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1 BBEJAEHUE

BaxHylo dacTb TeopeTHYecKOW U MpO(PECCHOHANBHONH MPAKTHUYECKOW MOArOTOBKU
00y4aromuxcs COCTABIISIOT MPAKTUYECKUE 3aHSATHSL.

CocraB u cojep)kaHue NPAKTHUUECKUX 3aHATHI HampaieHbl Ha peanusauuto denepaabHOro
rOCy/IapCTBEHHOTO 00pa30BaTEIbHOTO CTaHJAPTa CPEIHETO NMPO(HECCHOHATFHOTO 00pa30BaHuUs.

Benymelt aMIakTUYecKOdl 1€NbI0 MPAKTUYECKUX 3aHATUM  sBIsSeTcs (OpPMUPOBAHUE
YUeOHBIX TPAKTHYECKUX YMEHHH (yMEHHMH pemarh 3aJa4d 10 MaTeMaTHKE)HEOOXOJWMBIX B
nocjeayronen yueOHo! AesITeNbHOCTH.

B cootBerctBuM ¢ paboueil nmporpaMMoil yueOHOM aucUMIUIMHBL  «MaTemaThKa»
IIPEAYCMOTPEHO MPOBEICHUE IIPAKTUYECKUX  3aHATHM. B pamkax INpakTUYEeCKOro 3aHATHS
oOyyaromiyecst MOTyT BBITIOJHSTH OJHY UM HECKOJIBKO MPAKTUUECKUX PaloT.

B pe3ynbpTaTe ux BBINMOTHEHHUS, 00YUAIOIIHIICS JOJIKEH:

ymembs:
V1. pemiats npuKJIagHbIE 3a/1a41 B 00JaCTH MPO(PECCUOHAIBHOMN 1eATENbHOCTH;
VY001.02 amanu3upoBath 3a1a9y W/WId TPOOJIEMY H BBICTATEH €€ COCTaBHBIC YaCTH;
VY001.03 onpenensiTh STarbl penIeHus 3a/1a9H;
Y001.08 peann3oBath COCTaBIICHHBIN TIJIaH;
VY002.03 mimaHrpoBaTh MPOIIECC TIOUCKA; CTPYKTYPUPOBATH MOTydaeMyl0 HH(POPMAIIHIO;

Y002.06 ohopMIIATh pe3yabTaThl MOMUCKA

ConeprkaHyie PaKTUYECKUX pabOT OPUEHTUPOBAHO HA MOJATOTOBKY OOYYarOMIMXCS K OCBOEHHUIO
npo(eCCHOHANTBHBIX ~ MOJYJIEH TPOTpaMMBlI  TOJTOTOBKH ~ CIIEUATACTOB  CPEJHEr0 3BEHa 10
CMELMATBHOCTU U OBJIAJICHUIO HPOGheccuonanbHblMu KOMHEMEeHYUAMU:

I[IK 1.4 - OcymecTBiaarh pa3pabOTKy, aJanTaluio penentyp moryhaOpuKaToB € y4eTOM
MOTPEOHOCTEN PA3TMYHBIX KaTEropuid MoTpeOuTeNeH, BUI0B U (popM 0OCTyKUBAHMUS ;

I[IK 2.8 - OcymectBisaTh pa3pabOTKy, aganTalldio PEHenTyp TOopsuux OJio, KyJuHapHBIX
U3JIeNHM, 3aKyCOK, B TOM YHCJIE aBTOPCKUX, OPEHIOBBIX, PETMOHANBHBIX C YUYE€TOM MOTpeOHOCTEH
Pa3IMYHBIX KATETOPHM MoTpeduTened, BUI0B U (opM 00CITY)KUBaHUS,

IIK 3.7 - OcymecTBasTh pa3pabOTKy, aJanTalldi0 PErenTyp XOJOIHBIX OJIFO/, KYJWHAPHBIX
U3JIeHM, 3aKyCOK, B TOM YHCJIE aBTOPCKUX, OPEHIIOBBIX, PErHOHAIBHBIX C Y4€TOM HOTPEOHOCTEMH
Pa3IMYHBIX KaTeropuii notpeduTeneit, BUAOB U GopM 0O0CITYyKUBAHHUS,

IIK 4.6 - OcymecTBisTh pa3padbOTKy, alanTalli0 PEHENTyp XOJOJHBIX U TOPSYUX JECEPTOB,
HAIUTKOB, B TOM YHCJIE aBTOPCKUX, OPEHIOBBIX, PErHOHAIBHBIX C YUETOM MOTPEOHOCTEH pa3IuyHbIX
KaTeropui noTpeduTeNnei, BumoB u Gopm 0OCTyKUBaHUS;

I[IK 5.6 - OcymecTBiasaTh pa3pabOTKy, ananTaldio pPeHenTyp XJIe00OYyIOUYHBIX, MYYHBIX
KOHJIUTEPCKUX H3JETHil, B TOM UHCJIE aBTOPCKUX, OPEHIOBBIX, PErHOHAIBHBIX C YYETOM
MOoTpeOHOCTEeH pa3NIuYHBIX KAaTeroOpuil MoTpeduTenei;

IIK 6.2 - OcymiecTBasATh TEKYIEE IUIAHUPOBAHKE, KOOPIAUHAINIO AESITETbHOCTU MOJYUNHEHHOTO
MepcoHaia ¢ y4eTOM B3aUMOJICHCTBHS C IPYTUMHU MOAPA3ICIICHUIMH,;

IIK 6.3 - Opranu3oBbIBaTh pecypcHOE O0ecrieueHue AeATeIbHOCTH O JYMHEHHOTO MIepCoHaa;

IIK 6.4 - OcymecTBisATh OpraHU3aIUI0 U KOHTPOJIb TEKYIIEH AeATeIbHOCTH MOAYUHEHHOTO
nepcoHana.

A Takike GOpMHPOBAHMIO 00UUX KOMNEMEHUUIL.

OK 01 Bri6upate ciocoObl penieHus 3aad NpoQecCHOHANbHON NesTeIbHOCTH, TPUMEHUTEIBHO K
Pa3IMYHBIM KOHTEKCTaM
OK 02 Hcnonbs3oBaTh COBpEMEHHBIE CPEACTBA MOUCKA, aHAIM3a U MHTEpIpEeTaluu HHPOpMalu 1
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nH(GOPMAIMOHHBIE TEXHOJIOTUH IS BBITIOJIHEHHS 33]a4 PO(PECCUOHATBHOMN IEATETbHOCTH

BrimosnHenne o0ydarommxcst MpakTHYECKUX paboT 1o ydeOHOM aucuurumne «MaremaTukay
HaIIPaBJICHO Ha:

- 00o0mIeHne, CUCTEeMATU3AlHI0, YIIyOJIeHHWe, 3aKperuieHue, pPa3BUTHE U JICTATU3aINI0
IIOJIyYE€HHBIX TEOPETUUECKUX 3HAHUI 10 KOHKPETHBIM TEMaM y4eOHOM AUCLUIIINHBL;

- (¢dopmMHpOBaHHE YMEHUI NPUMEHSTH IIOJyYCHHBIE 3HAHUS Ha TPAKTHKE, pPean3allfio
€IMHCTBA MHTEJUIEKTYyaJIbHOU U MIPaKTUUYECKOU eI TENbHOCTH;

- (QopmupoBaHme W pa3BUTHE yMEHHWH: HaOMIOAaTh, CpPaBHHUBATh, COIOCTABIISITh,
aHAJIM3UPOBATh, JICJIaTh BBIBOBI U 0000IICHHS;

- BBIpAaOOTKY TpU PEIICHWH IOCTABJICHHBIX 3a/ad NpPO(PEeCcCCHOHATIBHO 3HAYUMBIX KadecTB,
TaKUX KaK CaMOCTOATEIbHOCTh, OTBETCTBEHHOCTh, TOUHOCTb, TBOpUYECKAsi HHUIIMATHBA.
[IpakTrueckue 3aHATHUS MPOBOAATCS IOCIIE COOTBETCTBYIOLIEH TE€Mbl, KOTOpas 0OeCleUrBacT HAINYUE
3HaHUH, HEOOXOIMMBIX /IS €€ BHIIOJHEHUSI.



2 METOAUYECKHUE YKA3ZAHUSA

Tema 1.1 Ilpenesa ¢pynkuuu. HempepbIBHOCTH (PyHKIHH

[MpakTHyeckoe 3ansaTHe Nel

Buviuucnenue npeoenos

Henab: HayunThcst BBIYUCIATD OPEeibl PYHKINMN.
Boinosnus padorty, Bel Oyaere:
ymemb:
V1. pemiats npuKiIagHbIe 334241 B 00JaCTH MPO(ECCHOHAIBHOM 1eATENbHOCTH.

MarepuajibHOe 00ecniedeHne: HHIUBUyATbHbBIC 3] JaHMsI, KOHCIICKTHI JICKITHH.
3aganue:
[To BBIMONHEHHUIO 3aJaHUS TEXHOJIOTHYECKOH KapThl TPEOYeTCsS BBIYHCIUTL TIPEICITBI
GyHKIMIM:
1. lim,,(2x3 — 10x% — 4x +5)
2 lim 3x%-11x+6

x-3 2x2-5x-3
11x3-5x2—6x+10
6x*—8x2+2
. sin%
4. hmx—)OT

5. lim, ., (1 - i)sx

X
Iopsinok BHINOJHEHHUS PA0OTHI:

1. Haiigute npenen GyHKIIUH, UCTIOIB3YS TEOPEMEBI O TIpeIeiax.
2. Ecnu nomyuunack HeONpeAeIeHHOCTh, ONPEIEIUTE €€ BU U CIIOCOO PaCKPHITHSI.
3. Tlpeobpa3zyiiTe GYHKIIHUIO U pACKPOUTE HEOTIPEACICHHOCTb.
4. Beruucnute npened.
Xox padoThI:
Haiitu npenen Gpynkiuu:
1) limy,,(2x3 — 10x%? — 4x + 5)

3. lim,_,,

Vcromnb3yeM TeopeMsl 0 TIpesienax:
lirr%(Zx3 —10x% —4x +5)
X—

3 2
=2(1imx) —10(1imx) —4limx+5=2-8—10-4—4-2+5=—27
x—-2 x—2 x-2

. 3x%2-11x+6
2) lim _—
) x—3 2x2—-5x—3

OyHKIMA NpencTaBisieT coOOl OTHOLIEHHWE JIBYX MHOTOYICHOB, OOpalllalolIuXcs B HYJb B
TOUKE x=3. [TosTomy CHayasa npeobpasyem JTAHHYIO (byHKIHIO.
JIr000i1 KBapaTHBIN TPEXWIEH MOXKHO Pa3I0KUTh HA MHOXHUTEIH C IOMOIIBIO (POPMYIIBI

ax® +bx +¢=a(x —x,)(x — x,), rjae ¥ U 13 KOPHU KBaJPaTHOTO TpexuJieHa.

B3

KOpHHMI/I KBaApATHOTO TPEXYJICHA 3x® — 11x + 6 ABIAIOTCS YKCIIA -Hu 3; 3Ha4YUT

o+



2
3x2—11x+ 6 = 3(x — 3)(x — §)
A KOpHH KBaJpaTHOTO TpexuiaeHa 2x? — 5x — 3 paBHBI% u 3, clie10BaTEIbHO
2x2—5x—3 = 2(x—3)(x+%)
Bo3sBpaiasce k npeaeiy, uMeeMm:
2 2

_3x?—11x+6  3x=3)x-3)  3(x-3)

lim—— = lim = lim——F-

=3 2XE=5x =3 xoIo(x=3)(x+3)  F2(x+3)

3x—2 3limx—-2 3.3_7 7

1 = 3 = = —
xl—r}%2x+1_21ingx+1 2:3+1 7

11x3-5x2—6x+10

3) lim
) X720 ex%—8x242

TaK KaK MHOTOYJICHBI B YHUCIHUTCIC W 3HAMCHATCJIC CTper[TCf[ K oo, TO HOHy‘IaeM
HEOIIPEIEIEHHOCTh BH/IA [:] JInsg ee PacKphITUsS Pa3lieiuM KaXI0€ CIIaraeéMoe YUCIUTENS U
3HAMEHAaTes Ha x*.

Torma TOJIYIUM:
) ) 11x° 5% 6x 10 11 5 6 10
11x% — 5x* — 6x + 10 = T F T ETE T T TETE o
lim 3 S = lim I 7 = lim > =—-=10
30 Gx" —Bx- 4+ 2 30 6x Bar + 2 o 6 __ET - G
A T TR PR
. X
sin>
4) lim
x->0 X
UToObl BBIUMCIUTH Tpefen (YyHKIUH, HYXHO BOCHOJIB30BaThCs (POPMYNION MepBOro
. sinx
3aMeuaTenbHOro npeaena: lim, ,o—— = 1.
X
1
YMHOXUM YHCIUTENb U 3HaMEHaTelb Apoou Ha >
. X 1 . x .Xx
sin P > sin 3 1 sin > 1
lim—= =lim*~—7==<-lim—==--1=
x=>0 X -0 Iy 2x-0 = 2 2
2 2

5) lim,.—, (1 - 3)5

[IpeoOpasyem ¢(yHKIHIO Tak, YTOOBI MOXHO OBLJIO MPUMEHUTh BTOPOM 3amedaTelbHBIN

1\
npeaci : limx_m (1 + ;) = e. Beenem HOBYIO ICPEMCHHYIO. X = —3y; X = 0y = 0,
5x 5(=3y) —15y
. 3 T 3 T 1 15 _
lll’l’lx_,oo (1 - ;) = lll’l’ly_,OO (1 - E) = 111'1’1},_,OO (1 + 3—/) =e = eﬁ

@dopma npeacTaBieHus pe3y/bTaTa: BhIINOJIHEHHAs padoTa.

Kpurepum oueHku:

«OTIn4HO» - yMeHHus cOpPMUPOBaHBI, BCE 3aJaHUs BBINOJIHEHBI NPaBUIBLHO, 0e3
apu(pMeTHYECKHX OLINOO0K, perieHre 0(hopMIEHO aKKypaTHO, ¢ HEOOXOAUMBIMU 000CHOBAHHSIMU.

- «XOpOI_HO» - HCKOTOPBLIC YMCHMHA C(l)OpMI/IpOBaHLI HCAOCTAaTO4YHO, BCC 3aldaHHA

BBITIOJTHEHBI, HEKOTOPBIE BUBI 3a/IaHUH BBIMOIHEHBI ¢ omuOkamu. be3ommboyHo BeimonaHeHO §0-
89 % Bcex 3amaHui.



- «Y IOBIETBOPUTENBHO» - HEOOXOAWMBIE yYMEHHS B OCHOBHOM C(HOpPMHUpPOBAHBI,
GOHBH_II/IHCTBO 3aIIaHI/II\/'I BBIIIOJIHCHO, HGKOTOpBIe N3 BBITIOJIHCHHBIX SaI[aHI/Iﬁ conepmaT OH_II/I6KI/I.
Be3ommobouno BemmonHeHo 70-79 % Bcex 3amaHuil.

«HCYI[OBJICTBOI)I/ITCJIBHO» - TCOPCTUYCCKOC COACPKAaHHUEC KypCa HC OCBOCHO, HGO6XOI[I/IMBIG

yMeHUs He Cc(HOpPMUPOBAHBI, BBINOJHEHHbIE Yy4YeOHBIE 3aJaHHs COJepKaT TrpyOble OLIMOKH.
be3zommbouyHo BeImosHeHO MeHee 70% Bcex 3a1aHuii.

Tema 1.2 OcHoBbI U] PepeHIIHATBLHOT0 UCUHCTEHUS

[MpakTHyeckoe 3ansaTHE No2

Ilpasuna ougpgpepenyuposanusn. Texnuka ougpepenyuposanusn

Heab pabdorsi: [IpoBepuTh Ha NpPAKTHKE 3HAHUE TOHATHUS TPOU3BOJHON (YHKIHH, YMEHHE
HaXOJUTh MPOU3BO/IHBIE 3JIEMEHTAPHBIX QYHKIIMH, CIOKHBIX QYHKIINH.

BoinosinuB padory, Bel Oyaere ymers:
V1. pemate npuKIagHBIC 331a91 B 00J1aCTH TPOPECCHOHAIBHON e TENHHOCTH;
VY002.03 mimaHrpoBaTh MPOIIECC TIOUCKA; CTPYKTYPUPOBATH MOTyIaeMyr0 HH()OPMAITHIO;
Y002.06 ohopMIIATh pe3yabTaThl MOMUCKA

MarepuanbHoe odecrieyeHue :

TeopeTnuecknii MaTepuan METOAMUECKON pEKOMEHAAIINN K MPaKTUYecKoi padoTe.
WuanBuyabHbIE KAPTOUYKH ¢ BAPUAHTOM MPAKTUUECKOH pabOTHI.

3aganue:

ITo BBINMOJHEHWIO 3aJaHUS TEXHOJOTMYECKOM KapThl TpedyeTcsl HAWTH 3HAYEeHHe
NMPOU3BOJIHON JaHHOW (YHKIIUU B JAHHOW TOYKe.

)y=2x>-3x+5, x=0 16)y=(x-3x*+5)%, x=0;
2)y=7x"-6+3x% x=0; 17)y = (7x -1+ 4x%)°, x=0;
3)y=12-3x+2x% x=0; 18)y=(x®+1)% x=0;
Ay=x>—4x*+x, x=0; 19)y=(1-2x)", x=0;
5)y=21x+3x"+7x* -5, x=0; 20) y = (4x + 5x° = 7)%, x =0;
6)y=x>-3x"%, x=1; 2 y=/X+1, x=0;
Ny=(x+1)-2x°, x=1; 22)y= V2x2 +3, x=0;
8)y=4x - (7x2+5),x = 1; 23)y=V4-7x%, x=0;
9)y=(2x*+3%) - (x—1), x=1; 24)y=+/3x3, x=1;
10)y = (6x—3x3) - (X +2), x=1; 25)y=2X°, x=1;
X+1 1
11)y= ——, x=1; 26)y= ——, x=0;
X2 +1
X
12)y= ——, x=0; 27)y = , X=0;
x-1 3—2X
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2x2

13)y= , X=0; 28)y= —, x=1,

)Y 3x+5 )Y 4x — 3x?

14)y:7_32X,x:1; 29)y:3#,x:0;
X 5x° +3

15)y:—2,x:0; 3O)y:;2,x:0.
3—2X 6—7X

HajiTy npou3BoaHbIe CI0KHBIX PyHKIMIL:

1. y = (5x3—2x)°

2. f(x) =3sin(2x — %)

3. f(x) = arcsindx + arccos®x
4.f(x) =logs(7x* —5x3 + 1)

1+cos x

5f(x) = lnr

1—cos x

Ilopsinok BbINOJIHEHHS PA0OTHI:

1. Omnpenenuts BuA QyHKIMN. BBeCTH MpoMeKyTOUHBINH apryMeHT.

2. OmpenenuTh, KaKUMHU TpaBwiIaMu JudQepeHnrnpoBaHisi HY)KHO BOCIIOJIB30BATHCS.
[IpuMeHUTHh COOTBETCTBYIOIIEE MPABHUIIO.

3. Hcmonw3ys Tabauily mpou3BOAHBIX, HANTH POU3BOIHBIE (YHKITUH.

4. PackpbITh CKOOKH M MPUBECTH MOJOOHBIE, €CIIA ATO YIPOCTUT 3aUCh QYHKITUH.

Xox padoThI:
Onpenenenue: IlpomsBogHoit dyHkmuu f(x) (f(xo)) B TOUKe Xp HA3bIBAETCS YHUCIO, K
Affwy  Flwg +hn) —fie ]

= npe ax
KOTOPOMY CTPEMUTCS PA3HOCTHOE OTHOLIEHUE £ A , CTpemsiemcs K
HYIIIO.
IIpou3BoaHbIE JIeMEHTAPHBIX PYHKIUIL.
) i %)
C — const 0
w U ax®— 1
gn et
=" =" lna
1
I = —
X
log = 1
= wln S
Sin = Cos X
COS ¥ — SinX
1
Tt =
Cos< ®

IIpaBuia nuddepeHupoBaHUS
Ecmu y pynkuuii f(x) u g(x) cymecTByrOT NPOU3BOIHBIE, TO



() iﬂg:x:l:f - fl) £ ()

Aef(x)) = o fx), TAe ¢ —consf

azlifcx:l-q:x:l:l' = Fdgx) + (R

. ﬁ:x)] _ P k) = F(x) - )
ox) go1x)

Haiitu npou3BoHbIe PyHKITHI:

1. gx) = (1 —4xH)10
DyHKIMS SBISETCA CI0XKHOM cTelneHHON. BBemeM mpoMexyrouHblii apryment u = 1 — 4x2,
Jlns maddepeHIpoBanis HY)KHO BOCIIONB30BaThcs popmymoit (u*) = nu™ 1 -u'
y =10(1—4x%)°- (1 —4x?)' =10 (1 — 4x%)°(—8x) = —80x(1 — 4x?)?

1
2. flx)= sinzx - cos 2x

DyHKIUS PEICTABISIET COO0N MPOU3BEIECHHE JBYX CIIOKHBIX TPUTOHOMETPHUYECKHX (YHKIIHIA.
[TosToMy cHauana BOCHob3yeMcs npasuioM auddepennuposanus (U-V) = UV + UV’

f(x)= (sinix - cos 2x) = (sinEx)'COSZx + sin Ex(cost)'

y y 1 y
BBeziem npoMeskyTOUHBIi aprymMeHT : ISl nepBoil QyHKIMM U = > X, Ul BTOPOH dyHKImn u =
2x.
IIpu nuddepeHIPOBAHUN HCIONB3yeM ciexytomue GopMynsl: (sinu) = cosu-u’, (cosu) =
—sinuu.

2 1 ’ 1 , 1 B
fx)= (sinix - C0S 2x) = (sinzx) cos2x + Sinzx(COSZX)

1 /1y 1 ,
=cos=Xx" (—x) +cos2x + sinix - (—sin2x) - (2x)

2 2
1 1 ] ]
= —C0S—=X'C0S2Xx — 2Sin—Xx - Sin2x.
2 2 2
23x+5x2
3 y=——7—
' log,(3+10x)
OyYHKIMS MPEACTaBIsSseT COO0W YacTHOE JIBYX CJIOKHBIX ¢yakumii. [lostomy cHauana
AN A

BOCIIOJIb3yeMCS TTpaBujIoM auddepeHIpoBaHms V) =

L (23457 - 1og, (3 + 10x) — 2745 - (log, (3 + 10x))’
B (log,(3 + 10x))?
BBesieM MPOMEXyTOUHbIH apryMeHT : i nepBoil GyHkuuu u = 3x + 5x2, 11s BTOpoii QpyHKIMHU
u =3+ 10x.
[Ipn muddepenuupoBanuu ucnoiszyem cueaytoue ¢opmynsl: (a*)’' = a“lna-u', (log, u)' =
lulna '

2 2
r(23%F5x %) hog 5 (3+10x) —23% TS (log  (3+10x))"

y = (log 2 (3+10x))2

3x+5x2 2\ _93x+5x2, 1 ,

2 In2 (3x+5x2)Tog 2(3+10x)—2 Grioomz3+10%) _
(log 2(3+10x))2

3x+5x2 _p3x+5x2 __ 10

2 In2(3+10x)log(3+10x)—2 Gril00)in2

(log 2 (3+10x))2

10



4. f(x) = arcsin%x + arccos5x

OyHKIMS MPEACTABISAET COOOH CyMMY JIBYX CIOKHBIX OOPAaTHBIX TPUTOHOMETPUYECKUX (DYHKITHIA.
[TosToMy cHauana BocHosb3yeMcs npasunoM auddeperumposanus(U + V) = U + V.

, 3
fx)= (arcsin§x> + (arccos5x)’

3

BBeneM npomexyTo4HbI apryMeHT : Ui epBOM QYyHKUMU U = 2 X, A BTOpOH (DyHKIMH U =
5x.
[Ipu ¢ hepeHIUPOBAHIH UCIIOJIb3yeM clenyIolme bopmyIIbI:
. ' u' ' u'
r = ——;(ar = —
(arcsinu) el (arccosu) — |
f(x)= (arcsinix) + (arccos5x) =1 (Ex) — ;(Sx)/ = 3 0
5 /1_(§x)z 5 V1—(5x)2 5 \[1_ o V1-25x2
5 25x

5.f(x) = arccosV1 — e?*

OyHKUHUS SIBISIETCS CI0XKHOW 00paTHON TpUrOHOMETpUYecKoi. BBeeM MpoMexyTOUHBIN apryMeHT

u=+v1—e?* Jlna nudpdepeHnnpoBaHns HYKHO BOCHOJb30BaThca (opmynoit  (arccosu) =
v

1-u

f(x)= (arccos\/l - er) =— ! (W1 —e?)’
[IpomMeXyTOUHBIA apTyMEHT SIBJISIETCS TaKXKe CIIOKHOW (yHKimer. BBemem u 11l HETO HOBBIN
ITPOMEKYTOYHBIN apryMeHT
u=1-e*
st mudpdepeHmpoBaHus HY)KHO BOCIIOJIB30BATHCS (hOPMYIIOi
!

Coou
6 =57 |
fx) = (arccos\/l - er) =— ! : (m)

1—(1—e?%)
1 1 1 1

—_ . (1 - 2\ — -2
VIi—1+e2® 24/1—e% (1-e™) esz( °

dopma npeacTaBiieHUs pe3yJbTaTa: BbIIIOJIHEHHAs padoTa.

*)

Kpurepun oueHku:

Ouenka '"oTJM4YHO'" CTaBUTCS, €ciau paboTa BBHITIOJHEHA B IIOJHOM OOBEME C
coOroIeHneM HEeOOXOAMMOM MOCIEA0BATEIbHOCTH JACHCTBUI; B OTBETE MPABWIBHO U aKKypaTHO
BBIIIOJIHEHBI BCE 3aIIMCH M BEIYMCIICHU.

Ouenka '"xopomo' CTaBUTCS, €CIU BBINIOJHEHBI TpeOOBaHUS K OILIEHKE "OTIWYHO", HO
JOMYUIEHBI 2-3 HeAoYeTa.

Ouenka '"'y10BJIeTBOPUTEJIBHO'" CTaBUTCS, €ClM paboTa BBHINOJIHEHA HE IMOJHOCTHIO, HO
00BEM BBITIOJIHEHHOM YacTH TaKOB, YTO MO3BOJIAET MOJIYYUTh MPABUIBHBIE PE3YAbTAThl U BHIBObI;
B XOJI€ IPOBeACHUS pabOThI OBLIN TOMYIIEHBI OLTHOKH.

Ouenka "Hey10BJI€TBOPUTEIbHO' CTaBUTCS, €CJIM pab0OTa BHINIOJHEHA HE TIOJHOCTHIO HITN
00BEM BBITIOIHEHHOM YacTH pabOThI HE TIO3BOJISET ClIENaTh MPABUIBHBIX BHIBOJIOB.

11



Tema 1.2 OcHoBbI 1M PepeHIHATBLHOr0 HCUHCICHUS

IIpakTnueckoe 3ansiTue Ne3

Buviuucnenue npouzs00HbIX C1OMHCHBIX YHKYUIL

Heab: HayauThcst HAXOAUTH IPOU3BOIHBIC CIIOKHBIX () YHKITHHA.
Boinosinus padorty, Bl Oyaere:
ymembs:
V1. pemate npuKiIagHbIe 330249 B 0071acTH PO(PEeCCHOHANBHON e TeNbHOCTH,
VY001.02 amanu3upoBath 3a1a9y W/WId TPOOJIEMY U BBIICTATEH €€ COCTaBHBIC YaCTH;
VY002.03 mmanupoBaTh mpoIiece MOUCKa; CTPYKTYPUPOBATH TOTy4aeMyo HH(pOpMaIIHio;
Y002.06 ohopMIIATh pe3yabTaThl MOMUCKA
MarepuajibHOe oOecrieyeHHMe: WHIMBHIyalbHbIC 3aJaHUs, KOHCIEKTHI JICKIHH, TaOsuIa
MIPOU3BO/IHBIX.
3aganue:

[lo BbIMONHEHMIO 3aJaHUSl TEXHOJIOTUYECKOM KapThl TpeOyercs HalTH NpOU3BOJHBIE
byHKINN

1 y=(5%-2x)°

2. flx) = 3sin(2x —3)

3. flx} = arcsindx + arccosx
4. flx) =logs(Tx*—5x% +1)
5

f{x} — {;I‘]_ |L+EDSI

W l-cosx

Iopsinok BbINOJIHEHHSI Pa0OTHI:

5. Ompenenure Bua ¢yHknuu. Ecam  GyHKus — sSBASETCS  CIOXKHOW, TO  BBEIUTE
MPOMEKYTOUYHBIN apryMEHT.

6. Ompenenure, KakuMU TpaBwiamMu  JauGepeHIIMpPOBaHUS HYKXHO  BOCIOJIB30BaThCS.
[IpumenuTe cOOTBETCTBYIOLIEE TPABUIIO.

7. Wcnonb3ys Tabnuily NpOU3BOAHBIX, HAWAUTE MPOU3BOAHbBIC QYHKIIUM.

8. PackpoiiTe ckoOKH U IpUBEAUTE OJOOHBIE, €CIIH ATO YIPOCTHUT 3aMUCh (DYHKIIUH.

Xox padoThI:
Haiitu mpou3BoiHbIC PYHKITHI:
1. glx) =(1-4x¥)®

OyHKIUS ABISETCA CIOXKHOU CTeNeHHOW. BBeieM NpoMeKyTOUHbIH apryMeHT u =1 —4x=. [{nd

nuepeHInpOBaHUs HYKHO BOCIIOIB30BATHCS GOpMYIIoi (u"™) = nu™t - o

¥ = 10(1 —4x%) (1 —4x*) =10 (1 — 4x*)%(—8x) = —80x(1 — 42%)
2. flx) =sin“x -cos2x

OyHKIMSA NpeAcTaBiseT coOONW MPOM3BEIACHUE ABYX CIIOXKHBIX TPUTOHOMETPUYECKUX (DYHKIHI.
[TosToMy CHauana BOCTOJIb3yeMcs paBuioM auddepenuupoBanus (U -V) = UV 4+ UV

12



V- 1 1 ' .
flx) = {sin;x ~cos 2x) = (sin ;x] cos2x + sin ;x{cus?x]

v - L v
BBenem npoMeKyTOUHBIH apryMeHT: Ui epBOH PYHKIMH u = - x, JUIA BTOPOU (PYHKIUH u = 2x.

[Ipu ¢ hepeHIUPOBAHIH UCIIOJIb3yeM cleayIolme (bopMyIIBI:
{sinu]' = cosu-u,(cosu) = — sinuu.

. 1 1 .
flx) = {sin;x ~cos 2x) = (sin ;x] cos2x + sin ;x{cus?x]
1 1 1 i ., 1 1 1
=ros—x-|—-x| - c052x+sfn—x-{_—sfn2x] ' {_2_7:] = —ros—Xxcosdy — 25in —x - sindx.
2 2 2 2 2 2

A3T+5T"

3.y=

Ioga (3+10x7

OyHKIMS TNpeAcTaBiaseT coO0M  YacTHOe  JABYX CIOXKHBIX  QyHkuumid. I[losTomy chHauana
Uv-Uw

e

.
BOCIIOJIb3YeMCsl MpaBUiIoM Tu(depeHInpOoBaHUS (1_) =

(25745 y1  log, (3 4 10x) — 2945 . (log, (3 + 10x))’
y =

(log, (3 + 10x))°

BBeneM mpoMexyTOUHBIN apryMeHT: A HepBOM (GYHKUMM u = 3x + 5x°, JJIS BTOpOM (PyHKIUU
u =3 + 10x.

IIpn muddbepeHITMPOBAHUN UCIOIB3YEM clieayIome GopMynIsl: (a“) = a“lna « o', (log. u)' = L.
p p p Y YO pMy. B,

uing

2 2
+5s Fman S L . i 345 ren (2w ) Bl 1 g (3L {0y )7+ AR
. I:.{T Sx |I']=.§i '._.1+1...'l.':|—:'“ iy 'I]:,;L,IJ-I-]....'I.'II' _ a in? | 3x45x :I ],,_g;I |___1+1,_'|_:| 2 I_{—1:|T|!|I;’IJ+1“J‘I _

|:|=§i|3+1:.'l.'||3 |:|=§i|3+1:.'l.'||3

14

2 2
T e Pt
2 in2{3+10x)loz, (3+10x)-2 o

|]=§i|3+1:.'l.'||3

4, flx) = nrcs:‘nix+ arecosSx

OyHKIHMS PEACTaBIsET CO00I CyMMY NIBYX CIOKHBIX OOpaTHBIX TPUTOHOMETPUYECKUX (YHKITHH.
[TosTOMY CHauasa BOCHOIb3yeMCS IpaBuiioM mubdepeHuupoBanus (U +V) = U + V.

Flx) = (nrasfngx) + (arccos3x)’

BBenem npoMeXyTOUHBIH apryMeHT: Ui NepBoi pyHKIMM u = %.r, 1UIs1 BTOPOH (DYHKLIMU u = 5x.

IIpn mddepeHnpoBaHIH UCIIOJIb3yEM CIIEyIOIINE bopMynbL:
h—J ; {:nrccusu} p—
v l-u v1l-u

{:nrcs:'nu} =

13



() = in > r:;(i)_;' __ 8 S
f{_.r} = (nrcstnix) + (arccosax) e T Goe (5x)" = e N

[ 1
ul—l;.'l.l a N P

5. f(x) = arccosV1 — e

qDYHKIII/Iﬂ SIBJISICTCS CIOXKHOM 06paTHOI/I TpI/IFOHOMeTpI/I‘-IeCKOI/I BBCIICM HpOMC)I(YTOqHBIH apFYMeHT

u =1 —e>. Jlna quddepeHnnpoBanns HYXKHO BOCIIOIb30BaThest hopmynoit  (arccosu) = — \,ﬁ

F (&) = (arccosv1 - & }I =_ ﬁ (W1=&).

[TpoMeXyTOYHBIN apryMEHT SIBJISICTCS TaK)Ke CIIOKHON (yHKIMeH. BBenem u i1 Hero HOBBIN
MIPOMEKYTOYHBIN apryMEHT u =1 —g™*.

Jlnst nudpdepeHImpoBaHus HY)KHO BOCIIOJIB30BATHCS (hOPMYIIOit

(o) =2

Wi

. = 1 — 1 1 : g
£G) = (nrcmsﬂ - e*-‘} = V=) s e - =

J L-14a®r 24
l

_ {71]_

g IWl—a*

®opma npeacTaBaeHus pe3yJbTaTa: BHIIOJIHEHHAs paboTa.

Ve

Kpurtepun ouenku:

- «OTan4HO» - yMeHHs c(pOPMHUPOBaHBI, BCE 3aJaHMs BBITIOJIHEHBI MPaBUIbHO, 0€3
aprupMETHYECKUX OMHUOO0K, pemeHne 0hopPMIICHO aKKypaTHO, C HEOOXOIUMBIMU 000CHOBAHHUSIMH.

- «XopoIo» - HEKOTOpble YMEHHs C(OpMUpPOBAHBI HEIOCTATOYHO, BCE 3aJaHH
BBITIOJTHEHBI, HEKOTOPHIC BHUJIBI 3aJIaHUN BBITTOJTHEHBI ¢ OomHOKamMu. be3ommbouno BeimosiHeHO §0-
89 % Bcex 3amaHui.

- «Y IOBJIETBOPUTENBHO» - HEOOXOJMMBIE YMEHHUS B OCHOBHOM C(HOPMHPOBAHHI,
OOJIBITMHCTBO 3aJaHUM BBHITIOJIHEHO, HEKOTOPBIC U3 BBITIOJHEHHBIX 33JIaHUM COJIEP’KAT OIITHOKH.
Be3ommbouno BemmonneHo 70-79 % Bcex 3amaHuil.

- «HeynoBiIeTBOPUTEIILHO» - TEOPETUYECKOe COJACp)KAHUE Kypca HE OCBOCHO,
HEOOXOIUMBbIE YMEHHS HE C(OPMHUPOBAHBI, BBHINIOJHEHHBIE y4eOHBIC 3aJaHHUs COJEp)KAT TpyObIe
ook, besornbouno BeinoHeHO MeHee 70% Bcex 3aIaHuil.

Tema 1.2 OcHoBbl 1P PepeHnATbHOT0 HCUHCTIEHUS

IIpakTuyeckoe 3ansaTHe Ned
Hccneoosanue ghynkyuii u nocmpoenue zpagpurkos
Heab padorbl: HayuuThes uccnenoBarh GyHKIUU U CTPOUTH Tpaduku QyHKIHI.
Brinosinus padory, Bel Oyaere:
ymemb:

V1. pemate npukiagHbie 337a4 B 0071acTH NPo(ecCHOHANBHON NesITeIbHOCTH;
VY001.02 ananu3upoBath 3aa4y U/Uiu NpoOiIeMy U BBIJIEIATh €€ COCTaBHbIE YaCTH;
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VY002.03 mnanupoBaTh mporiece MOUCKa; CTPYKTYPUPOBAThH MOTy4aeMyo HH(pOpMaIuio;

Y002.06 ohopMIIATh pe3yabTaThl MOUCKA
MarepuajbHoe obecnieyeHue:

I/IH[[I/IBI/II[yaJIbHBIC 3aJaHusd, Ta6m/1ua HpOI/I3BOZ[HBIX, KOHCIICKTHBI J'IGKL[I/If/'I, y‘-Ie6HI/IKI/I
3amanue:

[To BBIMOTHEHHUIO 3aJaHUS TEXHOJIOTHYCCKOW KapThl TPEOYETCS HMCCIEIOBaTh (PYHKIHIO I10
oOrieli cxeme U IOCTPOUTH €€ Irpaduk:

1. f(x) = 5x% — 325,

2. flx) = =

x2—4'
IMopsiiok BbINOJIHEHUS PadOTHI:
1. IlpoBectu aHanu3 3aaHHON (PYHKIIMH 11O OOIIEN CXeMe.
2. TloctpouTts rpaguk GyHKINH.
Xox pa0doThI:
Oowan cxema ucciedosanusn QynKyuil.
1. Haiitu obnacte onpenenenus ¢pyakuuu D (y).

2. Haiitn (ecnm 5TO HE BBI3BIBACT 3aTPYAHCHHI) TOUYKH IepecedeHus rpaduka ¢ OCAMH
koopauHaT (pu X = 0 u ipu Y = 0).

3. UccnenoBaTh GyHKIUIO HA IEPUOJUYHOCTD, YETHOCTh U HEYETHOCTD.

4. HaiiTu uHTEpBaJIbl MOHOTOHHOCTH, TOYKH SKCTPEMYMOB M 3HAY€HUS (PYHKIUU B ITUX
TOYKaX.

5. Haiiti uHTEpBaJIbI BHITYKIOCTH (BOTHYTOCTH) M TOUKH Ieperuoda rpaduka GyHKIuu.
6. Haitti acumnToThl rpaduka GyHKITUH.

7. HaiiTu 1onogHUTENbHbIE TOUKU U IOCTPOUTH TpaduK MO pe3ysbTaTaM UCCIeTOBAHUS.
8. HaiiTi o65acTh 3HaYeHHI.

Anzopumm HaAx0)HCOEHUA IKCMPEMYMOE PYHKUUU U UHMEPBANOE ee MOHOMOHHOCHU C
HOMOUbIO NEPBOIl NPOU3BOOHOIL

1. Haiitu oGnacts onpesesnenus GYHKIUE U HHTEPBAIIBI, HA KOTOPBIX (YHKIHMSI HEMTPEPHIBHA.
2. Haiitu npousBoanyto ¢yukiwu f '(X).

3. Haiitu xputndeckue Touku ¢yHkumuy =f(X), T.e. TOukH, mpuHaIeKamme oOIACTH
orpezeneHus: pyHKIMHU, B KOTOPBIX pou3BoaHas f '(X) oOpaiiaercs B Hy/lb WM HE CYIIECTBYET.
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4. WccnenoBath xapaktep wusMeHenus ¢yakiuu f(X) u 3Hak mnpomsBogHoit f '(X) B
MPOMEKXYTKAaX, Ha KOTOpbIC HAWICHHBIC KPUTHUYCCKUE TOYKUA JICIAT OOJIACTh OINPEACIICHUS

¢byukuuu y = f (X).

5. OTHOCHUTENBHO KaXJ0M KPUTHUECKON TOYKU ONPENENIUTh, SBJISETCS JIM OHA TOYKOM
MAaKCUMyMa, MUHUMYyMa WX HE ABJIAETCS TOYKOM SKCTPEMYyMA.

[ToMHH: KpUTHYECKAsT TOYKA Xg €CTh TOYKA MMHMMYMA, €CIM OHA OTAEISAET IIPOMEKYTOK, B
koTopoM f '(X)<0, ot mpomexyTka, B koTopom f'(X)>0, 1 Touka MakcuMyma - B IPOTUBHOM CTy4ae.
Ecnu xe B coceTHUX NMPOMEXKYTKaX, Pa3eICHHbIX KPUTUYECKOW TOYKOM Xg, 3HAK IIPOU3BOJAHOU HE
MEHSETCsI, TO B TOUKE Xo PYHKIIHS SKCTpEMyMa HE UMEET.

6. BoruncnuTh 3HaueHUs (PYHKIIMU B TOUKAX SKCTpEMyMa.

7. 3anucarth pe3yiabTaT HUCCIENOBAaHUS (QYHKIMHM: TPOMEKYTKHM MOHOTOHHOCTH U
OKCTPEMYMBEI.

Anzopumm Haxodxncoenun evlnyKaI0Cmell YYHKYuUU u mouex nepezuoa:

1. Haxoaum BTOpYIO MPOU3BOAHYIO.
2. HaxomuM ToYKH, B KOTOPBIX f (x) = 0 MM He CYIIECTBYET.

3. Hccnemyem 3HAaK BTOpPOU MPOW3BOJHON ClIeBa M CIpaBa OT HAWJICHHBIX TOYECK U
JiefiaeM BbIBOJI 00 MHTEpBajaX BBIMYKIOCTU U O HAIMYUHU TOYEK Neperuoa.
4. Haxoaum 3HaueHue GyHKIHUU B TOUKaX Ieperuoa.

Acumnmomout.

Acumnmomoti epaghuxa gyukyuuy = fx)Ha3pIBaeTCs MpsiMasi, 00Jaaromas TeM CBOMCTBOM,
4TO paccTosHue OT Touku(x: f(x)) 10 3TOil MPAMON CTPEMMTCS K HY/IIO IPU HEOTPAHMYEHHOM
yAaJeHu TOYKHU Tpaduka OT Hayasia KOOpAUHAT.

[Ipsimast x = @ Ha3BIBACTCA 8epMUKAILHOU acumnmomoti Tpaduka QyHKIUU vy = f(x), €cIu
XOTsI ObI OJTHO M3 TIPEACTbHBIX 3HAUCHUH lim, ;g fx) WK lim,_ 4 f(x) pAaBHO —0oMJIH +0o.

3ameuanue. [Ipsmas x = a HEe  MOXeT OBITh  BEPTUKAIBHOW  aCHMIOTOTOH,  €CIH
(GyHKIMS HepepblBHA B TOYKe x = a. [l09TOMY BepTHUKalbHbIE ACHMIITOTHI CIEAYeT MCKAaTh B
TOYKaX pa3pbiBa (PyHKIIHH.

[Ipsimast v = b Ha3bIBACTCS 2OPU3OHMANLHOU acumnmomoti Tpaduka QyHKIUHU v = f(x), eclu

XOTsI ObI OJTHO M3 TIPEACIbHBIX 3HAUCHUH lim, . f(x) WIH lim,_.__. f{x) paBHO b.

3ameuanmue. Fpa(I)I/IK q)YHKHI/II/I MOXKCET UMCTH TOJIBKO IIPABYIO I'OPHU30HTAJIbBHYHO ACUMIITOTY
HJIN TOJIBKO JICBYIO.

[Ipsimast y = kx + b Ha3bIBACTCS HAKIOHHOU acumnmomot rpaduka pynkuuu y = f(x),
eciy lim_ g |f(x) —kx —b| = 0
Ecmu mis QyHKOMU v = f(x) CYLIECTBYIOT HPEIENbI lim_l.qx"% = k ulim,_o(f(x) —kx) = b, TO

(GyHKIMS UMEeT HAKJIIOHHYIO AaCUMIOTOTY ¥ = kx + b TIpH x — o,
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HccnenoBaTh QyHKIHMIO U TOCTPOUTH €€ TpaduK.

¥

y=

-2
1. O6nactp onpenencuus GyHKuuu D(f) = (—oo; 1)U (1 +o0)
2. Ipu moncraHoBKe 3HaueHHs x = 0 moxyuum y(0) = 0.

Takyro e TOUYKYy TIOJy4uM, €CIH TpupaBHsieM (QyHKIHIO K Hymo. Touka x=10 -
€IVMHCTBEHHAs TOYKA [IEPECEUECHUS C OCAMH KOOPAUHAT.

3. IlpoBepsieM pyHKIIHIO HA YETHOCTD

yil—x) = ot ¥

—Ix-2 2x+2

yl=x) # ylx); y(—x) # —v(x).
Wrax, QyHKIMs HY YETHAS, HA HEYETHAs, HEMEPUOINUECKA.

4.]1151 OThICKaHHSI MHTEPBAJIOB MOHOTOHHOCTH BBIYMCIISIEM NIEPBYIO IPOU3BOIHYIO (DyHKINN

" 1 1 n n
Co2x(2x—2) =2 4xt —4x — 220 2xt —ax
_‘.I‘ =

2x—-2)7 | @x-2° (2x-2)

[IpupaBHUBas ee K HYJIO, MOTYYUM KpUTUUYECKHE TOUKH x = 0; x = 2. OHM pa3OuBarOT 00JIaCTh
OIIPENEICHNS HA CIECAYIOINE HHTEPBAJIBI MOHOTOHHOCTH (—ox 0 U (0 1)U (1; 2) U (2; +o2)

Hccneqyem moBeeHre MpoN3BOIHOM CIIEBa M CTIPaBa OT HAWICHHBIX TOYEK pa30HCHUSI.

I'padmyecku nHTEpBAIBI MOHOTOHHOCTH OYIyT UMEThH BUJ

\ 4

Hccnenyemast GyHKIMS BO3pacTaeT Ha HHTepBaiax {—oe; 0) U (2: +02) u yObIBaeT (0: 1) U (1: 2).

5.Touka x =0 TOYKa JIOKAIHBHOTO MaKCUMyMa, ¥ = 2 — JIOKaJbHOr0 MHHUMyMa. Halinem
3HaueHue pyHkouu v, . =0y, . =2
6.. JInst OThICKaHUSI MHTEPBAJIOB BBHIMTYKIOCTH HAWIEM BTOPYIO TPOU3BOIHYIO

o Wr-y@x-2-@F --2@x-2p02 8 8 1
T (2x— 2)* T 2x-2° 8x-1)7% (x-1)3

Takux UHTEPBAJIOB HET, MOCKOJILKY BTOPAsi MPOU3BOIHAS HE IPUHUMAET HYJIEBBIX 3HAYCHUH B
o0nacTu onpeneneHus.

7. llpsimas x = 1 — BepTUKaIbHAs aCUMIITOTA (byHKuI/II/I. YpaBHEHHE HAKIOHHOM ACUMIITOTHI
HUMEET BUL ¥ = kx + b,
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P x | x° ’ x- | 1 1
= x _xi.mxpx_z]x xﬂ?xf—h xﬂ?_g_z
T ox
. x* 1 Coxt—x(x—1) o oxt—xt4x . x . 1 1
b=l 23T i Ty T e T _}LEM‘}LE7_3‘5
T ox

Koneunblil BUII IPAMOI CJIeTYIOLIHIA

8.Ha ocHOBe mpoBeIEHHOTO aHalu3a BBINOJIHIEM HOoCcTpoeHue rpaduka GpyHkuuu. s satoro
CHa4dajla CTPOUM BCPTHUKAJIBHBIC W HAKJIIOHHBIC ACUMIITOTBHI, 3aTCM HAXOJAWM 3HAYCHHC (1)YHKIII/II/I B
HCECKOJIBKMX TOYKax U 110 HUX IMPOBOJUM IMOCTPOCHUC.

y=(x+1)/2

x=1

dopma npeacTaBieHUs pe3yJbTaTa: BbIIOIHEHHAs padoTa.

Kpurepun oueHku:

- «OTanyHO» - yMeHHs c(pOPMHUPOBaHBI, BCE 3aJaHMs BBIIIOJIHEHBI MPABUIIBHO, 0€3
aprupMETHYECKUX OMHUOO0K, pemeHne 0hopPMIICHO aKKypaTHO, C HEOOXOIUMBIMU 000CHOBAHHUSIMH.

- «XO0poIIo» - HEKOTOpble yMEHHUsS C(HOPMHUPOBAHBI HEIOCTATOYHO, BCE 3aJaHUA
BBITIOJIHEHBI, HEKOTOPbIE BU/bI 3a/laHUH BBINOIHEHBI ¢ omuOkamu. be3ommnboyHo BemoaHeHo §0-
89 % Bcex 3amaHui.

- «Y IOBJIIETBOPUTENBHO» - HEOOXOJMMBIE YMEHHSI B OCHOBHOM C(OPMHUPOBAHBI,
OOJIBIIMHCTBO 3a/laHUM BBIMOJIHEHO, HEKOTOPbIE M3 BHIMOJHEHHBIX 3a/laHUN COJEpKAT OLIUOKH.
Be3ommobouno BemmonneHo 70-79 % Bcex 3amaHuil.

— «HeynoBneTBOpUTENbHO» - TEOPETUUYECKOE COJAEp)KaHHME Kypca HE OCBOECHO,
HeoOXouMbIe yMEHUsI He C(OPMHUPOBAHBI, BBHIMIOJHEHHbIE yUeOHbBIC 3a/laHUs COJIEp>KaT IpyoObie
omn6Oku. be3ommn6ouHo BhmonHeHO MeHee 70% Bcex 3aJaHuid.

Tema 1.3 HeonpeneaéHHbIN U onpeaeéHHbIA HHTErpaJ

IIpakT4eckoe 3ansaTue NeS

Boiuucnenue neonpedenénupix unmezpanos
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Leas pabdorbl: Hayuntbcss MHTErpUpOBaTh (QYHKIMH, HWCHOIB3YyS Pa3IUYHBIE METO]IbI

MHTETPUPOBAHMUSL.

Boinosnus padorty, Bl Oyaere:

ymemp:

V1. pemate npuKIagHbIe 33a49 B 0071acTH PO(PEeCCHOHANBHON NesITeIbHOCTH,
Y001.02 arHanu3upoBats 3a1a9y W/ WK IPOOJIEMY U BBLICTATH €€ COCTABHBIC YacTH,
VY001.03 onpenensiTh 3Tanbl pemIeHus 3a/1a4H;

Y001.08 peann3oBath COCTaBICHHBIN TIJIaH;

MarepuanbHoe o0ecrieyeHnne:
NunuBunyanbHbie 3a1aHus, TaOIUIIa HHTETPAJIOB, KOHCTIEKTHI JICKITUH, YICOHHUKH.

3amanue:

Haiigute HEOIIPEAC/ICHHBIC HHTErPaJibl:

1) J(8x* —62% 4 2x — 3)dx

Ix*42x—3x47
2) If dx
3) j.:.:.s{}mx — 5} dx

4) | 3% iy

5) J-" Sdx

254+16x°

6) J- xidx

z
(1-2x%

7) J- 2x* —-1.:':_— r-1 dx

WE
IMopsinok BbINOJIHEHHSI PA0OTHI:

3anucarb 3aaHu€ MW OIpEACiInTb, KaKUM H3 MCETOJOB HWHTCIPUPOBAHUA HeO6XOI[I/IMO
BOCIIOJIB30BATbCA.

Ecnu HUHTCTpal MOXXHO HalTH MCETOAOM HCIOCPCACTBECHHOI'O MHTCIPUPOBAHUA, TO, UCIIOJIb3YA
CBOMCTBa MHTETPAJIOB, IPUBEAUTE HHTETpall K Tabau4HbIM Gopmyiam. [IpouHTerpupyiire.
Ecnu HHTCIpall MOKHO HalTU METOAOM IIOACTAHOBKH, TO BBCIAUTC HOBYHO ICPEMCHHYIO,
HarimuTte ee muddepennman. I[locme BBeACHUS HOBOW IMEPEMEHHOW 3aJaHHBIA HHTErpaj
INpUBOJUTCA K HOBOMY HHTCIPAITY, KOTOpLIfI SIBJISICTCS TaOJIUYHBIM. HaﬁﬂHTe HOJ'Iy‘IGHHLIfI
HUHTCI'pall. B CJIydac HCOMMPECACIICHHOI'O NHTCI'pajia BEPHUTCECH K CTapOﬁ HepeMeHHOﬁ.

Ecnu wHTErpan Henb3s HAWTH  BBINIEYKAa3aHHBIMM CIOCOOaMHU, TO HpUMEHHTE (HOopMyrITy
MHTECTPUPOBAHUS IO 4YacCTsAM fuav =uv — [vdU. Dror Merox 3aKmouaercs B TOM, 4YTO

MOJIBIHTETpaJIbHOE BBIPAXKEHUE NPEACTaBIsIeTCs KaKuM-IM00 00pa3oM B BHJIE NMPOM3BEACHUS
nByx comHoxuteneid Un dV. 3arem, mocie naxoxaenuss dUum V, wucnons3yiite Gopmyny
MHTETPUPOBAHUS 110 YACTSM.
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-Unrerpansl Buna | P(x)e™dx, [ P(x)sinkxdx, [ P(x)eoskxdx, rne P(X)- MHOrousnes, k- unco.

Y n06H0 mostoxxuth U = P(x),a BCe OCTaIbHBIC MHOKHUTEIH MPUHATH 3a dV.
-UHuTterpansl Buaa [ P(x)arcsinxdx. [ P(x)arccosxdx, [P(x)inxdx. [P(x)arctgxdx

_]"P'[:_r} arectgxdx,
Y 10610 1mos10KUTh Plx)dx = dV, a OcTalbHbIE MHOXKUTEIH MPHUHATH 32 U.

- Unterpanst Bupa | e sinbxdx, | e cosbxdx, Te an buncna. 3a UMOXHO IPHHATH (yHKIIHIO
U=g™

Xoa padorsi: HaiiTu uHTErpasis:

6x*—5x2+3x+4
J o s g

1) .

X

UToObl HAaWTU ATOT MHTETpall, HY)KHO CHauyaja MPUBECTH IOJBIHTErPAJIbHOE BBIPAKEHUE K
TabIIMYHOMY BUAY. [[71s1 3TOT0 IpUMEHsIeM OUYIEHHOE JIeTIeHHE:

J‘ﬁﬁ-Sx +3x+4

ﬁ-.nr:'1 ir 4

3 -+ — |dx
X s ox
j(ﬁx=—5+ +=1-x':)n’
J‘x:n’x— Ej

n’x 6 4yt . 4
— xidx = —5.:c-|—31r1|.r|+—_-|—r.’.'=2.r’—5x-|—3[r1|.r|——+lf.'
x 3 -1 x

+3

f 15x%dx
(1-x3)*

OTOT HWHTErpaJl MOXKHO HAWTH C MOMOINBIO MeETOoJla IMOJACTaHOBKUA. BBegem HOBYIO
MIEPEMEHHYIO.

1—x'=t
J‘IEIEM d“:f}:dt Lot 5_" ~*dt 5r3+r: > sc > ic
——==| —3fdx=adt |= | Tz =- = - =—+C=
(1—x%) ; dt -3t - 3t 3(1 — x%)
rdr = ——
3
3) _,r{:.rE—‘l-_rjl{rLr-dx

DTOT MHTErpaJl MO)KHO HAaWTH C MOMOIIBIO METO/Ia HHTETPUPOBAHHUS 110 YaCTSIM, OH OTHOCHTCS
KO BTOPOMY BUIY, TOITOMY [ = Inx, dV = (x? — 4x)dx.

4

1 .
dl = —dx, VZJ‘{I!—‘}I)ffI:——EI'
x 4
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Hcnonb3ys GopMyity HHTETPUPOBAHUS 110 YACTSM, ITOJIy4aeM

. «* . «* 1l
{_.r’—*l-.r}{nx-d_r={nr —— 2x | - — —2x" |—dx =
4 4 x
G [ PR B S
nx ‘1_—__1' - q_—_.r xr =Inx ‘1_—_.1' —_Lﬁ+.r+

4) [ (x? — 2x)cos4xdx

OTOT UHTErpaj MOXKHO HAalTH C MOMOIIBIO METO/1a MHTETPUPOBAHUS IO YaCTsIM, OH OTHOCHUTCS K
IIEPBOMY BUAY, NOITOMY U = x* — 2x, dV = cosdxdx.

1
dU = (2x — 2)dx, V= J‘ cosdxdx = ﬂ_l- sindx
. . 1 1 )
(x* — 2x) cos 4x dx = (x* — 2x) :}sfn‘}x — :}s:‘n%.r{_?x —2)dx =

. 1 1 ) 1. . 1 )
(xf — 2x) n sindx — ;J‘ sindx(2x — 2)dx = 2 (x* — 2x) sindx — ;J‘ sindx (x — Vdx =

UYToOB! HAaWTH OCTABIIMKCSA UHTErpall, CHOBA MIPUMEHsIeM (pOpPMYITy HHTETPUPOBAHUS IO YACTSIM.

UD=x—1, dV = sindxdx.

1

dl = dx, V= J‘ sindxdx = — Ecusi-x

1 1 1 1
= E{I- — 2x) sindx — E{{x -1} (— Ecusi-_rJ - J‘ ~3 cosdxdx =
- (2 2x) sind - 1}( - 4) ILJ‘ 4xd
Ll__.r—_.rstn.r—z{_.r— —‘l_cusx +4 cosdxdx =

1 1 1
= E{x' — 2x) sindx -I—g{{.r — 1{cos4x) — gJ‘CDS‘}IdI =

1., 1 . a 1
— = _ 7 i — — 1 —_ — g
p (x _.r}s ndx + 3 {{.r J.}{_cus*l-x} > sindx + C

dopma npeaocTaBjaeHNus pe3yabTaTa: BbITIOJHEHHAs paboTa

Kpurepum oueHku:
- «OTau4HO» - yMeHHsS c(OpMHUpPOBaHBI, BCE 3aJaHMs BBIIIOJHEHBI MPABUIIBHO, 0€3
apudmeTnyeckux omuOOK, pernieHne oQPopMIEHO aKKypaTHO, ¢ HEOOXOAUMBIMU 0OOCHOBaHHUSIMHU.
- «XO0poIIo» - HEKOTOpble yMEHHS C(HOPMHUPOBAHBI HEIOCTATOYHO, BCE 3aJaHUA
BBITIOJTHEHBI, HEKOTOPBIE BUBI 3a/IaHUH BHITIOJTHEHBI ¢ omnOkamu. be3zommbouno BemonHeHO 80-
89 % Bcex 3aJaHui.
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- «Y IOBJIETBOPUTENHHO» - HEOOXOJUWMBIE YMEHHST B OCHOBHOM C(OPMHUPOBAHHI,
OOJBIIMHCTBO 3a/IaHUI BBIMIOJTHEHO, HEKOTOPHIC M3 BBITIOJHEHHBIX 33JIaHUN COJEPIKAT OLIUOKH.
Be3ommnbouno BeimonHeHo 70-79 % Bcex 3agaHui.

- «HeynoBiIeTBOPUTEIILHO» - TEOPETUUYECKOE COJACpKAHUE Kypca HE OCBOCHO,
HE0OXOIMMbIC YMEHUSI He C(OPMHUPOBAHBI, BHITIOJHEHHBIE yUEOHBIC 3a/IaHUS COJIEPIKAT I'pyObIe
omnOku. be3omnbouno BeinonHeHo meHee 70% Bcex 3adaHui.

Tema 1.3 HeonpeneaéHHblii 1 onpeieJéHHbINH HHTErPaJl

IIpakTnueckoe 3ansitue Ne6

Buviuucnenue onpedenénnvix unmezcpanoe

Heas padorbl: HaydunTbcss HaXoIUTh OMpEeNICHHBIE HHTErPAIbl, UCIONB3YS pPa3INIHbIC
METO bl HHTEIPUPOBAHHUS.

Boinosnus padorty, Bel Oyaere:

ymembs:
V1. pemiats npuKiIagHble 33Ja41 B 00JaCTH TPOo(ecCuOHaAIbHON AeATeIbHOCTH;
V001.02 ananu3upoBath 3a7a4y W/HiIM IpoOIeMy U BBIJIENATH €€ COCTaBHBIC YaCTH,
VY001.03 onpenensiTh STanbl penIeHus 3a/1a4H;
Y001.08 peann3oBath COCTaBIICHHBIN TIJIaH;

MarepuanbHoe o0ecrieyeHme:

WupuBuayansHbIe 3a0aHus, TaOIHIIa HHTETPAJIOB, KOHCIIEKTHI JICKIHHA, Y4eOHUKH.

3ananmue:

Brraucnure onpeaeneHHbIE HHTETPATIBL:
1. fj:{:4x3 + 32 4 2x + 1)dx

f(vEed)
1 J (Ve ) ax

il

w
|
e
4
.
|47
[

= :,.":.1'+3 |
4, [#e™ cosxdx

5. Jr =

g SR
IMopsinok BbINOJIHEHHSI PA0OTHI:

1. 3anucarp 3amaHuE U ONPEICNIUTh, KAaKUM U3 METOJOB HHTETPUPOBAHUS HEOOXOAUMO
BOCITOJIb30BATHCA.

2. Ecnu uHTerpan Mo>KHO HallTU METOJOM HEMOCPEICTBEHHOIO MHTETPUPOBAHMUSI, TO, UCHIOIB3YS
CBOMCTBa MHTErPajioB, MPHUBECTH HUHTErpan K TaOnuuHbM Qopmyiam. [IpomHTErpupoBaTh.
BoruncnuTh 3HaUeHHE onpeieieHHOro nuTerpaia no gopmyne Hetorona-Jleitbnuna.

3. Ecnu uHTEerpais MoKHO HAaWTH METOJIOM TOJICTAHOBKH, TO BBECTH HOBYIO MEpEMEHHYI0, HANTH
ee muddepennnan. [locne BBeneHUs HOBOIM IMEepeMEHHOW 3aJaHHBI HMHTErpajg MPUBOIUTCS K
HOBOMY HWHTErpaiay, KOTOpBIA sBiseTcs TabnmuuHbiM. Eciau uHTerpan omnpeaeneHHbId, TO
HE0OX0IUMO BBIYHMCIIUTH HOBBIE MPEeNbl MHTErpupoBanus. HaliTu momyueHHbI HHTErpadl.

Xoa pa0doThi:
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1) fi(4 x3 —3x2% 4+ 2x + 5)dx

_]-_Jl{:é.rE — 32 + 2x 4+ 5)dx = =1-_,r_11_r3dx—Efjlx:d_r+2f_11xrix+ Sf_Jl de=x* — 2% + 2% + 523, =
2) -3 +3+5.3-(1+1+1-5)=81-27+9+15+2=80

J-i-' 4 Sdr

0 a4250f

DTOT UHTErpaj MOKHO HAWTH C TIOMOIILI0 METO/Ia TI0/ICTAaHOBKH. BBe/1eM HOBYIO IEpEeMEHHYIO.

- 5
—x =t
5
—dx = di
J":'l' Sdx _EJI":'I' dx __1-]"-4 dx _ 2 _
o~ e P ER dx = - dt
" W2 =
Xg = 0 t.n' =0
LXg = 0.4 tE =1
5 zgpld _1 1_ 1t i1 — 1 E_E
=1 :nr‘ctgﬂn = :{nrctgl arctgl) = i
i:'rrn'.r
3) "r: costx
DTOT UHTErpaJl MOYKHO HAWTH C IOMOIIBIO METO/1a MOJICTAaHOBKH. BBe1eM HOBYIO ITEPEMEHHYIO.
r cosx =t 7
T deosx = dt i
: —sinxdx = dt I’y 7
sinxdx ) —dt 7 o 1 .. 1 1
_— = sinvdx = —dt = — :——lIJ: qu::——_:E—U.Szl.S
o o =
. cos®x xg =0ty =cos0 =1 J t -2 2t 2-025 2
T T 1
g =— itz m=eos—=—
SR B 3 2

dopma npeacTrasiieHus pe3yJbTaTa: BbINOJIHEHHAs paboTa

Kpurepun oueHku:
- «OTan4HO» - yMeHHs c(pOpMHUPOBaHBI, BCE 3aJaHMs BBIIIOJIHEHBI MIPABUIIBHO, 0€3

apruMETHYECKUX OIMMHUOO0K, pemeHne 0(hOPMIICHO aKKypaTHO, C HEOOXOIMMBIMU 000CHOBAHUSIMH.

- «XOopoiIo» - HEKOTOpble yMEHHsS C(HOPMHUPOBAHBI HEIOCTATOYHO, BCE 3aJaHUA
BBITIOJIHEHBI, HEKOTOPbIE BU/bI 3a/laHUH BBINOIHEHBI ¢ omuOkamu. be3ommnboyno BemoaHeHo §0-
89 % Bcex 3amaHui.

- «Y IOBJIETBOPUTENBHO» - HEOOXOJAUMBIE YMEHUS B OCHOBHOM C(HOPMUPOBAHBI,
OOJBIIMHCTBO 3a/IaHUM BBIMOJIHEHO, HEKOTOPBIE M3 BHITIOJHEHHBIX 3a/laHUN COJEPIKAT OLIUOKH.
Be3ommbouno BemmonneHo 70-79 % Bcex 3amaHuil.

— «HeynoBneTBOpUTENbHO» - TEOPETUUYECKOE COJAEp)KaHHME Kypca HE OCBOECHO,
HeoOxouMble yMEHUs He C(OPMUPOBAHBI, BHITIOJHEHHbIE YUeOHBIE 3a/laHUs COJEpKaT IpyObie
omn6Oku. be3ommn6ouHo BhImonHEeHO MeHee 70% Bcex 3aJaHuid.

Tema 1.3 HeonpenenéHHblii U onpeaeJJéHHbIH HHTETPaJI

IIpakTnyeckoe 3ansitue Ne/

Buvtuucnenue nnowadei puzyp u 06vémoe men

Heas paGorbi: HayuuTbcs BBIYMCIATH IUIOM@IM GUIYp U OOBEMBI TeN, HCHOJb3Ys
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OTIPE/ICTICHHBIC HHTETPAJIbI
Boinosnus padorty, Bl Oyaere:
YMETh:
V1. pemiath NpUKIaAHBIC 331244 B 001aCTH PO(ECCHOHATBHOM ACATEIBHOCTH
VY001.02 ananu3upoBath 3a1a9y W/WiId TPOOJIEeMy U BBIICTATH €€ COCTaBHBIC YaCTH;
VY001.03 onpenensiTh 3Tanbl penieHus 3a/1a4H;
Y001.08 peann3oBath COCTaBIICHHBIN TIJIaH;
MarepunajabHoe odecnedyeHne:
WuauBuyaibHbIC 3aJaHNsI, CIIPABOYHBIC MATEPUAIbI, KOHCIICKTHI JICKITUH.

3ananue:
1. Beruucnuts miomaab GUrypsl, OrpaHUuE€HHON JTMHUSIMU

a) y=-x"+4,y=0

2 3

b) y=x°, y=x

c) y=e', y=e’, y=4
2.Berauciuts 00beM Tea

y=x°, y=1, eoxpyeocuQY
Ilopsinok BbINOJIHEHHS PA0OTHI:

1) MOCTPOUTH rpapuKu GyHKINN
2) HaiiTh 001aCTh, OTPAHUYCHHYIO STUMH I'paduKkaMu
3) COCTaBUT OTPEICTICHHBIN UHTETPAJI, JJI1 HAXO0KICHUS TUIOIAIA HalIEHHOHM 00IacTh

Xox pa0doThI:

[Tpumep 1: Haittu momanas obnactu D, orpaHnYeHHON KPUBBIMU Y = X2+ x + 11, y=2x-9,
MIPH YCIIOBUH,

x<=1

y=x2 +x-11,
Doiy=2x-5
x =1

IIpu pemiennn Takux 3a7a4d  cjieayer o00s3aTeNbHO  M300pa3UTh  UCCIIEIYEMBIii
reoMeTpuueckuil 00bekT. i onpenesienns HUKHEro Mmpejiesia MHTerPUpOBaHUS HA/l0 HAMTH TOUKY
IepeceueHusl KPUBBIX; ypaBHeHne X° + X + 11 = 2 X - 9 umeer aBa KopHs: X = -1 u X = 2.
[Toaxonsmuii kKopeHs - X = -1. O61acTh OrpaHUyYeHa CBEPXY MapaboIon, CHU3Y - IPSIMOM, cripaBa -
npsaAMoit X = 1, kpaiiHss JieBas Touka - X = -1, mo3Tomy
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4 3

: 1 3 2!
=I[(2x-9)-(x2+x-11)}25:= [(2-x% + )i = zx—x?ﬂ% 1 2—_+_] [ 24 +_ =E

Ecnu o0macTs nmeet 0ojiee CIOXKHYIO CTPYKTYpY, €€ cliefyeT pa30ouTh Ha IPOCThIE YaCTH .
[Tpumep 2
Bbrauciute 00beM Tena, TOJTYYEHHOTO BpalleHHEM QHUTyphl, OTPAaHHMYCHHON JMHHUAMU

2 —
y=ex-x y=0 BOKpYT ocu A4

Pemenne: Kak u B 3agaue Ha HAaXO0XXJACHUC IUIOIIaqu, PEIICHUE HAYUHACTCH C YEPTEKa

m10ckoii gpuryper. To ecTh, Ha MIOCKOCTH 4“1 HEOGXOIMMO TOCTPOUTH (BHUTYPY, OrPAHHUCHHYIO
o 2
nmuHEsAME ¥ T 2x—x

o

}

IR
B/ B S,
I/ICKOMafl IIJIOCKast Q)Hrypa 3alITpuxoBaHa CHHUM IBETOM, MMCHHO OHA U BPAIIacTCsa BOKPYT

ocu X . B PE3YIbTATEC BPAILICHUA ITOTYYaCTCAd TaKasi HEMHOI'O HI/II_IGBI/II[HEUI JICTaromias Tapeika,

KOTOpAsi CAMMETPHYHA OTHOCHTEIBHO och 4 |
O0bem TeJ1a BpalleHUsI MOKHO BBIYUCJIUTH 110 (hopMmyJie:

A
= ;?T_l-fg(xjai'x

Boruncnum o0BbemM Tena BpallleHus, UCIIOJIB3YS JTAHHYIO dbopmymy:
2

& 2
V= ;?T]-fz(x}a’x = ;:-rjqzx— Y dx= ;?r_[ (4x% — 42 + xNdx =
a 1]

1]
K] k]
:ﬁ.[i—x4+x_J‘§:ﬂ.[32—l6 232 [;]] 16
3 5 3 5 15
=157 5t 3358
OTtBert:

dopma npeacTaBieHUs pe3yJbTaTa: BHINOJIHEHHOE 33/1aHKE

Kpurepum oueHku:

Ouenka "oTJM4YHO" CTaBUTCS, €ClIM pabOTa BHIMIOJIHEHA B IOJHOM 00BEME C COOIOICHUEM
HE0OX0IMMOM MOCIe0BATEIHLHOCTH ICHCTBUIN; B OTBETE MPABUJIBHO U aKKYPAaTHO BBIIIOJIHEHBI BCE
3aIllMCH U BEIYHCICHUA.

Ouenka '"xopomo'" CTaBUTCS, €CIM BBINOJHEHb TpeOOBaHUS K OIEHKE "OTIWYHO", HO
JOMYIIEHBI 2-3 HeAoYeTa.

Ouenka "yI0BJIeTBOPUTEIBLHO'" CTAaBUTCS, €clid paboTa BBHINIOJHEHA HE MOJHOCTHIO, HO
00BEM BBITIOJIHEHHOW YacTH TaKOB, YTO TO3BOJISET MOJYUYUTh MPABUIBHBIE PE3YIbTATHI U BHIBOJIBI;
B XOJIe IPOBeACHUS pabOThI OBLITN TOMYIIIEHBI OLTHOKH.
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OueHka ""Hey10BJIETBOPUTEIbHO' CTAaBUTCS, €CITU PadOTa BBINOJHEHA HE TOJHOCTHIO MU
00BEM BBITIOIHEHHON YacTH pabOThl HE TIO3BOJIAET CAENATh MPABUIBHBIX BBIBOJIOB.
Tema 2.1 MaTpuubl U onpeaeJauTe N

IIpakTnueckoe 3ansTue Ne8
Jeiicmeusa ¢ mampuyamu

Hean padorbl: HayunThest BHIIOMHATE ACUCTBUS HAJ MATPUILIAMH.
Boinosnus padorty, Bel Oyaere:
ymembs:

V1. pemiats npuKiIagHbIe 334241 B 00JaCTH TPO(ecCuOHAIbHON AeATeIbHOCTH;

VY001.03 onpenensiTh STanbl penIeHus 3a/1a4H;

Y001.08 peann3oBath COCTaBIICHHBIN TIJIaH;

MarepuajbHoe obecniedeHHe: HHIUBUIYAIbHbIE 3aJaHNsI, YYCOHUKH, KOHCTIEKTHI JIEKIIUH.

3amanue:

1. Haiitu maTpuny C = A% + 3AB, TOe A = (_LE _31:" B= {T _31)

2. BrrsicHuTh, ABIISIETCS MaTpula At =

2

4 E)

(
—32—3) 1 0 =5

1
) 00paTHOM K MaTpHULIE 4 = (g g)

3. Hamermarpuup: 4 =| 1 5 —2|u B=|3 —4 1 | Haiigure: A+B;2A; AB; BA.
2 4 -1 0o -2 2

Iopsinok BbINMOJTHEHHSI PAa0OTHI:

1. 3Bamnwummwmre 3amanue.

2. Omnpegenute, Kakhe JEHCTBUS, W MO KakUM MpaBUiiaM HEOOXOJUMO BbBITIOJHUTS.
[IpounTaiiTe KOHCIEKT.

3. Brmonnwute nerictus. [IpoBepsTe NPaBUIBHOCTD BHIYNCICHUH.

Xox padoThI:

ManHHeﬁ HAa3bIBACTCA IIPAMOYI'OJIbHAA Ta6.]'H/I]_[a YHUCCII. ManI/IHa 3aIIMChIBACTCS B BUJIC:
Byy  Opz..  Oyp

A=|0y Q. O |
ﬂi’lll ﬂi";.: ﬂﬂli’!

JleicTBuA HaJ MAaTPULIAMU:

1.Cnoxenue.
Omneparusi CJI0KEHHS BBOJUTCS TOJBKO JJISI MATPHIl OJJUHAKOBBIX pa3mMepoB. [Ipu cnoxenun
MaTpHII UX COOTBETCTBYIOIIHNE SJIEMEHTHI CKJIa[bIBAOTCS.

ay +by 6 Fhp @y by,
A+B=C=|ay +bsyy oz +DBaz = 8oy + by
ni"i.]. + bi"i.]. ﬂi"i: +bﬂi: ﬂi"'i.ﬂ + bi"‘i.ﬂ

2.YMHOXEHHE Ha YUCJIO.
26



[Ipn yMHOKE€HUHU MATPUILBl HA YUCIIO KAXK/BIN €€ 3JIEMEHT YMHOXKAETCS Ha 3TO YUCJIO.

kﬂll kﬂl: e kﬂlﬂ
kﬂ :(kﬂ:]_ kﬂ::"' kﬂ:ﬂ ).
kﬂi’lll kﬂi"i: |l;"-I:!i"li.i’!

3.YMHOXEHHE MaTPHII.

Onepanys yMHOXKEHHUS MaTpUL BBOJUTCS TOJIBKO JUISl Cllydasi, KOTJIa YUCIIO CTOJIOOB MepBOH
MaTpHLBI PABHO YUCILY CTPOK BTOPOH.

YroObl HANWTH JIEMEHT MATPHIIBI, CTOSIIUI B I-TOM CTpoKe B K-TOM cTOJI01IE, HY)KHO
BBIUHCIIUTH CYMMY IIPOU3BEICHHUI JIEMEHTOB I-TOM CTPOKU MEPBOM MATPHUIIBI HA COOTBETCTBYIOIIHE
3JIEMEHTHI K-TOr0 CTOJIOIa BTOPOH.

1.Haittu matpuny ¢ = A* + 3AE, eciu
_ (2 3y m_f3 -1

a-(z_l C)ie=(] 7))
a) Haiinem A°, yMHOasi MaTpUILy camMmy Ha ceOst
qg_(—E 3)(—2 3)_(? —'EI)
N VA T PR O B
0) Haiinem matpuiy 34, yMHOXHB BCE JIEMEHTBI MaTpHUIlbl A Ha 3.

{2 3y _[—6 O

3"J'_a(l —1)_(3 —3)

B) Haiinem npoussenenue 3AB

_f—=6 9 /3 =1y _ (=21 33
348 ‘( 3 —3:' (1 3 ) - ( 12 —12)
r) Haitnem matpuny C, ckiajpiBasi COOTBETCTBYIOIIUE DJIEMEHTHI

=y D)+ (2 )= 3

2.Haiinem npou3BeicHUE A - A~ u Ala

eri=C D(F D=0 ==

3
-2 1%y 3 10
A‘l-az(;. _,)(— ):( ):E.
3 -3/ % 6 0o 1

B cooTBeTcTBHU C ONpCACIICHUEM JAaHHBIC MAaTPULBbI ABJIAOTCA B33PIMOO6paTHBIMI/I.

-3 2 =3 1 0 -5
3. Jampi Matpup: A =| 1 5 —-2|uB=|3 -4 1 )
2 4 -1 0 -2 2
Haiinure: A+B; 2A; AB; BA.

-3 2 -3 1 0 -5 -2 2 -8
A+B=|11 5 =-2|+(3 -4 1 ]|]=(4 1 -1}
2 4 -1 0 -2 2 2 2 1

-3 2 =3 1 0 -5 3 -2 11
C=4-B=|1 5 =213 -4 1 ]=(16 —-16 —4|;
2 4 -1 0 -2 2 14 -14 -8

ci1=—314+23+4(=3):0=3;

c12 ==304+2-(-4)+(-3)-(-2) =-2;

c3 =—=3(=5)+2-1+(=3)-2=11;

¢y =1-14+5-3+(=2)-0=16;

crp =1-0+45(=4) +(=2)- (=2) = —16;
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1 0 =5 -3 2 =3 -13 —-18 2
B-4=({3 -4 1)1 5 =-2)=(-11 -10 -2
0 -2 2 2 4 -1 2 -2 2

®dopMa npeaocTaBieHns pe3y/IbTaTa: BBIIIOJHEHHAs paboTa.

Kputepun onenku:

- «OTAnM4HO» - yMeHHMs c(POPMUPOBAHBI, BCE 3aJaHMs BBINOJIHEHbI NMPABUIIBHO, 0€3
aprupMeTHYECKUX OMUO0K, pemieHne 0hopPMIIEHO aKKypaTHO, C HEOOXOIUMBIMU 000CHOBAHHUSIMHU.

- «Xopo1o» - HEKOTOpble yMEHHsS C(HOPMHUPOBAHBI HEIOCTATOYHO, BCE 3aJaHUA
BBITNIOJIHEHBI, HEKOTOPBIE€ BU/IbI 3a/laHUM BBINOJIHEHBI ¢ omKOkamu. be3ommboyHo BemoaHeHo §0-
89 % Bcex 3amaHuil.

- «Y IOBIETBOPUTENBHO» - HEOOXOJAMMBIE YMEHHS B OCHOBHOM C(OpPMHUPOBAHBI,
OOJIBIIMHCTBO 3a/laHUM BBINOJIHEHO, HEKOTOPbIE M3 BHINOJHEHHBIX 3a/laHUuM COJEpKaT OLIMOKH.
bezommn6ouno BeimonHeno 70-79 % Bcex 3amaHuil.

- «HeynoBneTBopuUTENbHO» - TEOPETUUYECKOE COJAEpKaHME Kypca HE OCBOEHO,
He0OX0oIuMble YMEHUS He C(OPMHUPOBAHBI, BBHIMOJHEHHbIE yueOHbIE 3a/laHUs COJEp>KaT rpyoObie
omnOku. be3ommn6ouHo BhImoaHEHO MeHee 70% Bcex 3ajaHuid.

Tema 2.1 MaTpuubl 4 onpeaeJuTen

IIpakTnyeckoe 3ansitue Ne9
Botuucnenue onpedenumeneii 6mopozo u mpemunezo nopaoka

b padoThl: HAYYUTHCS BBIYUCISITH ONPEACIIUTEIN BTOPOTO U TPETHETO TOPSIKOB.
Bbinosinus patdory, Bel Oynere:

ymemup:

V1. pemate npuKIagHbIC 3aa94 B 00J1aCTH TPOPECCHOHAIBHON IEATEIHHOCTH;

Y001.03 onpenensaTh dTanbl perieHus 3a/1a4u;

Y001.08 peannzoBaTh COCTaBICHHBIN IJIaH;

MarepuajibHoe obecniedeHne: WHIUBUTyaIbHBIC 3a/IaHUsI, YUCOHUKH, KOHCIIEKTHI JICKITUH.
3aganue:

BrrauciauTs onpenenuTenu:

3 3 -5 10 2 1 3.5 78

-3 5 M o 1 7 01
1) 2)[1 1 2 3)|-15 5 -2|4)

B P 2o (1) 51 g i

Ilopsinok BbINOJTHEHHS PadOTHI:

1 3anumuTe onpeaenuTenb, ONPeIeIUTe KAaKOTo OH MOPSAKA.

2 Ucnonb3ys COOTBETCTBYIOIIEE ONPEIEICHUE, BHIUMCINTE 3HAUCHHE OTIPEIEIIUTEIS.
Xox padoTsI:
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OrnpenenureneM KBaJApaTHONW MaTPUIIbI BTOPOro MOPsiAKa (OIpeIeIUTeIeM BTOPOTO MOPSIKA)
Ha3bIBAETCS YHCIIO, PABHOE PA3HOCTU IIPOU3BE/ICHUH AIIEMEHTOB IJIaBHOM JMArOHaIN U 3JIEMEHTOB

n0OOYHOM AUArOHAJIH.
ay by
=ﬂl 'IJ: —ﬂ:'bl

ﬂ: IJ:
OHpel[eJII/ITeJIeM KBazIpaTHOI‘/’I MaTpHUIbI TPETHETO IOPsaKa (OHpGl[GJII/ITeJIeM TPETBEro HopsmKa)
Ha3bIBaCTCs YMCJIO, paBHOC

ayp gz Gy

Q1 Q3 O3] =@y a

]
¥4

f33 + appay3a3; + a8y 837813 — 6138383 — 6

[TT R

fi3y G313
OnpenenuTeneM KBaapaTHOM MaTPHUILI N-I0O MOPSAAKA HA3BIBAETCS YUCIIO, PABHOE CYMME
HPOU3BENECHUHI DIEMEHTOB JIFO00H CTPOKHU UIIH CTOJIONA HA MX anreOpandecKue IOIOIHEHHS.

a ay as A14

_|az1 ax Q23 Qos| _
A= S T 11411 + agpA12 + a13413 + a4,
Qg1 Qg2 Qg3 Q44
_ i+

MHHOPOM HEKOTOPOTO JIEMEHTAd;; ONPEIETUTENs N-TO HOPsAIKA Ha3bIBACTCS onpenenuTens  (N-
1)-ro nopsixa, MOJy4EeHHBIH U3 HCXOJHOTO OIPENEIUTENS TyTeM BEIYEPKUBAHUS CTPOKHU U
cT0JI011a, Ha TIEPECEUEHUH KOTOPBIX HAXOIUTCS BHIOPAHHBIH DJIEMEHT.

Brrunciuts onpeaenuTent:
7 .
1)|§ ;|=2-ﬁ—3-'[,—4]=12+12=24

5 -2 1
213 1 —4/=5-1-(-3)+(-2)-(-9)-6+3-0-1-
6 0 -3

-6-1-1-3-(-2)-(-3)-0-(-4)-5=-15+48-6-18=

=48-390=20

4 0 5

3)|-6 2 -7|=4-2-240-(-7)-1+(-6)-(-3)-5-

1 -3 2
-5:2:1—-(-6):0:2-(-3)-(-7) =16 40+90—-10-0—-84 =12

_31 3 g 8 7 0 1

1 -1 7 4 -17 4

5 7 8 5 7 8 5 7 8

5 3 2/+0-]7 0 1({—-1-|17 0 1|=122

-1 7 4 -1 7 4 5 3 2

®opma npeacTaBaeHus pe3yJbTaTa: BHIIOJHEHHAs paboTa.

Kputepun onenkn:
—  «OtnnyHO» - yMeHHUs chOpPMHUPOBAHBI, BCE 3aJaHUs BBIMOJHEHBI MPAaBUIBHO, 0€3
apu(pMeTHYECKHX OLINO0K, perieHre 0(hOpPMIEHO aKKypaTHO, ¢ HEOOXOAUMBIMU 000CHOBaHHSIMU.
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—  «Xopomo» - HEKOTOpble yMEHHsS C(HOPMHPOBAHBI HEIOCTATOYHO, BCE 3aJaHHA
BBITIOJTHEHBI, HEKOTOPBIE BUABI 331aHUH BBHIOJIHEHBI ¢ omunOkaMu. bezommbouno BemonHeHo 80-
89 % Bcex 3a1aHuil.

—  «YOBIETBOPUTENBHO» - HEOOXOAWMBIE yYMEHHS B OCHOBHOM C(OPMHUpPOBAHBI,
OOJIBIIMHCTBO 33JaHUH BBITIOJHEHO, HEKOTOPHIE M3 BBIMIOJHEHHBIX 3a/laHUH COJIEPKAT OIIMOKH.
be3zommbouno BeimosHeHO 70-79 % Bcex 3amaHuii.

—  «HeynoBneTBOpUTENbHO» - TEOPETHUECKOE COJIEp)KAHHE Kypca HE OCBOEHO,
HE0OX0/IMMbIE YMEHHUSI HE Cc(HOPMUPOBaHBI, BBHIMOJHEHHBIE y4eOHBIC 3alaHUs COJepXkKarT rpyobie
omunOku. be3ommbouno BeimonHeHO MeHee 70% Bcex 3aJaHui.

Tema 2.2 Cuctembl JIMHEHBIX YPABHEHUH

IIpakTnueckoe 3ansiTue NelQ
Pewenue cucmem ypasnenuit memooom Kpamepa

Heap paGoTbl: HAYYUTHCS pelIaTh CUCTEMBbI IMHEWHBIX YPaBHEHUHN, UCTIONb3Yys (OPMYIIbI
Kpamepa.
Bbinosinus patdory, Bel Oynere:
ymemp:
V1. pemats npuKIagHBIC 331291 B 00J1aCTH TPOPECCHOHAIBHON e TEHHOCTH;
VY001.03 onpenensiTh STarbl penIeHUs 3a/1a9H;
Y001.08 peann3oBath COCTaBIICHHBIH TIJIaH;
MarepuanbHoe o0ecrieyeHme:
WuauBuayanbHble 3a1aHus , Y4€OHUKU, KOHCIEKTBI JIEKITHI.
3ananmue:
PemmmTh cuctembl IMHEHHBIX YPaBHEHUM:
3Xx+3y—-5z2=-2
1) {3x—5y=11 2) Ix+y+2z=3
2x+3y =20
2X—-y+72=27

IMopsinok BbINOJIHEHHSI PAa0OTHI:

1. 3anumuTe cucTeMy ypaBHEHUU.

2.3anummre U BBIYUCINUTE ONPEACTUTENIb CUCTEMBI.

3.Bblyuciaute onpeaenuTeN KaK 101 HEM3BECTHOM.

4. HaiiauTe 3HaYCHUS HEM3BECTHBIX, UCIONB3Yys Gpopmyibl Kpamepa.

Xox padoThI:
. N gy x; +appx; =by
[IycTh naHa cucrteMa IByX JMHEWHBIX YPABHEHUM C ABYMS HEU3BECTHBIMH: i1 4+ s = B
1% 1% =
CocTtaBuM OMpeaeIUTENb U3 KO3(PPHUITMEHTOB TPH HEM3BECTHBIX. DTOT ONPEICTUTEh HA3bIBACTCS
gy Oy |
(ay  Qazn

OIIPCACIINTCIICM CUCTCMBbI: A=

CocTaBuUM OIPENENIUTENN KK I01 Hen3BecTHOUM. OnpenesuTelb Ay MoIydaeTcsi U3 onpenenuTes A
b 1 27

MyTE€M 3aMEHbI IIEPBOTO CTOJI01a KOAPPUIIMEHTOB CTOJIOIIOM U3 CBOOOTHBIX YJICHOB. &= b a

OHpe,[[eJ'II/ITCJ'II) Hq OJIYy4acTCA U3 OIIPEACTIUTCIIA A IMyTEM 3aMCHBI BTOPOTO CTOJ'I6I_[8.

K03 (UIIMEHTOB CTOIOIOM U3 CBOOOTHBIX UJICHOB.
A= ay by
ax by
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IlycTs nana cucrema Tpex JIMHEWHBIX YPaBHEHUM C TpEeMsl HEU3BECTHBIMU:
aj %y + appxy +ay3x3 = by
@71 %1 + agp % + ag3x3 = by

3% + agx; + azzx; = by

CocraBuM omnpeaenuTens u3 KOdPGUITUEHTOB ITPU HEU3BECTHBIX. DTOT OMPEICIUTEIh Ha3bIBACTCS
fyy Gz g

OIPEACIIUTEIIEM CUCTEMBI: A= @23 @2z Osg

Qzp gz Oy
CocTaBuM orpeaenuTenu Kaxaoi Heu3sBecTHOU. OnpenenuTens Ay MOJIydaeTcs U3
OTIpeeNUTENIATYyTEM 3aMEHBI IIEPBOTO CTOJIONA KOI((PHUIIEHTOB CTOIOOM U3 CBOOOHBIX

YJIEHOB

by ap a3
Aj= by ez ag

by a3z a3

Omnpenenurens 4; moyydaeTcst U3 onpeAenuTens A myTeM 3aMeHbl BTOPOTo cTos0na

K03((UIIMEHTOB CTOJIOLOM U3 CBOOOTHBIX UJIEHOB.
ay by 4

Il
=]
a
—
o
a
=]
PRI T

)
& &
ay; by a3

Omnpenenurens A; TOTydaeTCss U3 OTPEACTUTENS A TyTeM 3aMEHBI TPEThEro CTOJIONa
K03 PuImeHToB CTOJIOIOM M3 CBOOOIHBIX YJICHOB.

ay @ by
A= ey an b
a3 63 by
YT1o0Obl BLIYHMCIIUTh 3HAYEHHs HEU3BECTHBIX, BOCIIONb3yeMcs popmynamu Kpamepa:
x_A1.x _Az.x _As
T7 a0 727 237

Paccmotpum npumep:
Pemnth cucremy ypaBHEHMIA:
x4 2x; —3x; =0
2y —x +4x; = 33

3.1'1 + I: —_ I; = 5

(1 2 —3) 1 2 -3

A=|2 -1 4 [jpA=2 -1 4|=10=0

i 1 -1 i 1 -1

Brruncium onpeaenuTen KaxkI01 nepeMeHHOM:
0 2 -3

A=1(5 -1 4|1=0-13+40—-134+10-0=20
3 1 -1
1 0 -3

A= |2 5 4 [=—-5—-304+04+45-0—-20=-10
3 53 -1
1 2 0

Az=1(2 -1 5|=-54+40430-0-20—-5=0
3 l" 3 " )

xy —i::—:=-;xz =2 _l."=—1;13 =£:L.:U
FRT A1 A 10

Ortsert: (2;-1;0).
®opma npeacTaBaeHus pe3yJbTaTa: BHIIOJHEHHAs paboTa.
Kputepun onenkn:
- «OTIN4YHO» - yMeHHus c(hOpPMUPOBaHBI, BCE 3aJaHMs BBIMOJHEHbI MPAaBUIBHO, 0€3
apu(pMeTHYECKHX OLINO0K, perieHre 0(hOpPMIEHO aKKypaTHO, ¢ HEOOXOAUMbBIMU 000CHOBaHHSIMU.
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—  «Xopomo» - HEKOTOpble yMEHHsS C(HOPMHPOBAHBI HEIOCTATOYHO, BCE 3aJaHHA
BBITIOJTHEHBI, HEKOTOPBIE BUABI 331aHUH BBHIIOJIHEHBI ¢ omnOkaMu. bezommbouno BemonxneHo 80-
89 % Bcex 3a1aHuil.

—  «YOBIETBOPUTENBHO» - HEOOXOAWMBIE yYMEHHS B OCHOBHOM C(OPMHUpPOBAHBI,
OOJIBIIMHCTBO 33JaHUH BBITIOJHEHO, HEKOTOPHIE M3 BBIMIOJHEHHBIX 3a/laHUH COJIEPKAT OIIMOKH.
be3zommbouno BeimosHeHO 70-79 % Bcex 3amaHuii.

—  «HeynoBneTBOpUTENbHO» - TEOPETHUECKOE COJEpKAHHE Kypca HE OCBOCHO,
HE0OX0/IMMbIE YMEHHUSI HE Cc(HOPMUPOBaHBI, BBHIMOJHEHHBIE y4eOHBIC 3alaHUs COJepXkKarT rpyobie
omunOku. be3ommbouno BeimonHeHO MeHee 70% Bcex 3aJaHui.

Tema 2.2 Cuctembl JIMHEHBIX YPABHEHUH

[MpakTuyeckoe 3ansiTue Nell
Pewenue cucmem ypasnenuit memooom I'aycca

eab padoThbI: HAYYUTHCA PEIIATh CUCTEMBI JMHEWHBIX YPABHEHU METOJOM MOCIIEI0BATEIHLHOTO
HCKITIOUEHUSI TIEpEeMEHHBIX (MeToioM ["aycca).
Bbinosinus patdory, Bel Oynere:
ymemp:
V1. pemats npuKIagHBIC 331291 B 00J1aCTH TPOPECCHOHAIBHON e TEHHOCTH;
VY001.03 onpenensiTh STanbl peNIeHUs 3a/1a9H;
Y001.08 peann3oBath COCTaBIICHHBIN TIJIaH;
MarepuajbHoe ob6ecniedenue: HIuBUyabHbIE 3aJaHNsI, YUEOHUKH, KOHCTIEKTHI JIEKIIU.
3ananmue:
PemmnTh cuctembl IMHEHHBIX YPaBHEHUM:
3X—2y+Z=10 X1+XZ—3X3+2.X'4=6,
X7 +X3 + 3X4 = 16,
l.ix+5y—-2z=-15 2
X1 — 2.X'2 — X4 = —6,
2x —2y—z=3

le - 3x2 + 2.X'3 =6
Iopsinok BbINMOJIHEHHSI PadOTHI:

1. 3anuIImMTe CUCTEMY JIMHEUHBIX YPaBHEHHUIA.

2. CocTaBbpTe PACIIUPEHHYIO MATPUILLY.

3. BommosHuTe  sneMeHTapHble  NIpeoOpa3oBaHUS  CTPOK  MATPHIB,  HMCKIIOYas
MIOCJIEI0BATENILHO IEpeMEHHbIE. B pe3ynbTaTe 10KHA NOJIYUYUThCS CTylIeHYaTasi MaTpULa.

4. Ilo cryneH4aToi MaTpuLEe COCTABbTE CUCTEMY.

5. IlocnenoBarenbHO HAWOUTE 3HAYEHUS BCEX HEU3BECTHBIX.

6. 3anmuuuTe OTBET.
Xox pabdoThI:
Merton 'aycca siBnsieTcst 0HUM U3 HanboJiee YHUBEPCAIBHBIX METO/I0B PEUICHUS CUCTEM
JIMHEWHBIX ypaBHEHUN. OH COCTOUT B MOCJEA0BATEIbHOM UCKIFOUEHUH HEU3BECTHBIX.
[Ipouecc pemenus no metony ["aycca coctout u3 AByx 3tanoB. Ha nmepBom 3tarne (mpsmMoit Xox)
cUCTeMa MPUBOAUTCS K CTyreH4aToMy Buay. Ha Bropom starme (0OpaTHBbIif X01) UIET
MIOCJIEI0BATENILHOE ONPECIICHNE HEU3BECTHBIX U3 3TOU CTYNIEHYATON CUCTEMBI.
Ha npaxTuke ynobHee paboTaTh He ¢ CUCTEMON ypaBHEHHUH, a ¢ paCIIMPEHHON MaTpHIIEH,
BBITOJIHSS BCE 3JIEeMEHTapHble IPpeoOpa30BaHusl Hajl €€ CTPOKaMH.
DneMeHTapHBIMU MTPE0OPa30BaHUSIMU MATPULIBI SBIISIOTCS:
- IEPECTAHOBKA CTPOK MECTAMM;
-YMHOK€HHE HEKOTOPOH CTPOKH Ha JIt000€, HE PaBHOE HYIIIO YHUCIIO;
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-TipuOaBICHUE K AIIEMEHTaM OJIHOW CTPOKH COOTBETCTBYIOIIHMX 3JIEMEHTOB JIPYTON CTPOKH,
YMHOKE€HHBIX Ha OJJHO U TO K€ YHCIIO
Paccmorpum npumep:
1) Pewmmthb cucTeMy ypaBHEHHIA:
x4 2x; —3x; =0
{Exl — X3 + ‘1‘.1'3 = o
3.1'1 + X3 — X3 = 3
CocTaBuM pacHIMpeHHYI0 MATPHUILY U3 KOA(D(GHUIIMESHTOB IMPU HEU3BECTHBIX U CBOOOTHBIX YJICHOB:
1 2 =30
{41B) = (2 -1 4 5)
3 1 -1i5
BrinonHuM a5ieMeHTapHbIE TPe0Opa3oBaHus HAJl CTPOKAMU MaTPHIIBL:

1 2 -=3|0 1 2 -=3|0 1 2 =30
(2 -1 4 5) w([] -3 10 5) w([] 1 -2 —'J.)’v
3 1 115 0 -5 815 0 -3 815

1 2 -3|0
~ (EI 1 -2 —'J.)
0o =210

[TosryaenHOM MaTpHile COOTBETCTBYET CUCTEMA YPAaBHEHUM:
FJ.']_ + Ex: —_ 3.1'3 = ﬂ
Xy — 2.7.'3 =-1 '

. —EIE =10

Haumnas CHHU3Y BBCPX, HAXOAWM 3HAYCHUSA HCU3BCCTHBIX!

(% + 227 — 323 =0 [z +2x —3x;=10 xw+2-(-1)=10
¥ —2xyp=-1 ] [ x =-1 : { w=-1

9 .1'3: I;ZU .1'3:['
.1'1=2

I::—l.

L x3 =10

Ortser: (2;-1,0).
X1 +x2 —3x3 +2.X'4 = 6,
Xy +x3 + 3.7(,'4_ = 16,

2) xl—sz—x4=—6,
le—3xZ+ZX3 =6
1 1 -326 1 1 -326 1 1 -326
0 1 1 3 16 01 1316 | _( 0 1 1 316 | _
1-20-1-6 0 3 -3 3 12 01 -11 4
2 -3 2 06 0 -5 8-4-6 0—-5 8—-4-6
1 1 -326 1 1 -326 1 1 -326
0 1 1 3 16 0 1 1316 | _( 0 1 1 3 16
0 02 2 12 0 0 1 16 0 01 16
0 0 13 11 74 0 0 13 11 74 00 0-2-4
xl+xZ—3.X3+2.X4,:6,
xZ+X3+3.X4,:16,
X3+X4:6,
—2x4:—4
Hauunas CHHU3Y BBEPX, HAXOJUM 3HAYCHHU A HCU3BECTHBIX!
X1:8
x2=6_
X3:4’
X4:2
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Otser : (8;6;4;2).
dopmMa npeacTaBIeHUs pe3yJbTaTa: BHIIOJHEHHAS paboTa.
Kputepuu ounenku:

- «OTnuaHO» - yMeHHsS cOPMUPOBAHBI, BCE 3aJaHWs BBIIIOJHEHBI MPABUIBHO, 0€3
apudmeTnyeckux ommbOK, penieHne oPopMIICHO aKKypaTHO, ¢ HEOOXOAMMBIMU 00OO0CHOBAHHUSIMHU.

- «XOopoIo» - HEKOTOpble yMEeHHs C(HOPMHUPOBAHBI HEAOCTATOYHO, BCE 3aJaHUS
BBITIOJTHEHBI, HEKOTOPBIC BUABI 331aHUH BBHIIOJIHEHBI ¢ omuOkaMu. be3ommbo4yHo BeimonHeHO 80-
89 % Bcex 3a1aHuil.

- «Y IOBIETBOPUTENBHO» - HEOOXOAWMBIE yYMEHHS B OCHOBHOM C(HOpPMHUpPOBAHEI,
OOJIBIIMHCTBO 3aJaHUH BBITIOJHEHO, HEKOTOPHIE M3 BBIMOJHEHHBIX 3aJaHUH COJIEPKAT OIIMUOKH.
be3zommbouno BeimosHeHo 70-79 % Bcex 3agaHuii.

- «HeynoBneTBopUTENbHO» - TEOPETUUYECKOE COJAEP)KAHHE Kypca HE OCBOEHO,
HE0OXO0/IMMble YMEHUS HEe C(OPMHUPOBAHbI, BBHINOJHEHHbIE y4eOHbIE 3a/laHUs COJEpKaT rpyoObie
omnOku. be3ommn6ouHo BhIoMHEHO MeHee 70% Bcex 3aaHuid.

Tema 3.1 OcHOBBI TEOpUM BepOSITHOCTEH

IIpakTnyeckoe 3ansaTue Nel2
Pewenue 3a0au na 0CHO6HbIE NOHAMUA KOMOUHAMOPUKU

eas paGoThbl: OCMBICIUTH OCHOBHBIC TOHSITHS KOMOWHATOPUKH, HAYYHTHCS OTIUYATH OJIHY
BBIOOPKY OT JIPYTOi, IPUMEHATH (DOPMYJITBI JIUIS MX HaXOXKICHHS.

Bbinosinus patdory, Bel Oynere:

YMETb:
Y001.03 onpenensiTh ATAnbl perieHus 3a/1a4u;
Y001.08 peann3oBaTh COCTaBICHHBIN IJIaH;

MartepuajbHoe o0ecnieueHue:

WnauBuayanbHble 3aaHusl, KOHCIIEKTHI K.

3ananue:

1. B copeBHOBaHusX ydacTByeT 10 4enoBek, Tpoe U3 HUX 3aiiMyT 1-e, 2-¢ u 3-¢ MmecTo. CKOIBKO
CYIIECTBYET pPa3JIMYHBIX BAPUAHTOB ?

2. U3 rpynmel, B KOTOpOH ydyuTcs 12 4enoBek, HEOOXOAMMO BBIOpaTh 3 4YelOoBEKa B COBET
koJutepka. CKOJIBKO CYIIECTBYET pa3M4HbIX CIHOCOOOB Takoro BbIOOpa.

3. Ha kHMKHOI NOJIKE BBICTABIEHBI 8 KHUT PA3JIMYHBIX aBTOPOB. CKOJIBKO CHOCOOOB UMEETCS
JUIS PACCTAaHOBKH 3THX KHUT B pa3HOM HOpsiaKe?

Xoa padoTsbl
1. Onpenenute BUI BEIOOPKH O€3 TOBTOPECHHMS.
2. BriOepere cOOTBETCTBYIONIYIO (OPMYITY JIJIsl BBIYUCIICHUST BO3MOXHBIX KOMOWHAIIHA.
3. IIpousBeaurte BBIYUCICHHS, UCIIOJIB3YsI MOHATHE (haKTOpHAIA.
B ocHoBe perienus 3a1a4 Ha KOMOMHATOPHKY JISXKAT JiBa MPaBHUIIA:
1.IIpasuno cnoxycenun. Eciv HEKOTOPBINA 3JIEMEHT A MOXHO BBIOpaTh M criocobamu, a qpyroi
aneMeHT B —nNcnocobamu, HCKITIOYAIONIMME JPYT JpYyra, TO BEIOOP KAaKOTO-HHOYIh OJHOTO U3
3TUX 3eMeHTOB( 100 A, mi60 B ) MOKHO OCyIecTBUTE M+ N criocobamu.

2.Ilpasuno ymnosxcenun. Ecnn HEKOTOPBINA 3eMeHT A MOXXHO BbIOpaTh M crioco0amu U eciiu
Mocjie KaXJoro Takoro BbelOOpa sneMeHT B MoxHo BbIOpaTh Ncmoco0amu, TO BBIOOp MHaphbl
anemenToB (A, B) B ykazaHHOM mopsiike MOXKHO OCYIIECTBUTH M- N crocobaMu.
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3aoaual. Tlpu popMuUpOBaHUU FKHUITAKA KOCMUUYECKOTO Kopabis umeercs: 10 mpeTeHIeHTOB Ha
MOoCT KoMaHaupa,20 TMPETeHIEHTOB Ha  MOCT OOPTHHXEHEpa,25 TMPEeTEHJCHTOB Ha TOCT
KocMOHaBTa-uccienoBarens. CKOJIbKAMHU CIIOCO0AMU MOXHO BBIOpaTh OJHY W3 KaHIUAATYp Ha
MOCT KOMaHIMpa, WK OOPTHHKEHEPA, WIH KOCMOHABTA-UCCIICIOBATENS?

Pewenue. Tlo mpaBumy cymmbl cymectByeT 10+20+25=55cnoco6oB BbIOOpa OAHOW U3
KaHUIATYpP.

3a0aua2.B cTONOBOW NpE/UIaralOT ABa PasJIMYHBIX IEPBBIX @ &, M a,;TPHU Pa3IMYHBIX BTOPBIX
omopa: b,b,,b, u nBa pasmmunbx necepra:c, u c,. CKOJIBKO pa3NIUUHBIX 00€J0B U3 Tpex Oiox

MO>KET BbIOpaTh MOKYyMHaTesb?

Pewenue. Tlepoe 011010 MOKHO BBIOpPATh IBYMs CIIOCOOaMHU, BTOPOE OJFO0 MOKHO BBIOpATh
Tpems cioco0aMu, TpeTbe OJIF0JJ0 MOKHO ABYMS criocobamu. [1o nmpaBuily yMHOKEHHSI CYIIECTBYET
2x3x2=12 criocoOoB BEIOpaTh 001 U3 TpeX OO

3. lToomnosrcecmea n- muodxicecme(coeounenus).

Jlnst HaxoxmeHus K —OJMHOMKECTB HEKOTOPOro N —MHOXKECTBA HYKHO BhIOpaTh K m3Nero
3NIEMEHTOB (IIOATOMY YacTO TFOBOPSAT O gbibopxre K anmeMenToB u3 N —31eMeHToB). [Ipo BhIOpaHHBIC
K ®u3 N pa3muuHbIX 3JEMEHTOB MPUHSATO TOBOPHTH, YTO OHH OOpa3ylT coeluHeHHe u3 N
anemeHToB 1o K .Coedunenue-cobuparelibHbI TEPMUH KOMOMHATOPUKU. B 3aBHCHMOCTH OT TOTO,
UMeEeT JIM 3HAYeHHUE IMOPSJIOK 3JIEMEHTOB B COCJAWHEHHHM WIIM HET, a TaKKe OT TOro, BXOJAT B
coeMHEeHHWEe Bce N DSJIEMEHTOB WM TOJBKO YacTh WX, Pa3jHyalOT TPU BHJA COCTUHCHHWI:
nepecmamnoeKu, pazmeu|eHus, couemanusl.

Ilepecmanosxu.

[lepectanoBKaMu ®3 N —3JEMEHTOB Ha3bIBAIOTCA TaKWe COEAWHEHHs W3 N —3JEeMEHTOB,
KOTOPBIE OTJIMYAIOTCS APYT OT JIPyra TOJIBKO TOPSIKOM PACIIOJIOKEHHSI SJIEMEHTOB.

O6o3Hauenue: P, =n!

Pazmewenus.

Pa3zmemnenusmMu U3 N —3JIEMEHTOB HA3bIBAIOTCS TAKWUE COCIAWHEHHS , KaXJI0€ U3 KOTOPBIX
COMEPXKUT M 3JIEMEHTOB, BHIOPAHHBIX W3 YHCIIA JaHHBIX N —3JIEMEHTOB, OTJIWYAIOUIUXCS JHUOO
COCTaBOM, JINOO MOPSIKOM UX PACIIOIOKEHUS, JTMOO U TEM , H IPYTUM.

n!

(n—m)!
3aMeuanue. PaccMoTpeHHBbIE paHee TMEepEeCTAaHOBKM — YAaCTHBIM ciaydall pa3MmemieHuid u3z N—
AJIEMEHTOB M0 N — 3JIEMEHTOB.

OGo3nauenue A =

n!
—A"=_"_nl
P, =A, 3 n!
55440.
Couemanus.

CouetaHusaMH W3 N- 3JIEMEHTOB IO MHA3BIBAIOTCS TaKHE COCAUHCHUA, KOTOPBLIC OTIMYAIOTCA

APYT OT Apyra XOTAd OBI OJHHUM 3JICMCHTOM.

n!
O6o3Hauenue:C, = ———
ml(n—m)!

ITopsinok BbINOJIHEHUs padOTHI:

1. Omnpenenute BU BBIOOPKU O€3 MOBTOPEHMUS.

2. BpiOepeTe COOTBETCTBYIOLIYIO (hOPMYIY Ul BEIUMCIEHHS BO3MOXKHBIX KOMOUHAIIUH.
3. IlpousBeanTe BHIYUCICHUS, UCIIONIB3YS OHATHE (paKTOpHaIa.
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KooBbIii 3aMOK OTKpBIBaeTCS TIOCIIEI0BATEIHHBIM HA0OPOM YETHIPEX pasHbIX Mudp. Tpedyercs

OTIPEJICITUTh YMCIIO BO3MOXKHBIX KOJOB, KOTOPBIE MOKHO IMOA00PATH IJIsS 3TOTO 3aMKa.

Pemenue.

1.Bo3moxueix mudp Bcero necsth(1,2,3,4,5,6,7,8,9,0).Kaxnas nabpanHas kKoMOWHAIUS KoJa
OTIIMYAETCS OT JPYrod KoMOWHammu XOTs Obl omHoi tmdpoii(1,4,5,7 #2,4,5,7),m100 MOpsSIKOM
HaOopa oamHakoBbIX 1Hdp(1,4,5,7#4,5,7,1),n09TOMy Ui TOACYETA HYHMCIA  BO3MOIKHBIX
KOMOUWHAITMIA KOJIOB UCIIOJIB3yeM (hOPMYITy YMCIIa pa3MeIICHHH.

2.®opMyra pa3MerieHnii uveer BumL A7 = — B namem cnyuyae n = 4, m = 10.

(m—m)!’
=10-9-8-7 =5040

10! _10!_10-9-8-7-6:5-4:3-2:1
(10-4)!" 6! 654321
2. CKOJIBKO CYIIECTBYET CIIOCOO0OB BHIOOPA TPEX UETOBEK U3 JAECATU?
Pemenue.
1. B nanHOM citydae mpH BBIOOpE IS HAC BaKEH TOJBKO COCTaB II0 TPH YEIOBEKA, MOPSIOK
BEIOOpA POJTM HE WTPAET, MOSTOMY B OTJIMYHE OT IEPBOTO MPUMEPA YUCIIO CIIOCOOOB MOJICYUTAEM
1o Gopmyie coueTaHui.

3. Ipoussoaum pacuér :Af, =

n!

2. ®opmyna coueranuii umeer Bu:C, = . B Hamem cioygae n=10, m=3.

m!(n—-m)!
10! 10! _7!-8:9-10

31(10-3)1 3171 32171 =120.

3.CKONBbKO pa3IUYHBIX YETHIPEX3HAYHBIX UYMCENT MOKHO cOCTaBUTh M3 mudpl,2,3.4 9
uudpsl HEe TOBTOPSIOTCS)?

Pemenue.
1.Ilo ycrnoBuiO JaHO MHOXECTBO U3 YETBIPEX DIIEMEHTOB, KOTOphIE TpedyeTcs

PacroJIOKUTh B ONPEAEIEHHOM MOPsIIKe. 3HAYUT, TpeOyeTcss HAaWTH KOJIMYECTBO MEPECTaHOBOK UX
YETBIPEX DIIEMEHTOB.

2.@opmyna MepecTaHOBOK M3 M —3JIEMEHTOB uMeeT BUA:P, = n! B HameMm ciydae n

3 . IIpousBoaum pacqéT:Cfo =

=4,
3.IIpousBeném pacuér: P, =41=4-3 -2 - 1=24.
dopma npeacTaBiIeHUs pe3yJIbTaTa: BHIIOJHEHHAS padoTa.

Kpurepum oueHku:

Ouenka "oT1JM4YHO'" CTaBUTCA, €cli pab0Ta BHIIIOJIHEHA B IMOJHOM 00BEME ¢ COOIOIeHUEM
HEOOXOMMO MOCIEA0BATEIbHOCTH ICUCTBUI; B OTBETE MPABUJILHO U aKKypaTHO BBIITOJTHEHBI BCE
3aIllMCU U BEIYHCIICHUA.

Ouenka "xopomo'" CTaBUTCS, €CIU BBITIOJHEHBI TpeOOBaHHMS K OIEHKE "OTIWYHO", HO
JIOTMYILIEHBI 2-3 HeJloYeTa.

Ouenka "ylI0BJIETBOPUTEIbHO'" CTaBUTCS, €CIM pabOTa BBIMOJHEHA HE TOJHOCTBIO, HO
00BEM BBITIOJIHEHHOM YacTH TaKOB, YTO TMO3BOJISET MOJIYYUTh MPABUIBHBIE PE3YIbTATHI U BHIBOJIBI;
B XOJI€ IPOBeACHUS pabOThI OBLIN TOMYIIEHBI OLITHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CM padOTa BBHINOJIHEHA HE MOJHOCTHIO WUITU
00BbEM BBITTOJTHEHHOM YacTH PabOThI HE MO3BOJISET CACNATh MPABHIIbHBIX BHIBOJIOB.

Tema 3.1 OcHOBBI TEOPUHU BEPOATHOCTEH

IIpakTnyeckoe 3ansiTue Nel3
Peuwienue 3a0au na gviuucnenue 6eposmHocmu

Iean padorbl: HayunThcst HAXOAUTH BEPOSATHOCTh COOBITUM, UCTIONB3YS (POPMYIIBI
KOMOMHATOPHKH.
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Boinosnus padorty, Bl Oyaere:
ymembp:

VY001.03 onpenensiTh 3Tanbl pelieHus 3a/1a4u;
Y001.08 peannzoBarh COCTaBIICHHBIN TIJIaH;
MarepuajbHoe obecniedenue: MHIuBryanbHbIe 3aJaHNSI, KOHCIIEKTHI JIEKLUH.

3ananue:

1. T'OTOBSICh K JTOKJIAMy, CTYJICHT BBIMTUCAI U3 KHUTH IUTATy, HO, 3a0bIB HOMEP CTPaHHIIBI,
Ha KOTOPO¥ OHa HaxXOWJach, HAaIMcal HOMep Hayaaudy. KakoBa BEpOSTHOCTh TOTO, YTO CTYICHT
3armcain Hy>KHbBIH HOMEp, €CJTM OH TIOMHHUT, YTO HOMEP BBIPAXKACTCSI IBY3HAYHBIM YHCIIOM?

2. B smuke 15 neraneit, cpenu kotopsix 10 okpamienbl. COOpmuK Haymayy BbiOpan 3
neramu. KakoBa BepOsSTHOCTh TOTO, YTO BEIOpAHHBIC JICTATH OKa3aJIMCh OKPAIICHHBIMU ?

3. Nmeetcs 8 xaptouek. OgHa CTOpOHA KaXAOW M3 HUX UMCTas, a Ha APYroil HamucaHbl
oykssl :K,1,P,J1, A,H,3,I1. KapTouku kiaayT Ha CTOJI YUCTON CTOPOHON BBEPX, MEPEMEIINUBAIOT, a
3aTeM IIOCJIEJIOBATEIFHO OJHY 3a JIpPYroi mepeBopaynBaroT. KakoBa BEpOSITHOCTH TOTO, INPH
MOCJIeI0BATENILHOM TOsIBJICHUHU OYKB OyzeT coctasiieH cioBo [IPA3JIHUK?

Ilopsinok BbINOJIHEHHS PA0OTHI:

1. Onpenenure coObiTHE A, BEPOSATHOCTH KOTOPOTO HY>KHO BBIUHCIIHTb.

2. TlpocunTaiite o6miee yucio (N) BO3MOXKHBIX HCXO/IOB.

3. IlpocumTaiite 4YUCIO UCXOMOB (M), OIATOTPUATCTBYIOIINX HACTYILICHUIO COOBITHS A.

4. Ucnonb3yiiTe QopmMydy s BBIYUCIECHUS BEPOSITHOCTH  OMPEICIEHHOTO COOBITHS.
m

PlA) =—

n

Xox padoThI:

Bepoamnocmoto cobvimuaA Ha3bplBaeTCS OTHOIICHUE YHKCIa M cilydaeB, OJIaronpusTCTBYIOLUIUX
€ro MOSIBIIEHUIO, K OOIIeMY YHCIy BCEX HECOBMECTHBIX PaBHOBO3MOXKHBIX W 00pa3yromIux
MOJIHYIO TPYIIY COOBITUH.

Takoe ompezencHUe BEPOSITHOCTH HA3bIBAIOT KIACCUYECKUM. BEpOsSTHOCTD COOBITHS
m
o6osnauaercst P(A) u Bbrumcnsercs no gpopmyne: P4) = —

BeposTHOCTh TOSIBIICHUS COOBITHS 3aKJIFOYEHA B Mpezesiax
or Omo1: O0=F(4) =1

HpI/I PCUICHUHU 3a/1a4 Ha BbIYHMCIICHHUC BCPOATHOCTH IIPHUMCHAIOTCA (bOpMy.]'IBI JUIA ToACYCTa Yucliia
KOM6I/IHaHHﬁ U3 JaHHBIX 3JICMCHTOB:

- YHUCJO MEePeCcTaHOBOK BhIUMcIseTcs o ¢popmyne: P, = n!

- YUCJIO paSMCH_IeHI/Iﬁ 13 N 3JIEMEHTOB MO M 3JIEMEHTOB B KAKOM BBIYUCIISICTCA 11O (bopMyne:

n!
m _
AV =

(n—m)!
- YUCJIO COYETaHMUU U3 N DIIEMEHTOB IO M DJIEMEHTOB B Ka>KIOM BBIYHUCITACTCA 110 (bOpMy.TICZ

n!
cr = ——
n (n—m)!'m!
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HaneXHOCTh KaXKI0T0 3JE€MEHTa CUCTEMBbI 3JIEKTPOCHAOKEHHSI MOYKHO XapaKTepH30BaTh
BEPOSATHOCTHIO pab0YEro COCTOSHUS P U BEPOSITHOCTBIO OTKa3a (. Eciin He y4UTHIBATh MJIaHOBBIE
MPOCTOU (PEMOHTBHI), TO MOXKHO CUUTATh, YTO AJIEMEHTHI B JTI000 MOMEHT BpEeMEHH HAaXOAATCS B
OJIHOM M3 3TUX cOCTOAHMI. Torna cyMMa BepoSITHOCTEN 3TUX cocTosiHUM paBHa 1:p + q = 1.

JUig rpynmnsl U3 ABYX 3JIEMEHTOB BO3MOYXHBI CIEIYIOIIUE COUETaHUS:
00a ryieMeHTa B pabodeM COCTOSIHHH;
IIEPBBIN AJIEMEHT B BBIHYKJIEHHOM IPOCTOE, BTOPOI B paboueM COCTOSIHUM;
IIEPBBIN AJIEMEHT B paboueM COCTOSIHUH, BTOPOI B BBIHYKJIEHHOM IIPOCTOE;
4. o0a sreMeHTa B BBIHYXJICHHOM MIPOCTOE.
BeposATHOCTH 3TUX COCTOSIHUI MOKHO HalTH, BOCIIOJIb30BABIINCH TEOPEMON YMHOKECHUS
BEPOSATHOCTEM.
Tak npu mocJieA0BaTEJILHOM COCAUHEHUH ABYX 3JIEMEHTOB C HAJIS)KHOCTBIO KaXKJIOT0 P1 U P2
HAJIC)KHOCTb BCEH CXEMBI ONPENEsAeTCs Kak P = Py * Py
Hpyrumu cioBamu cxema padomaem, eciu pabomarom ooa inemenma. Illpu omkaze 00nozo
(1106020) u3 Hux cxema pabomamso He Oyoem (MoK uepe3 yenv He noiloem).
BeposTHOCTE OTKa3a AJIsl 1OC/IeJ0BATEIbHOI0 COeANHEHUSI
P =1 — q1q; (s ABYX 2JIEMEHTOB).
P=1-¢qq;"..q, (WIgn—3I1eMEHTOB).

wn e

[Tpu mapa/uieIbHOM COeTMHEHUH JIBYX 3JIEMEHTOB C HAJICKHOCTHIO KAKIOTO P11
P2HANIEKHOCTb BCEH CXeMBbI ompenensieTcss Kak P = p1.p, +p1 - @2 + p2q
[Tonw3ysice hopmysoit A7 BEPOSATHOCTH TOSIBJICHUS XOTSI ObI OJJHOTO COOBITHSI, HAJIEKHOCTH CXEMBI
MapajyIeIbHOIO COCIMHEHU 3auChIBatOT B BUae P = 1 — q1q;.

JlpyruMu cioBaMu cxema padomaem, eciu padomarom ooa riemenma, Ho maxice oHd
pabomaem, eciu 8vliidem U3 cmposa U KaKou 1udo 0OuH u3 3J1eMeHmos.

1.Habupas Homep Tenedona, aboHEHT 3a0bL1 nochearre 3 nudpbl 1 Habpan uxX Haymavdy, MOMHS .
YTO OHU pa3InyHbl. HaliuTe BEpOsITHOCTD TOTO, YTO HAOpaHbI HYXHBIE IIH(PHI.

Pemrenue:

CoObiTHE A- «HOMEp HaOpaH BEPHOY.
Uucno nN-o0iiee 4YUCIO HCXOJOB UCHBITAaHUS IMOJYYHMM,  BOCHOJIB30BAaBIIMCH (OpMyIaMu
koMmOuHatopuku. Beero umeercs 10 mudp, T.€. uncio smeMeHToB paBHO 10; B KaK10€ COCIMHECHHE
BXOAWUT MO 3 nudpbl; mOpsaoK mudp (2IEMEHTOB) CYIMIECTBEHEH MpU HabOpe HoOMeEpa, 3HAYHMT,
HY)KHO HaiiTH yrciio pazmenienuii u3z 10 snementoB no 3 no ¢opmysne:

10! 10! 7!-8-9-10
A}y = ———=—=""—=1720.Urax, n=720
(10-3)! 7! 7!
Yucno m=1, T.K. TONBKO OJUH HA0OD U3 TPEX UMD ABIAETCA HYKHBIM. 3HAUUT,
Pla) = %: .'fn

2.U13 ypHbI, B KOTOpoi HaxoaaTcs 12 GenbIX U 8 4YEPHBIX IIapOB, BHIHUMAIOT HayAauyy JIBa I1apa.
KakoBa BEpOsSITHOCTh TOTO, 4TO 00a 1I1apa OKaXyTcst 4EPHBIMU?

Pemenue:

CoObiTHe A- «00a mapa OKaKyTcsi YEPHBIMI.
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Yuciio N-o0miee 4YHUCIO KMCXOAOB HCIBITAHUS TIOJYYHM,  BOCIIOJIB30BABIIMCH (OPMYIaMHU
koMOuHaTopuku. OOImiee 4YHUCIO BO3MOXKHBIX cllydaeB N paBHO dHCTy codetanuid u3 20
JJIEMEHTOB -

(12+8) mo xBa: N= ¢y = ———=—2 =22 190,

2l20-2)¢ 2-18 1-2-18!

Uucno cimydaeB M, OIArompusSTCTBYIONIUX COOBITHIO A, paBHO 4YHUCIYy COYETaHHM U3 8
2 8l B _ BT
2JIEMEHTOB ( 8 YEpHBIX IApOB ) MO ABa: N=C; =

I(B-2)! 216 1-2-18

(]

P =2=2 » 0,147

n 190
3.Ha nsaTu kaproukax paspe3Hoit az0yku Hammcanbl OykBol A,3,K,0, M. Kaprouku
MePEMEIITNBAIOTCS U HayraJ packiaapiBatoTcs B psizl. KakoBa BeposTHOCT TOTO. UTO MOTYyYUTCS
cioBo 3AMOK?

Pemenne:Cob6niTne A - «momyuutcs ciioBo 3AMOKY.

Uucno n-o0uiee 4YUCIO HCXOJOB HCHBITAHUS IOIYYUM, BOCIIOJIb30BaBIIUCH  (popMynaMu
koMOuHatopuku. OOIIee 4YHCIO BO3MOXHBIX CIIydaeB N paBHO YHCIY MEPECTaHOBOK M3 5
aneMeHToB (0ykB): N=P; = 5!=54-3-2.1=120.

Yucno cmyqaeB M, 61aronpusTCTBYIOLUIUX COOBITUIO A, paBHO 1, T.K. TpeOyeTcsl COCTaBUTh CJIOBO C
OyKBaMH, pacCTaBJIEHHBIMH B OTIPEJIEIEHHOM MOPSIAKE. A 3TH OYKBBI Pa3IUYHBI.

P(4) ===~

n 120

®opma npeacTaBaeHus pe3yJbTaTa: BHIIOJIHEHHAs paboTa.

Kpurtepun ouenku:

- «OTnuyHO» - yMEHHsS C(OPMHPOBAHBI, BCE 3aJaHUs BBITIOJTHEHBI MPABUIIBLHO, 0€3
aprupMETHYECKUX OMHUOO0K, pemeHne 0hoPMIICHO aKKypaTHO, C HEOOXOIUMBIMU 000CHOBAHHUSIMH.

- «XopoIo» - HEKOTOpble YMEHHs C(OpMUpPOBAHBI HEIOCTATOYHO, BCE 3aJaHM
BBITIOJTHEHBI, HEKOTOPHIC BHUJIBI 3aJIaHUN BBITTOJTHEHBI ¢ OommOKamMu. be3ommbouno BeimosiHeHO §0-
89 % Bcex 3amaHui.

- «Y IOBJIETBOPUTENBHO» - HEOOXOJMMBIE YMEHHUS B OCHOBHOM C(HOPMHPOBAHHI,
OOJIBITMHCTBO 3aJaHUM BBHITIOJIHEHO, HEKOTOPHIC M3 BHITIOJTHEHHBIX 3aJaHU CoJepkKaT OIIUOKH.
Be3ommbouno BemmonneHo 70-79 % Bcex 3amaHuii.

- «HeynoBiIeTBOPUTEIILHO» - TEOPETUYECKOE COJACp)KaHWE Kypca HE OCBOCHO,
HEOOXOUMBbIE YMEHHS HE C(HOPMHUPOBAHBI, BBHINIOJHEHHBIE y4eOHBIC 3aJaHHUsl COJEp)KAT TpyObIe
ook, besommbouno BeimoiHeHo MeHee 70% Bceex 3aaHuii.

Tema 3.2 OCHOBBI MATEMATHYECKON CTATUCTUKH

IIpakTuyeckoe 3ansaTue Nel4
Cocmaenenue cmamucmuyeckozo pacnpeoeienus vloOpKu, nOCMpPOEeHUe NOJIUZOHA U
2ucmozpammul

Heab padoTsr: opMupoBaHUE YMEHHS COCTABISATH CTATUCTHYECKOE PaclpeielieHne BEIOOPKU.
Beimosinue padory, Bel Oyaere ymers:

Y001.03 onpenensiTh STanbl pelieHus 3a1auu;

Y001.08 peanuszoBarh cOCTaBIEHHBIH TJ1aH;
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MarepuajbHoe obecniedenue: MHIuBHyalbHbIE 3aJaHNSI, KOHCIIEKTHI JIEKLUH.
3ananmue:
1. I[TocTpoUTh NOJUTOHBI YACTOT U OTHOCUTENBHBIX YACTOT 10 PACIPENEICHUIO BBIOOPKHU:

xi |2 |4 |7 |8 |9 |12
Nj |p12 |2p2 |p2 |p22 |p3 |3p3

1. TlocTpoiiTe rHCTOrpaMMbl YACTOT U OTHOCUTEIBHBIX YaCTOT IO PACTIPECICHUIO BRIOOPKHU:

No Unrepsan, | Cymma 4acToT
MHTEPBAJIA Xi — Xi 1 ?\?pHaHT HWHTEpBaJA,
1 3-5 D1

2 il 2p;

3 7—9 3ps

4 9-11 p’

5 11-13 2p;

6 13-15 3p?

! 15-17 P1t+P2

3. Jly1s TeHepabHOM COBOKYITHOCTH, 3aJJaHHON PacIpeIeICHUEM

xi |5 |10 |15 |20 |25 |30 |35
N pe [3p: (P2 |22 | B2 |2ps | 205

HaiinuTe reHepasbHYIO CpPEIHIO, TEHEPAIbHYIO IUCIIEPCHIO, TeHEepabHOEC CTaHIapTHOE
OTKJIOHEHUE, MOy, MEIHaHy U pa3Max.
4.113 reHepalibHOW COBOKYITHOCTH ClIeJIaHa BBIOOPKA, 3aJaHHAsT PACIPeCIICHHEM:

x| 2] 4] 6 | 8 |10 | 12 | 14
ni‘pz‘sz‘plh’f |p3 ’2p3 ’pz+ps

Haiitu BBIOOpPOUYHYIO CpeHIOI BBIOOPOYHBIE TUCIEPCUI0 M CTaHAApTHOE OTKIoHeHue. OOparure
BHUMaHUe: P1 = uuciay OykB B Bamem umenu;p,= uuciy OykB B Barmeil gpamuninu;ps= uncimy
OykB B uMeHu Barero otua.

IMopsinok BbINOJIHEHHSI PadOTHI:

IIIpounTaB  yciioBHE  MPEAJIOKEHHOW  3a/ayu,lI0  KOHCIEKTY  JIEKIMM  HaWJIuTe
COOTBETCTBYIOIIKE (DOPMYIIBI.

2]IpuMeHuTe JIEKIIMOHHBIA TEOPETUUECKUN MaTepuain sl PeleHUsl KaKJIOoH 3a/1adH.

3 B ciayyae HEOOXOOMMOCTH TMPEACTaBUTh T€OMETPUYECKYIO HWHTEPIPETAIMIO YHCIOBBIX
XapaKTEePUCTUK BBIOOPKH.

Xoxa padoThI:
1. 3agano pacnpeneneHrue 4acTOT BEHIOOPKH:

2
ni|3

CocTaBuUTh pacnpeaciCeHuc OTHOCUTCIIbHBIX YaCTOT.
OHpeI[eJ'II/IM CHayajga 00beM BBI60pI(I/II
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Nn=3+10+7+5=25.

n.
Haiiiem oTHOCHTEBHBIE YACTOTHI IO opmysie W, = —-:
n

3 10 7 5

w,=—=012; w, :£:0,40;w3 :£:0,28;w4 :£:0,20.

2
CnengoBaTeinHO,

KonTtpoas: 0,12+0,40+ 0,28+ 0,20 =1.

2.. To pe3ynbraram npuMepa 1 MOCTPOUTH MOJUIOHBI YaCTOT ¥ OTHOCHUTENBHBIX 9acTOT.
Pemenne. OToOpa3suB Ha MIOCKOCTH TOUKH ¢ kKoopauHatamu (X;,N;) M coenuHMB MX OTpe3KaMH,

IMOJIYYHM IOJIMTOH YaCTOT:

n; \

10 7

AHAIGrI9HO ATOCTPOMM MOJUTOH 110 Toukam (X;,W,):

2 / 6 12 15 Xi
0,28 /

0,20

0,12

2 6 12 15 Xi

3.ITocTpoiiTe rucTorpaMmy Mo CleayloueMy CTaTUCTHUYECKOMY paclpeeeHUIO:

WnTepBan Cymma  yacToT
Ne unTepBana ﬁigHOH ﬁ?pHaHT
1 5-10 4
2 10-15 6
3 15-20 16
4 20— 25 36
S 25—-30 24
6 30— 35 10
7 35-40 4
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Pemenwue. [Ipexnae Bcero, onpenennm 00beM BEIOOPKH:

N=4+6+16+36+24+10+4=100.
HO HN3BCCTHBIM CyMMaM qacToT BapI/IaHT paccrmTaeM IIJIOTHOCTH 4aCTOTHI 110 I/IHTepBaJIaMI

IlnoTHOCTHE 4aCTOTEI IlnoTHOCTE YaCTOTHI
Ne n: Ne n.
i i
HWHTEpBaja — WHTEpBajia —
h h
1 0,2 5 4.8
2 1,2 6 2,0
3 3,2 7 0,8
4 7,2

N300pa3um nomydeHHbIN pe3yabTaT:

=

=

P N W b 0o N

5 10 15 20 25 30 35 40 x
4. HaiinuTe CTaTUCTUYECKUE OIIEHKHM T€HEpPAIbHOM COBOKYMHOCTH, 3a/laHHOM CIEAYIOIINM
BAPUALIMOHHBIM PSAIOM:

BapmantaX;, | 2 | 4 | 5 | 6
qacroraN; | 8 | 9 [10 | 3

Pemenne. Onpenenum 00beM COBOKYITHOCTH:

N, =8+9+10+3=30.

Haitnem renepaibHyt0 CpeIHIONO:
8-2+9-4+10-5+3:6

i 30

o = \2
JUis BBIYMCIICHUS TIeHEpaJIbHOM JuCHepcuM HcmosibdyeM ¢opmyny D, = er —(Xr) .

X 4.

OHpeI[eJ'II/IM CpCAHIOIO KBAaPaTOB:

7 8-2°+9-4°+10-5% +3-6°

X? =178.
30

Takum oGpasom, D =17,8—-4° =18.

[eHepanbHOE CTaHIApPTHOE OTKIOHEHHE: O =+/Dp =4/1,8 =1,34.

OOBIYHO MOJIYYCHHBIX PEC3YyJIbTATOB AOCTATOYHO I MPAKTUYCCKUX 3aaad. OI[HaKO MOKHO
MOJYYUTb HOIIOJHHUTCIBHBIC XAPAKTCPUCTHUKU JIA 0oJiee TOHKOI OLICHKH FeHepaHBHOﬁ
COBOKYITHOCTH. HpI/IBCI[CM Hux:

Moga Mo : HanGobIas yacToTa
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Mo =10.

Menvana Me: BapuallMOHHBIN psiji JEJIUTCS NOMOJIaM B TOUKE
Me=45.

Pasmax Bapuaruu R: B ipumepe X, = 06;X;, =2, mostomy

R=6-2=4.
5. U3 renepaibHOi COBOKYITHOCTH M3BJIEYE€HA BHIOOPKA

Haiigure craTucTuueckue XapakTepuCTUKN BEIOOPKHU.
Pemenue. Onpenenrim 06beM BBIOOPKHU:

n=92+94+103+105+106 =500.
Bri6opounas cpennss:

- 92-1+94-2+103-3+105-4+106-5
8 500
OnpenenuM CpeTHIOI KBAIPaTOB:

- 92-12 +94-22 +103-3% +105- 4% +106 - 52
® 500
Bri6opounas qucnepcus:

Dy = X2 —(X, f =11,45-182% =8]14.

Bri6opouHoe cTaHIapTHOE OTKIOHEHHE:

o, =+/814 =285.

6. . Onpeaenute MOITHOCTh KakoTo U3 MHOKecTB A = {1, 3,5, 7,9} unu B = {2, 4, 6, 8} GobIre.
Pemenune. [loHsTHE MONIHOCTH KOHEYHBIX MHOJXKECTB IMO3BOJISIET CPAaBHHBATH UX MO KOJIUYECTBY
anemenToB. Tak, ecmu A ={1,3,5,7,9},aB=1{2,4,6,8}, Tom(A)=5,am (B) =4 u notromy m
(A) > m (B).

Al EB

7. Tlyctes A ectb oTpe3ok [1, 3], B - orpe3ok [2, 4]; Torna oobemuHeHneM

=182.

=1145.

Oynet otpesok [1,

4], HepecequI/IeMﬂm'Ef - orpe3ok [2, 3], pasnocteio A\B - momymurepBan [1, 2), B\A -
noxyuHTepBai (3, 4].
8. Ilycth A ecTh MHOXECTBO NPSMOYTOJIbBHUKOB, B - MHOXECTBO BceX POMOOB Ha IJIOCKOCTH.

AN B
Torga €CTh MHOKECTBO BceX KBaAparoB, A\B - MHOXECTBO MPSMOYTOJILHUKOB C HEPABHBIMHU
croponamu, B\A - MHOXeCTBO BCeX pOMOOB C HEpaBHBIMH YTJIaMHU.

dopma npeacTaBieHus pe3yJbTaTa: BBIIOJIHEHHAs paboTa.

Kpurepun onenkn:

Ounenka '"oTiam4yHO" cTaBUTCA, eciM paboTa BBHINOJHEHA B IOJHOM 00BEME C
COOJIIOJICHEM HEOOXOJMMOI IMOCIeI0BaTEIbHOCTH ACHCTBUI; B OTBETE MPABUIBHO U AKKYPaTHO
BBITIOJIHEHBI BCE 3aIIMCU U BBIYHMCIICHUS.

Ouenka '"xopomo' cTaBUTCS, €CIM BBIMOJHEHBI TpeOOBaHUS K OILIEHKE "OTIMYHO", HO
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JOMYIIEHBI 2-3 HeAoYeTa.

Ouenka "'yI0BJIETBOPUTEIBHO'" CTaBHUTCS, €ClM paboTa BBHITIOJHEHA HE IMOJHOCTHIO, HO
00BEM BBITIOJIHEHHOM YacTH TAKOB, YTO MO3BOJISIET MOJYYHUTh MPABUIBHBIE PE3YIbTaThl U BHIBOJBI;
B XOJI€ ITPOBEACHUS pabOTHI OBLIN TOMYLICHBI OLTHOKH.

OueHka "Hey10BJIE€TBOPUTEIBbHO' CTAaBUTCS, €CJIM pabOTa BHITIOJHEHA HE TIOJTHOCTHIO HITH
00BEM BBITIOIHEHHON YacTH pabOThI HE TIO3BOJISET CAENATh MPABMIIBHBIX BHIBOJIOB.
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