0sI pemieHus 3aaa4 npohecCuoOHaTbHON ASSITEIIPHOCTA MPUMEHHUTEIEHO
K pa3jaM4HbIM KOHTEKCTaM

OK 02. Hcnonp3oBaTh COBpPEMEHHBIE CpEICTBAa IIOMCKA, aHaJU3a U HWHTEpIpETaU
uHbopManuy, W HHGOPMAIMOHHBIE TEXHOJOTUU JJs BBIIOJHEHHA 3a7ad NpoecCHOHATBHON
NeSITENIbHOCTH.

IIK 1.1. Ananm3upoBaTh TpeOOBaHHMS TEXHHYECKOTO 3a/laHUS Ha MPOCKTHpPOBaHWE MHU(POBBIX
CUCTEM

MarepuanbHoe o0ecnieyeHnne:
PazgaTounslit MmaTepuai (KapTOUKH C 3aJaHUSIMH ).
TexHudeckue cpeacTBa 00yUeHHUs: KOMITBIOTEDP C JUIIEH3MOHHBIM IMPOTPAMMHBIM 00ECIICYECHHEM
U MyJIbTUMEHA IPOEKTOP
3aganue:
Hatigure miuomanb GUrypsl, orpaHHYeHHON JTHHUSIMH

1) y=2x%y=0x=0;x=3

2) y=2x3y=0;x=1x=3.

3) y=2x;y=0x=1x=3.

4) y=e%5y=0x=0;x=2.

5 y=x%y=x3x=1x=2.
IMopsiiok BbINOJTHEHHSI PA6OTHI:

3aaHus pelaroTcs B JII000M MOpsaAKe

Xoa padoThi:
1. Tlomyuuts y nmpenojaBaTens 3a1aHusl.

2. OdopMuTh pelieHue B TeTpaau A NPaKTHUECKUX padoT.

I'eomempuueckuti cmbici onpedeneHHo20 uHmezpaa
[Mycte ¢yHkums Y= f(x) HEmpephIBHA Ha OTpeske [a:b] u mpummmaer Ha 3TOM oOTpeske
HEOTPULATENIbHBIE 3HAYECHMUS, T.€. f(x)>0 npu X <[a;b]. durypa, obpaszosanHas muHHAME X=a, X=b,

y=0 y= f(X), Ha3bIBAaeTCsl KPUBOJMHEHHON Tpamenueil (puc. 1). OnpeneneHHbli MHTErpail OT
HEOTpULIATENIbHONW (DYHKIIMK UMEET MPOCTOM reOMETPUYECKUi CMBICI: 3TO IUIONIA/ b KPUBOJIMHEHHOMN

TpamneunH.

of -« 5+ Pyc. 1

IInowaou nrockux guzyp
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1. Ecmu dpyHKIms f(x) HEOTpHIaTeIIbHA HA OTPE3Ke EE b], TO TUTOIIAJh S MO KPUBOUH Y = f(x) Ha

b

S :I f (x)dx
[a;b] (puc. 2) uncnenno paBHa OnIpeENEHHOMY HHTErpaTy OT f(x) na namnom OTpe3Ke: a
(reoMeTpHYECKHI CMBICI ONPE/ICIEHHOTO HHTErpaia).

¥ y=ii

ol « & x Puc. 2
2. Ecmm pynkmus f(x) — HETIOJIOKHUTEIbHA Ha OTPE3Ke EE b], TO IUIOMIAAb S 1O KpUBOK Y = f(x)

Ha [a;b] (puc. 3) paBHa ompeneneHHOMY HHTErpazy OT f(x) wa [a;b], B3sTOMY CO 3HAKOM «MHHYCY:
b

S=—J‘f(x)dx

a

y=fix)
Puc. 3

3. Ecnu ¢dynkuus fz(x)2 fl(x) Ha OTpe3Ke [a; b], TO IMJIOWAAb S (QPUTypHI, 3aKIIIOUEHHOU MEXIY

5 = (1,0~ 60

KpUBBIMH Y = 00 1 ¥= (%) ua [a;b] (puc. 4) onpenensercs Gpopmymoii
y

CbopMa NpeacTaBJCHUs pe3yjabTara:
Hpe,[[CTaBI/ITL BBITIOJIHCHHBIC 3aJlaHU B TETpAAU I ITPAKTUICCKUX pa60T npenoaaBaTeiIto.

Kpurtepuu onenku:
3a KaxJplil mpaBUIbHBIN O0TBET — 1 Oan. 3a HenpaBuiIbHBIN 0TBET — 0 6ay10B.90 + 100-0TNHMuUHO; 80 +

89- xoporro; 70 + 79-ymoBIeTBOPUTEIILHO; MeHee 70-He yIOBIETBOPUTEIHHO

Tema 3.4. O0bIKHOBeHHBIC M PepeHHATbHbIC YPABHCHUSA

IIpakTuyeckoe 3ansaTue Ne 22 Pemenue nudgepeHunaaIbHbIX YPABHEHUH NIEPBOI0 NMOPsSiAKA ¢
pa3aeJ s iOIUMHCS NepeMEeHHbIMHU

Heab: dopmupoBanue ymeHuil pemats quddepeHnnanbHble YpaBHEHHs] MEPBOro Mopsijaka ¢
pa3aenaomUMUCS TEPEMEHHBIMHU.

Boinosinus padorty, Bul Oynere:

YMETbh:
- Pemate nuddepennmansubpie ypaBHeHUs

50



- aHaJIM3UPOBATH 339y U/WJIM IPOOJIEMY U BBIICTISTH €€ COCTaBHBIC YaCTH;

- OIPEAEIIATH 3TAIbl PEIICHUS 3a0a4H.

BrinosiHeHHe npakTHYeCKOH padoThI ciocoOcTBYeT (POPMUPOBAHNIO:

OK 01. Beibuparb criocoOsI pemieHus 3aaa4 npohecCHOHATBHON AeATEIFHOCTH MPUMEHUTEIIBHO
K pa3JINYHbIM KOHTEKCTaM

IIK 2.1. IIpoektupoBaTh, pa3pabaThiBaTh M OTJIAKHUBATh NPOTPAMMHBIA KOJ MOJyJIeH
YIPABJISIIOUIUX MPOrPaMM

MarepuajibHoe o0ecnieueHue:

PazgaTounslit MmaTepuan (KapTOUKH C 3aJaHUSIMU).

TexHuueckue cpencTBa 00y4eHHs: KOMIBIOTEP C JIUIIEH3MOHHBIM IPOrPaMMHBIM OOecTieueHuEM
U MYJIbTUMEIHA MPOEKTOP

3aganue:

1) Haiitu O6H.H/I€ PELICHHNE nuddeperunanbHOro ypaBHeHHil:

a) ds = (2t — 3)dt,
b) dx = (10t? — 5)dt,
C) xdx =dy,
d) xdx =ydy,
e) x2dx+ydy =0,
2) Haitrn wactasie pemerus mddepermaTLHOMO ypapHeHTiL.
a) (t—4)dt+sds=0,eciunput =—1; s =0.
d dx
b) ﬁ+7= 0, ecmumpu x = 0; y = 2.
C) 4sdt =tds,ecmunput = —1; s = 3.
d) x?dy — y?dx = 0, ecu ipu x=0,2 y=1.

2d
e) ==
dx
HOpﬂI[OK BBINNOJIHECHUSA paﬁOTbI:

3amaHus pelaroTcs B JJF000M MopsKe
Xoa paGoTsI:
1. TMomyuwTh y mpernoaBaTens 3a1aHusl.

=1+ x% ecmu npu x=0 y=0.

2. OdopMUTH perieHre B TeTpaau s MPAKTHIECKUX PadoT.

Huppepenyuansvusie ypasnenusn nepeozo nopaoka ¢ pazoenstiouiumuca nepemeHHbIMu
HuddepennunanbHoe ypaBHEHHE BUA

[i)e1(¥)dx — f(x)p,(y)dy = 0

OTHOCHUTCS K THITYy YPaBHEHUH C pa3JesIoIMMKCS NTepeMeHHbIMU. Ecan HU oHa U3 QyHKIMMA
fi(®), f2(x), B1(y),@2(y)He paBHa TOXIESCTBEHHO HYJIO, TO B pe3yJbTaTe JEICHHUS HCXOHOTO
fidx  L2gndy
f2(%) »1(»)
f1@)dx _ [ P2y
fz(x) <P1(Y) )
mudQepeHIMaIbHOTO YPaBHEHUS, BBIPAKCHHOEC B HESBHOW (hOpMeE, HA3BIBAKOT UHMESPAIOM DTOTO

YpaBHEHUS.

ypaBHeHHsI Ha f,(X) - @1(y) OHO TPHUBOAWUTCS K BUIY: = 0. Pa3Beném

Pemenue

MepeMECHHBIC B Pa3HbIC YaCTH PAaBEHCTBA W MPOMHTETPHpPYeM |

Pemrenre THIOBEIX 3a/1a4:
1. Haiitu o6uue pemenue ypasaenus: x(y>—4) dx + ydy = 0.
Pa3zienuB 06e yacTu ypaBHeHus Ha y2 — 4 # 0, umMeeM
ydy

=0
y?—4

xdx +
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NHurerpupys, Haxo1uM

x?+inin|y?*—4| =lninC i y? —4 = Ce *2,

310 o011ee perenue faHHoro auddepeHnnanbHOro ypaBHeHHUS.

Iycts Teneps y*—4 = 0, T.e. y = +2. HemocpeacTBEeHHOI MOACTAHOBKON yOexk1aeMcs, 4To
y = 12 — pemeHne UCXoaHOTo ypaBHeHUsA. OJTHAKO OHO HE SBJISIETCS OCOOBIM, TaK KaK €ro MOXHO
MOTYYuTh U3 o61ero pemenus mpu C = 0.

2. HaiiTu o6muii mHTerpan ypaBHeHUs y = X + Y

. d
[Tonarasy = é — ¥ pa3zenss mepeMeHHbIe, IPUXOIUM K YPaBHEHUIO
ctgydy = tdxdx. Unrerpupys, umeem

[ ctgydy =] tgxdx, smu BA In |10 siny | = — 00 In|cosx| +Inin C.
OTcro1a Hax0 MM Siny = ———, W siny cos cos x = C (oOmuii uaTErpa).
3. HaiiTu 4YacTHBIH HHTErpan ypaBHEHHS Y COSX = ﬁynomemopmomnﬁ HA4aJIbHOMY

ycnosuto y(0) = 1.
F_d
[lonarasay = é— [epenuIIeM JaHHOE YPaBHEHHUE B BUJIE

dy y
CcCoS X a = W
Paznenum nepemeHHbIe:
Iny dx
——dy=———
y COS COS X

[IpounTerpupyem o0e yacTu ypaBHEHUS:
) —l;ly dy = | %+c,mm%y =lnlntan(§ +%)+C
Hcnonb3ys HadanpHOE ycnoBue y = lnpu x = 0, HaxoauM C = 0. OKOHUYATENIBHO MOIYyYUM
1 X m
=Inln2y =lnln -+ -
S inin2y =inin 5 + 4)

4. Haiitu yacTHoe perienue 1uddepeHnaabHOro ypaBHEHUs
(1+ x®)dy + ydx = Onpu nauansHoM ycnoun y(1) = 1.

dy dx
[IpeoGpaszyeM JaHHOE YPaBHEHHUE K BUJLY Py UnTterpupys, umMeem
dy _ dx _
f 7 = —f 172 W In |y| = —arctgx + C

370 00K UHTErpal JAHHOTO YpaBHEHHUS.
Terepp, WCHONB3ys HaAYalbHOE YCIIOBHE, HAiIeM TPOU3BOJBHYIO TOCTOSHHYIO:PR In 1 =

—arctg1+C,1.e.C = g. CrnenoBartenbHO,

T
Iny = —arctgx + e

T

T _arct
OTKy/ia OydaeM MCKOMOE YaCTHOE peleHue y = e+ o 9%,

®opma npeacraBiaeHus pe3yJabTara:
[IpencraBuTh BHIOTHEHHBIE 33JJaHUS B TETPaIH Ul IPAKTHUECKUX PabOT MpenoaBaTeio.

Kpurepum ouenku:
3a KaxJplil mpaBUIbHBIN O0TBET — 1 O6at. 3a HenpaBuiIbHBIN 0TBET — 0 6a1710B.90 + 100-0TnHMuYHO; 80 +

89- xoporro; 70 + 79-yn0oBIETBOPUTEIILHO; MeHee 70-He yIOBICTBOPUTEIHHO
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Tema 3.4. O0bIKHOBeHHBIE M PepeHIuATbHbIC YPABHEHUS

HpaxkTnyeckoe 3ansitue Ne 23 Pemenne oxHopoaHbIX 1uddepeHunaJIbHbIX YPABHEHUH IEPBOro
NnopsiaAKa

Heab: popmupoBanue ymMeHuil pemaTb 0JHOPOAHbIE nuddepeHuanbHbe YpaBHEHHs IEPBOTO
HOpsAJKA..

Bbinosinus padory, Bel Oyaere:

YMETh:
- Pemrate nuddepennmanpabie ypaBHEHUS

- aHAJIM3UPOBATh 3a/1a4y W/UIHU POOJIeMyY U BBIIEIATh €€ COCTaBHbBIC YaCTH;

- OIPEJENISATh TAlbl PELIEHUS 3aauu.

BoinosiHeHHe NPaKTHYECKO# padoThl cliocoOcTByeT GOPMHUPOBAHMIO:

OK 01. Bri6upaTs criocoOb! pemieHus 3a1ad npopecCuOHaIbHON AEITEIbHOCTH TPUMEHUTEIHHO
K Pa3JINYHbIM KOHTEKCTaM

I[IK 2.1. IlpoektupoBarb, pa3pabaTblBaTh M OTJIAXKHUBAThb IPOrPaMMHBIM KOA MOIyJel
YIPaBJIAIOLUIMX IPOrpaMM

MatepuajibHoe o0ecnieyeHue:

Pa3narounsblii Matepuain (KapTOUKH C 3aJlaHUSMU).

TexHuueckue cpeacTBa 00yueHUs: KOMIBIOTEDP C JIMLEH3UOHHBIM ITPOrPaMMHBIM O0ecriedeHneM
U MyJbTUMEINA IPOEKTOP

3aganme:

1. Pemmts ypaBHenus: a) (3x—1)dy+y’dx=0; G) xy'+2y =2xyy’,

, X
2. Pemmtb ypaBHEHus: a) (XY—XZ)V'= y?: 6) W=y y
3. Pemmnts ypaBHeHus: a) ¥ —2Y=¢>; G) (y2 +x)y' =1,
ITopsinok BbINoJIHEeHUs padoOThI:
3aaHus pelaroTcs B JII000M MOopsaKe
Xox padoTsI:
1. TlomyuuTs y mpemnojiaBaTens 3aJ1aHusl.

2. OdopMuTh pelieHue B TeTpaau A NPaKTHUECKUX padoT.

Oonopoouvie ougpepenyuanbHole ypagueHus nep8oco NopaoKa
Hu¢pdepennnansHoe ypaBHEHHE TIEPBOTO MOPSAIKA HA3BIBACTCA 0OHOPOOHLIM, €CII OHO MOXKET

—ol ¥
OBITH MPEJCTABICHO B BUJIC: (Xj .

L Z==
3ameHa NepeMeHHON x, e Z=2(x), ceomur oJIHOpoAHbIE MU epeHaIbHbIe YPaBHEHUS K
YPaBHEHUSIM C Pa3ACISIONIMMUCS TIEPEMEHHBIMU.

Jlunetinvle oughghepenyuanvuvie ypasHenus nepeo2o nopsoxa
JuddepennnanbHoe ypaBHEHHUE MIEPBOTO MOPSIIKA HA3BIBACTCS IUHEUHbIM, €CIIA OHO UMEET BU/I:

y'+ f(x)y:g(x)’ rae f(x), g(X) — HekoTopsie HenpepbiBHbIC (GYHKIUU NepeMeHHON x. Ecnu QyHkims
g(X) TOXIECTBEHHO PaBHA HYJIO, TO YPaBHCHUE HA3BIBACTCS OOHOPOOHLIM, B TIPOTUBHOM Ciydae —
HEOOHOPOOHBIM.
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OnuH U3 crocoOOB PEIIeHUsT TAKOTO YpaBHEHUS, MpeUIoKeHHbINH J{amamOGepom, — MpecTaBUTh

HEW3BECTHYIO (yHKIMIO B Buae Y=U-V. Torma Y =UV+W' yu nuddepeHunansHoe ypaBHEHHE
3aIUIIEeTCs B BUJIE
uv+uw + f(xuv = g(x) g uv+ulv'+ f(xVv]=g(x).

Eciu (yHKUMIO V BbIOpAaTh Tak, 4TO OyeT BBIIOMHSTHCS pasercrBo V' +f(xV=0, o
OTHOCHTEINILHO ApYrod GpyHkiuu U quddepeHinansHoe ypaBHeHue OyaeT mpocThiM: VU’ = 9(x). Takum
o0OpasomM, pemnieHue ucxoaHoro auddepeHnnanTbHOro ypaBHeHus (3) pacramaercs Ha pelIeHHE IBYX
nubepeHuatbHbIX ypaBHeHuii: cHadama V' + f(XV=0, a satem VU =9(x).

HuddepenunanbHoe ypaBHEHHE IEPBOTO MOPSAKA HA3BIBACTCA ypasHenuem bepHynnu, eciii OHO

umeer B Y+ F(X)y=0(x)y", roge n#0, n=1,

o 1
910 ABHEHHNE NPUBOJIUTCA K IMHEUHOMY C IIOMOIIBIO ITOACTAHOBKHU Z=Y " 1100 MOXKET OBITh
y :
HEIMIOCPEACTBCHHO PECIICHO TEM XKE METOJA0OM, YTO U JIMHEWHBIE YpaBHCHHA.

(I)opMa NMpeacTaBjJacHusd pedyjabTara:
Hpe,[[CTaBI/ITL BBIIIOJIHCHHBIC 3aJIlaHWA B TCTpaaud IJIA IMIPAKTUYICCKUX pa60T peroaaBaTclIto.

Kpurepuu onenku:
3a KaxJ1plil mpaBUIbHBIN O0TBET — 1 Oayn. 3a HenpaBuiIbHBIN 0TBET — 0 6ay110B.90 + 100-0TNHMuHO; 80 +

89- xopomro; 70 + 79-ynoBIeTBOPUTEIILHO; MeHee 70-He yIOBICTBOPUTEIHHO

Tema 3.4. O0bIkHOBeHHbBIE TH(PPepeHInATbHbIC YPABHEHHUS

IIpakTnueckoe 3ansaTHe Ne 24 Pemienne JuHeHBIX 0AHOPOAHBIX AU((epeHINnATbHBIX
YPABHEHHUI1 BTOPOIo NMOPSIAKA ¢ MOCTOSHHBIMH KO3 GUIIHEHTAMHU

Hean: GpopMupoBaHue yMEHUH pelmaTboJHOPOAHbIE AU(QepeHnanbHble YpaBHEHNUs BTOPOro
MOPAJIKA C IOCTOSTHHBIMU KO3 UIIUEHTAMH.

Beinmosinus padorty, Bl Oynere:

YMETb:
- Pemate nuddepennmansupie ypaBHeHUs

- aHaJIM3UPOBATH 33J]a4y W/WIK MPOOJIEMY U BBIIEIATh €€ COCTaBHBIE YACTH;

- OIIPEJENATH dTalbl PEIIECHUS 3a0a4u.

BrinosineHue npakTH4eckoi padoTsl cnocoocTBYeT (POPMUPOBAHUIO:

OK 01. Bri6upats crioco0sl perieHus 3ajad npopeccuoHaIbHON AEATeNbHOCTH TPUMEHUTEIBHO
K pa3jIM4HbIM KOHTEKCTaM

I[IK 2.1. IIpoektupoBaTb, pa3pabaTbiBaTh M OTJAXHBAThb MPOrPaMMHBIM KOJ Moayneil
YIPaBISIOUIMX TPOrpaMM

MarepunanbHoe obecrnieyeHue:

Pa3znarounslit Matepuan (KapTOUKH C 3a/IaHUSMU).

Texuuueckue cpeacTsa 00yueHHs: KOMIBIOTED C JIMIEH3MOHHBIM TPOrPaMMHBIM O0ecIiedeHueM
1 MyJbTUMEINA TPOEKTOP

3amanme:

1. Pewmts ypasuenus: a) X' +Y =0;6) yy"=(¥)

2. Pemmuts ypaBHenus: a) 2Y' —Y' —Y=0;6) 4y"+4y'+y=0;p) Y +2y'+5y=0,
TlopsA/10K BBINOJIHEHHUsI PaGoOThI:

2
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3aaHus pemaroTcs B JII0OOM MOPSAKE
Xox padoThI:
1. Tlomyuuts y npenojaBaTesns 3a/1aHusl.

2. OdopMuUThH penieHre B TeTpaau Al MPaKTHUECKUX padoT.

JuddepeHunansHoe ypaBHEeHEe BTOPOTro nopsiaka nveer sug: Y' = f(xy.,Y').
3a0aua Koww nns ypaBHEHHS 2-TO IOpSAAKA COCTOMT B TOM, 4YTOObI HAWTH peLICHUE

nuddepeHMaIBLHOr0  ypaBHeHus Y = fxy.y), KOTOpO€ yJIOBJIETBOPSIET HAYaJbHBIM YCJIOBHSIM

y(Xo0)=Yo, ¥'(x0)=Vo.

B HexoTopeix ciydasx peuieHue nup(HepeHIHaTbHOT0 YPaBHEHUS 2-TO MOPSAKA MOXKET OBITH
CBEJIEHO K PEILEHHIO YpaBHEHUsS 1-ro mopsjka, T.e. JOIyCKaeT MOHMXEeHHEe mnopsaka. Paccmorpum
HEKOTOPbIE TUIBI TAKUX YPaBHEHUI.

Eciu ypaBHEHHE BTOPOro MopsaKa UMeeT BuL: Y = f(X, Y'), T.€. B 3aIIUCh YpPaBHCHUSA HE BXOJIUT

uckomasi QyHKuust Y = y(x), TO PEKOMEHJIYETCS BBECTH HOBYIO 3aBHCHMYIO IIEPEMEHHYIO Z=Y TpH
COXPAHEHWU HE3aBUCHMOI IepeMeHHONW. OTHOCUTEIIBHO HOBOM 3aBUCHUMOM INEPEMEHHOM IOJIYyYUM

nuddepeHmansHoe ypaBHeHue 1-ro mopsaka: 2’ = f(x.z).
Ecmu muddepennmansHoe ypaBHEHHE BTOPOTO TOPSIKA HMEET BHI: Y"=f(y.Y'), T.€. HE
COJIEPIKUT HE3ABUCUMOM MEPEMEHHOM X, TO MOHMKEHUE TOPSAIKA IOCTHIAeTCs 3aMeHo Y =P, rae p
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paccMmarpuBaeTcsi Kak (DYHKIUS TEpPEeMEHHOH y. P= p(y). [Ipu sToM Y =PP, U MBI OPUXOIHUM K

ypaBHeHHIO PP = f(y.p) HIEPBOrO NOpsaKa. PEIMB 5T0 ypaBHEHHE, IPUAEM K 3aBUCHUMOCTH Y OT X |
¥, T.€. K AuddepeHnnaI-HOMy YpaBHEHHIO TIEPBOT0 MOPSAKAa OTHOCUTEIHHO ).
Jlunetuinoe  ouggpepenyuanvrnoe  ypagueHue  6mopoco  NOpAOKA ¢ NOCMOAHHbIMU

kosppuyuenmamu umeer Bux: Y+ Py +ay=r(X), re p u q — HeKOTOpbIE ACHCTBUTEbHBIC Yncaa, (X)

— mekoropas (yHkums. Ecmu dynkmms M(X) TOXIECTBEHHO paBHA HYIIO, TO COOTBETCTBYIOLIEE
ypaBHEHHE Ha3bIBAETCS 0OHOPOOHLIM, B IPOTUBHOM CIy4ae — HEOOHOPOOHbIM.

PaccMOTpUM peliieHue 0JHOPOJHOT0 AuddepeHIaTbHOro ypapaerus Y +py' +ay =0,

2
JlaHHOMY YpaBHEHHIO CTaBUTCS B COOTBETCTBHE XapaKTEPUCTHIECKOEe ypaBHeHHe: A”+pA+q=0,
rae A — nepeMeHHasl.

2
B 3aBucumocTH OT 3HadeHus quckpuMuHaHTa D kBanmpaTHOro ypaBHeHHs 4°+PA+0d=0 pmMeroT
MECTO TPH CIIydast:

1) D>0 — ypaBHeHHME MMEET pPa3IM4HbIE NEHCTBUTENbHBIE KOpPHH, T.e. 4742, OOuee penieHue
nuddepeHIaTbHOTO YpaBHEHHUS UMeeT BU Y =Ce™ +Cpe™
2) D=0 — ypaBHEHHE MMEET PaBHbIE IEHCTBUTENBbHBIE KOpPHH, T.e. 41 =4 =4, OOuee peuieHue
g hepeHIMaTbHOTO YpaBHEHUS UMEET BU Y = Cie™ +Copxe™
3) D<0 — ypaBHeHHE HMMEET KOMIUIEKCHBIC CONPSHKEHHBIE KOPHHU Az =a%ib  Ofmee peluienue

muddepeHIansHOro ypaBHeHns nMeeT Buj Y = Cie™ cosbx +Cye™sinbx

PaccMOTpHM  Temeph  pellieHHe  HEOJHOPOMHOTO  Ju((EpeHINATbHOrO  ypaBHEHUS  C
MOCTOSIHHBIMH KO3 pULIeHTaMu.

DTO0 ypaBHEHHE MOXKET ObITh B YACTHOCTH PEIICHO MemooOM 6apuayuu npou36oabHbIX

NOCMOAHHBIX, KOTOPBIA COCTOUT B cienyromeM. CHadana Haxoaurces oOiee perrerne Y =Ciyr +Coyo
oTHOpOAHOTO U (EepEeHIINATEHOTO YPAaBHEHHUS, UMEIOIIErO Ty e JIeBYI0 YacTh, YTO M HCXOIHOE
HEOJHOPOJHOE YypaBHEHHE. 3aTeM pEIICHWE HEOJHOPOJHOTO YpaBHEHHUS HAXOIUTCA B BHUIL

y=Ci(X)y1+C,(x)y,, T.c. mpemmomaraercs, uro mnocrosEpie Ci u C, sBusIOTCS (DYHKIHAME
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He3aBUCHMOM mepemMeHHou x. [Ipu 3ToM dyHKIIMH C.(x) u C, MOTYT OBITh HAlJICHbl KaK pelIeHUs
Civi +Cay, =0,

CHCTEMBI {Cl')’i +Cay, =r.

C[)opMa NnpeacraBjacHusd pedyjabTara:
HpeI[CTaBI/ITB BBITIOJITHCHHBIC 3aJaHus B TETpaau AJId IPAKTHYCCKUX pa60T mpenoaaBaTciito.

Kputepuu onenkmu:
3a KaXbli MpaBWIIbHBINA OTBET — 1 Oayut. 3a HenpaBwiIbHBIN OTBET — 0 6a1oB.90 + 100-oTIMuHO; 80 +
89- xopomo; 70 + 79-ynoBneTBOpUTENbHO; MeHee 70-He yIOBIETBOPUTEIHHO
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