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1 HOACHUTEJIBHASA 3AIIMCKA

BaxHyl0o d4acThb TeOpeTHYecKOH H NpPOPECCHOHATBHONM MPAKTHUYECKOW TMOJATOTOBKU
00yJaroIuxcs COCTaBIAIOT IPAKTUYECKUE 3aHATHSL.

CocTaB U cojepkaHUE MPAKTUUECKUX 3aHATUN HaIpaBlIeHbl Ha peanusanuio DenepalbHOTO
rOCyJJapCTBEHHOT'0 00pa30BaTENbHOIO CTaHAAPTA CPEAHErO 00IIero 00pa3oBaHusl.

Benymieii 1uaakTHUECKON 1ENbI0 MPAKTHYECKUX 3aHATHH SBIsIeTCs PopMUpOBaHHE y4eOHBIX
IIPAKTUYECKUX YMEHHMH, HEOOXOIUMBIX B OCIEAYIOLIEH yueOHOH e TeIbHOCTH.

B coorBerctBMM ¢ paboueil mporpammon yueObHOro mpeamera «MaTemaTtuka»
IIPELYCMOTPEHO IPOBEACHUE MPAKTUYECKUX 3aHATUH.

B pesynbprare UxX BBINOIHEHHS, Y 00yYaroImerocs J0JDKHbI ObITh C()OPMHUPOBAHBI CIIEAYIOIINE
pE3yJIbTaThI:

Juunocmnoix:

JIP4 - c(hOpMUPOBAHHOCTb MHPOBO33PEHHUS, COOTBETCTBYIOLIETO COBPEMEHHOMY YPOBHIO
pa3BUTHs HAyKd M OOINECTBEHHOW NPAKTUKH, OCHOBAHHOTO Ha AMAJOre KyJIbTyp, a TaKkke
pa3nuyHbIX (POPM OOIECTBEHHOTO CO3HAHUS, OCO3HAHNE CBOET0 MECTA B MOJIUKYJIBTYPHOM MHUPE;

JIP9 - rOTOBHOCTH M CIOCOOHOCTH K OOpa30BaHHIO, B TOM YHCIIE CaMOOOpa30BaHMIO, HA
IPOTSDKEHUM BCEH JKHM3HU; CO3HATEIbHOE OTHOILIEHHE K HEPEPHIBHOMY 00pa30BaHUIO KAK YCIOBHIO
yCIIENIHOH Mpo(decCHOHAIBHONW U O0IECTBEHHOM ACATEIbHOCTH;

JIP13 - oco3HaHHBIi BbIOOp Oyaymieit mnpodeccun U BO3MOXKHOCTEH —peanu3aluu
COOCTBEHHBIX JKM3HEHHBIX IUIAHOB, OTHOIICHHE K MPO(ECCHOHATBFHONW JAEATEIFHOCTH Kak
BO3MOXKHOCTM  Y4acTHUsi B DPELUIEHHHM  JIMYHBIX,  OOLIECTBEHHBIX,  I'OCYJapCTBEHHBIX,
OOIICHAIIMOHAIBHBIX MTPOOJIeM;

Memanpeomemnvix:

MP1 - yMeHue CaMOCTOSITEJIBHO ONPEAENATh LN ACSITEIbHOCTH U COCTABIATH IUIAHBI
JESATEIBHOCTH;  CaMOCTOSITEJIbHO ~ OCYILECTBJIATb,  KOHTPOJMPOBATH U KOPPEKTUPOBATh
JEATEIbHOCTD; HCIIOIB30BaTh BCE BO3MOXHBIE PECYPCHI ISl TOCTHKEHUS ITOCTABICHHBIX LIEJIEH U
peanu3aluy IIaHOB JIeITEIbHOCTH; BBIOUPATh YCIEIIHbIE CTPATETHH B Pa3JINYHBIX CUTYalHsX;

MP3 - BnajeHue HaBBIKAMM IIO3HABATENIbHOM, Y4eOHO-HCCIIEAOBATEIbCKOM U IMPOEKTHON
JesTeIbHOCTH, HaBBIKAMHU pa3pelieHus mpo0ieM; CiocOOHOCTh U TOTOBHOCTh K CAMOCTOSATEIILHOMY
ITIOMCKY METOJIOB PEIICHUS IPAKTUYECKUX 3a/]1a4, IPUMEHEHHIO Pa3JIM4YHbIX METOJ0B IIO3HAHNS;

MP4 - roTOBHOCTHh U CHOCOOHOCTH K CaMOCTOSITE€IbHON HH(OPMALMOHHO-IIO3HABATEIbHOM
NeSITeNIbHOCTH, BJIa/ICHUE HaBbIKAMH IOJIY4YE€HUS HE0OX0IuMOoM MH(OpMallUK U3 CIOBapei pa3HbIX
TUIIOB, YMEHUE OPHUEHTUPOBATHCS B PA3IMUHBIX UCTOUHUKAX MH(OPMAIMH, KpUTUYECKH OLIEHUBATh
Y UHTEPIPETUPOBATh HH(OPMALIHIO, ITOJIYyYaEMYIO U3 Pa3IMUHbIX UCTOYHUKOB;

MP5 - yMeHHe HCHOJB30BaTh CPEACTBA HHGOPMAIMOHHBIX M KOMMYHHMKAIIMOHHBIX
texHonoruil (nanee - UKT) B pemeHnr KOTHUTHBHBIX, KOMMYHUKAaTUBHBIX M OpraHU3allMOHHBIX
3ajady ¢ coOirofieHueM TpeOOBaHUM SPrOHOMHUKH, TEXHUKH O€30IacCHOCTH, TUTHEHBI,
pecypcocOepekeHu s, MPABOBBIX M 3TUYECKUX HOPM, HOPM HH(GOPMAIIMOHHON O€30MTaCHOCTH;

MP9 - BnaseHue HaBBIKAMHU IO3HABATENbHOM pe(IeKCHMHM Kak OCO3HAHMS COBEpLIAEMBIX
JNEUCTBUN M MBICIIMTENIBHBIX IIPOLIECCOB, UX PE3YJbTAaTOB U OCHOBAHMI, TPAHUIl CBOETO 3HAHUS U
HE3HaHUs, HOBBIX I103HABATENbHBIX 33/1a4 U CPEACTB UX JTOCTHIKEHUS.

B pe3ynbrarte ux BBIIOIHEHUS JOJKHBI ObITH COPMUPOBAHBI IPEAMETHBIE PE3YNIbTATHI:

I1P1 - chopMHpPOBaHHOCTD MPEICTABICHUH O MaTeMaTHKe KaK 4aCTH MUPOBOI KyJIbTYpPbI H O
MEeCTe MaTeMaTHUKH B COBPEMEHHOW IMBWIIM3AIMH, O CIOCO0aX ONMUCAHMUS HAa MaTeMaTUYeCKOM
A3BIKE SIBJICHUH PEAILHOTO MUPA;

[TP2 - chopMHpOBaHHOCTH TIPEACTABICHUN O MAaTEMaTUYECKUX MOHATHUAX KaK O BaKHEUITHUX
MaTEMaTHYECKUX MOJIENSIX, MO3BOJISIOIIMX ONUCBHIBATH U M3Yy4aTh Pa3HbIE MPOLIECCHl U SBIICHUS;
ITOHUMAaHHE€ BO3MOKHOCTH aKCHOMAaTHYECKOI0 MIOCTPOCHMSI MAaTEMAaTUHIECKUX TEOPU;
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[1P3 - BnasgeHne METOJaMU J10Ka3aTeIbCTB U aJTOPUTMOB PELICHUS; YMEHUE UX IPUMEHSTS,
MIPOBOANTD JOKA3aTEeIbHbBIE PACCYKIACHUS B XO/I€ PEILICHUS 3aay;

[1P4 - BnageHue CTaHIAPTHBIMHU IPUEMaMHU PELIECHUS PALMOHAIBHBIX U HWPPALMOHAIBHBIX,
MOKa3aTeIbHbIX, CTENIEHHBIX, TPUTOHOMETPUUECKUX YPABHEHHUI U HEPABEHCTB, UX CUCTEM;

IIP5 - cdhopMUPOBAHHOCTH MPEACTABICHUN 00 OCHOBHBIX MOHATHSAX, HACIX M METOJax
MaTEeMaTHYECKOro aHalln3a,

[1P6 - BnaseHre OCHOBHBIMM MOHATHSAMH O IUIOCKHX M IIPOCTPAHCTBEHHBIX I'€OMETPUUECKUX
¢durypax, UxX OCHOBHBIX CBOICTBax; C(OPMUPOBAHHOCTb YMEHHS DACIIO3HABATh Ha YEpPTEXKax,
MOJICNIIX W B PEAIHbHOM MHpPE TIeOMEeTpUYecKue (QUrypbl; NMPUMEHEHHE HW3YYCHHBIX CBOWCTB
reoMeTpuyeckux puryp u ¢hopmMyi I pelieHrs TeOMEeTPUYeCcKUX 3aad U 3a/1a4 ¢ MPaKTUYECKUM
COJIEp/KaHUEM;

I[IP7 - cdopmMupoBaHHOCTb NPEACTABICHUNA O TpoOIeccax U SBICHUSIX, HMMEIOIINUX
BEPOSITHOCTHBIN XapakTep, O CTAaTUCTUYECKUX 3aKOHOMEPHOCTSX B pEalbHOM MHUpE, 00 OCHOBHBIX
MOHATHUSIX 3JIEMEHTApHOM TEOpUU BEPOSTHOCTEH; YMEHUN HAaXOAWUTh U OLEHUBATh BEPOSTHOCTHU
HACTYIUIEHUS] COOBITMM B MPOCTEUIIMX MPAKTUYECKUX CUTYAlUSIX U OCHOBHBIE XapaKTEPUCTHKHU
CIIy4aliHbIX BEJIMYUH;

[IP8 - BnajgeHWe HaBbIKAMHU MCHOJIb30BAaHUS TOTOBBIX KOMIIBIOTEPHBIX IPOrpamMMm IpU
pEIlIeHUH 3a]1aY;

I[IP9 - copMUpPOBAaHHOCTH TPEACTABICHUM O HEOOXOIMMOCTH JOKAa3aTeIbCTB MPHU
000CHOBaHMU MAaTEMaTHYECKUX YTBEPKACHHUN M POJIM aKCMOMATUKU B MPOBEACHHUM JCTyKTHBHBIX
pacCyKJIeHUH;

I[TP10 - cdopmupoBaHHOCTH MOHATUWHOTO ammapaTa IO OCHOBHBIM paslieiaMm Kypca
MaTeMaTHKH; 3HAaHUM OCHOBHBIX TEOpPEM, (OPMYJl U YMEHUS UX NPUMEHSATH, YMEHUS J10Ka3bIBaTh
TEOpEMbI U HAXOJUTh HECTAaHAAPTHBIE CIIOCOOBI PELICHHS 3a/1a4;

[IP11 - copMupOBaHHOCTb YMEHUN MOJEIMPOBATH pEalbHbIE CUTYallUH, HCCIEN0BATh
MIOCTPOCHHBIE MOJIENIN, HHTEPIPETUPOBATH MOJIYUEHHBIH PE3yNIbTaT;

[IP12 - cdopMUPOBAHHOCTH MPEACTABIEHUNH OO0 OCHOBHBIX MHOHATHUSIX MaTeMaTHYECKOTo
aHauM3a M MX CBOHCTBAaX, BIAJEHHE YMEHHUEM XapaKTepu30BaTh IMOBeJeHHE (YHKLUH,
HCI0JIb30BaHUE TIOTYYEHHBIX 3HAHUM JUIsl ONMUCAHKS U aHAIM3a pealbHbIX 3aBUCUMOCTEN;

[IP13 - BrageHWe yMEHUSMHU COCTABIIEHUS BEPOSITHOCTHBIX MOJEJIEH MO YCIOBUIO 3alayd U
BBIUMCJICHUS] BEPOSTHOCTH HACTYIJICHUS COOBITHI, B TOM 4YHCJIE C TNpPUMEHEHHEM (opMyll
KOMOWHATOPUKH U OCHOBHBIX TEOPEM TEOPUU BEPOSTHOCTEH; MCCIEOBAHUS CIyYailHBIX BEJTMYUH
10 UX PacIpeielIeHHUIO.

BeinonHenue npakTuyeckux padoT no yueOHO! AucuuIuinHe «MaremaTikay HalpaBieHo Ha:

- 0000meHne, cUCTeMaTU3aIMI0, YIIIyOJIeHHE, 3aKperieHHE, DPa3BUTHE M JIeTAIM3aINI0
MOJTyYEHHBIX TEOPETUUECKUX 3HAHUI 110 KOHKPETHBIM TeMaM y4eOHOM JUCIUIUINHBL,

- (¢opMUpOBaHME YMEHUN MPUMEHSTh IOJyYEHHBbIE 3HAHUS Ha IMPaKTUKE, pealln3aluio
€IMHCTBA MHTEIIEKTYAJIbHON U IPAKTUYECKOMN NEATEIbHOCTH;

- (QopmupoBaHHME U pa3BUTHE yMEHMH: HaOmOnaTh, CpPaBHMBATh, COIOCTABIISTH,
aHaIM3UpOBaTh, JejaTb BBIBOJbl M  OOOOIIEHMS, CaMOCTOATEILHO BECTU HCCIIEAOBAHMA,
M0JIb30BAThCS PA3IMUYHBIMU MIPUEMaMU U3MEPEHUN, opOpPMIIATh Pe3yabTaThl B BUE TAOJIUII, CXEM,
rpaduKoB;

- pa3BUTHE HUHTEIUIEKTyaJlbHBIX YMEHHMH Yy OyAylHUX CHEeHHaJUCTOB: AaHAJUTHYECKUX,
IIPOEKTUPOBOYHBIX, KOHCTPYKTUBHBIX U JP.;

- BBIPaOOTKY IpH pPEIIEHUWU TMOCTaBJICHHBIX 3aJad Mpo(ecCHOHATBbHO 3HAYMMBIX KayecTs,
TaKMX KaK CaMOCTOSITEIbHOCTh, OTBETCTBEHHOCTh, TOYHOCTh, TBOPUECKAs] MHULIMATUBA.

[IpakTiueckue 3aHATHSI TPOBOJTCS TOCIE COOTBETCTBYIOLIEH TEMbI, KOTOpas oOecreurBacT
HaJIM4ue 3HaHWH, HEOOXOIUMBIX JUIs BBINOJTHEHHUS PAKTUYECKUX paloT.



2METOAUYECKUE YKA3AHUSA

Tema 1.1. Pa3zBuTHE HOHATHS 0 YHCIIE
IIpakTnueckoe 3anaTne Ne 1

«Apn(bMeTn'—lecxne [lEi;lCTBPIﬂ Ha/l palluOHAJBbHBIMHA U KOMIIVICKCHBIMHA YU CJTAMN

Henab padotbl: [1oBTOPUTH NEHCTBUS C IEHCTBUTEIBHBIMU U KOMIUIEKCHBIMU YHCIIAMHU.

Bbinosnus padory, Bl Oyaere:
YMeThb BBIIOJHATH J€HCTBUS HaJl PAlMOHAIBHBIMU M KOMIUIEKCHBIMU YHCIIaMHU.

MaTtepuajbHOe o0ecneyeHue:
I/IH[[I/IBI/I[IyaJILHBIC 3alaHuA, CIIPAaBOYHLIC MaTCpUalibl, KOHCIICKTLL HeKHHﬁ.

3ananmue:
1. BBINOJIHUTH IECHCTBUS C pAlMOHATBLHBIMU YHCIIAMHU:

7) § 3
2. Brmonnuts ﬂeﬁCTBHH C KOMIIJICKCHBIMH YHCJIaMH.

(8+i):(2-3i).

Ilopsinok BbINOJHEHHS padOThI:

BHHUMaTenbHO O3HAKOMBTECH C YCIIOBUEM 3aJaHMS.

[Tonp3ysick  CBOMMH HIKOJIbHBIMM 3HAaHUSAMM (B cllydyae 3aTpPyAHEHMsI BOCIOJB3YHTECH
CIIPaBOYHBIMU MaTEpUaAIaMH), BBIIIOJIHATE 3aJaHUE.

Xoxa paGoThI:

3amanue Nol
2, L__ 2411

1) s 55§

1,4 344 _ 7
oy ts=7 ==L

1, ,1 1,1 2 2
3)3;+4;_{3+4]+(;+;)_?+;_?;;

T L1 ! 1 1

2 3i1i=a-0+(3-Y=2+3=23
I A_T 4 _Fa4 717
B)te'a 12 1 123 311 %



7)
3amanue Neo2
Haiitu (8+1):(2-3i).

2+0
Pemenue. [lepenuiiem 310 OTHOIIEHUE B BUJE IpOOHU: 2-3i |
VYMHOXUB, €€ YHCIUTENb M 3HAMEHaTellb Ha 2 + 3i ¥ BBINOJHUB BCE IPEOOpa3OBaHMs,

IMOJIyYHM:
(a+02+30 _ L31+26(

(I-A0302+303 13

=1+ 2

(I)opMa NMpeacTraBJdCHusd pe3yjabTaTa: BbIIIOJIHCHHOC 3aJaHuC.

Kpurtepun onenku:

Ouenka "oTJMYHO'" CTaBUTCS, €ClIM pabOTa BBHIMOJHEHA B IOJIHOM 00BEME C COOIIOIEHUEM
HE0OXO0TMMOM TIOCTICIOBATEIFHOCTH JICHCTBUI; B OTBETE MPABMILHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aIllMCH U BEIYUCICHHA.

Ounenka ''Xopomio' CTaBUTCS, €CIAHM BBINOJIHEHB TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "y10BJIeTBOPUTENbHO'" CTAaBUTCs, €Ciid paboTa BBHINIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAaKOB, YTO MO3BOJISET MOJNYUYUTh MPABUIbHBIC PE3YIbTAaThl U BHIBOJIBL,
B XOJI€ TIPOBEACHUS PabOTHI OBLIH JIOMYIIICHBI OIITUOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CIU padOTa BHINOJHEHA HE MOJHOCTHIO MU
00BEM BBITTOJIHEHHOM YacTH pabOThI HE TIO3BOJISET CIEIaTh MPABUIIHHBIX BHIBOJIOB.

Tema 1.1. Pa3zBuTHe NOHATHSA O YHCTIE
IIpakTuyeckoe 3ansaTue Ne 2
«ToxaecTBeHHbIE MPEOOPA30BAHUSA PAIHOHAIBHBIX BbIPAsKEHUII»

Hear paGorei: IloBropuTh  (QOpMyabl  COKpAaUIEHHOIO  YMHOXEHMs.  3aKpenuThb
TEOpEeTUYECKHE 3HAHUs, YTIyOJIeHHOE pelIeHne  M3y4eHHOTro MaTepuana, IIPUMEHEHNE
MOJIYYE€HHBIX 3HAHUH JJIs1 pelIeHUs 3a/1a4.

Boinoainus padorty, Bel Oynere:
yMeTb: periath 3a/1a4u 1o anreope.

MarepunanbHoe obecrniedeHue:
I/IH)]I/IBI/IHyaJ'H)HI)Ie 3alaHuA, CIIPAaBOYHBIC MaTCpUalibl, KOHCIICKTBI HeKHHﬁ.

3ananue: yng)ocmn, BBIPAKCHUS:
a) (3p°-2y’)°.
6) (1 —a)-(1 +a)-(1+a’)(1L+a".
B)(x—m)*(x+m)>.
r) (2n — c)-(8n® + ¢3)-(c® + 2cn + 4n?).

IHopsiaoK BbINIOJIHEHHS PA0OTHI:
1. BHUMaTenbHO O3HAKOMBTECH C YCIOBHUEM 3aJaHMS.
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2. Ilonb3ysach CBOMMM IIKOJBHBIMHM 3HaHMSIMM (B Cilydae 3aTPyAHEHHS BOCIOJB3YHTECH
CIPaBOYHBIMU MaTE€pUAIaMHU), IPUMEHUTE HYKHYIO (OPMYIly COKPAIIEHHOTO YMHOKEHUS.

Xox padoThI:

3a[[aHI/Ie: yHgOCTI/ITB Bpra)KeHI/ISI, HpI/IMeHHB (bOpMyHbI COKpaH_IéHHOFO yMHO)KeHI/Iﬁ.

a) (3p—2y°)*=27p® —54p’y* +36p%y° —8y°.

6) (1-a)(l+a)l+ad)@+a)=(1-ad) (@1 +ad)(1+a%) =(1-a%) (1 +a")=1-4a°.

B)(X—m)* (x+m)*=(x>-2xm+m?)(x>+2xm+m?)=x*+2x3+x’m*-2m-4x’m2-2xm*+m>*+2xm* +
+m*=x* - 2x*m? + m*.

r) (2n — ¢)-(8n° + c*)-(c® + 2cn + 4n?)= (2n — c)-( 4n® + 2cn +c?) (8n® + +c®)=(8n*- ¢*) (8n° +
c®)=64n°—c®.

(I)opMa NMpeacTaBJdCHUA pe3yjabTaTa: BEIIIOJTHCHHOC 3aJaHuC.

Kpurepumn oneHku:

Ouenka "oTJIMYHO'" CTaBUTCS, €ClIM paboTa BBIMOJIHEHA B IMOJHOM 00BEME C COOIIOIEHUEM
He0o0XO0IMMOM MOCIEe0BATENHHOCTH JICHCTBUI; B OTBETE MPABUIBHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aIMCH Y BBIYUCIICHUS.

Ouenka '"xopomio' CTaBUTCS, €ClAM BBIIOJHEHb TpeOOBaHUS K OLIEHKE "OTIUYHO", HO
JOMYIIEHBI 2-3 HeloYeTa.

Ounenka "y10BJIETBOPHUTEJIBHO'" CTaBUTCS, €CU paboTa BBHIMOJIHEHA HE MOJHOCTHIO, HO
00BEM BBITIOJTHEHHOW YaCTH TAKOB, YTO IMO3BOJISET MOJYYUTh MPABUIBHBIC PE3YIbTaThl U BHIBOIBI,
B XO/JI€ MPOBEACHUS PabOThl OBUIH TOMYIIEHBI OITHOKH.

Ouenka '"Hey10BJIETBOPUTEJIBHO' CTAaBUTCS, €CJIM padOTa BBHINOJIHEHA HE MOJHOCTHIO WIH
00BEM BBITIOJIHEHHOM YyacTH paboThl HE TIO3BOJISET ClIeaTh MPaBUIIbHBIX BHIBOJIOB.

Tema 1.1. PasBuTHe NOHATHS 0 YHCIIE
IIpakTnyeckoe 3ansaTue Ne3
«PelreHne pauMoOHAJIbHBIX YPABHEHUI»

Ienp padorbl: 3akpelyieHUE TEOPETUYECKUX 3HAHWM, IOBTOPEHHME DAHEE HW3YYEHHOIO
MaTepuaia, (opMHUpOBaHUE YMEHUH pelIeHus 3a1a4.

Boinosinus padorty, Bl Oynere:

yMeThb:

- pemaTh palMOHAIBHBIE YPABHEHHUSI, CBOJIAIIMECS K INHEWHBIM U KBa/IPAaTHBIM;

- HCTIOJIB30BATh TpapUUECKUIl METO/] peIIeHUs YpaBHEHHUIA;

- n300pakaTh Ha KOOPJIMHATHON TUIOCKOCTH PEIIEHUs] ypaBHEHUM;

- COCTaBJISITh U pEIIaTh YPAaBHEHUs, CBA3BIBAIOIINE HEU3BECTHHIE BEIINYMHBI B TEKCTOBBIX (B
TOM YHCII€ MPUKIAIHBIX) 3a7a4ax.

MarepuanbHoe obOecnedyeHue: VHAWBUyanbHBIE 3aJaHus, CIPABOYHBIE MaTEPHAIIHI,
KOHCIIEKTHI JIEKIIUH.

3agaHue: pelIuTh YPaBHEHMS:
a)(3x+1)" +(4x—1)° =(5x-2)".



x 7 _ 8
X—2 Xx+2 x-4

0)

ITopsinok BbINOJIHEHHSI PAa0OTHI:

[Ipu pemeHnn ypaBHEHUN HCHONB3YIOTCS  CIEAYIOIIME TMpaBwia IpeoOpa3oBaHUs
YpaBHEHUH B PaBHOCHIIbHBIE:

a) Kakoil- TMO0 YJIeH ypaBHEHUS MOXKHO TEPEHECTH W3 OJHOH €ro 4acTh B JAPYIYIO C
IIPOTHBOIOJIOKHBIM 3HAKOM;

0) obe 9yacTH ypaBHEHHS MOXHO yYMHOXHTh WU Pa3JeIUTh HAa OJHO TO K€ YHCIIO,
ominyHoe ot 0.

Pemenue ypasuenuii |-1l crenenu ¢ ogHol nepeMeHHOM

-b N N N
ax+b=0, (X =—,a#0| —nuHeltHOE ypaBHEeHUE | cTeneHu ¢ 0JIHOM IepeMEHHOM
a

ax’ +bx+c= O(a #* O) — ypaBuenue |l crenenu ¢ ogHOM epeMeHHOM.

1. OnpenenuTh BUJI ypaBHEHUSI H CIIOCOO €T0 PEIICHUS.

2. Ecnu ypaBHEeHHE IpOOHO-paIlMOHalIbHOE, TO HAWTH OOLIMil 3HaMeHaTeNnb BceX ApoOeH,
KOTOPBIE BXOJST B ypaBHECHHUE.

3. YMHOXUTH 00€ 4acTH ypaBHEHHS HA 001Ul 3HAMEHATETIb.
4. Pemutsb Moay4deHHOE 1I€JI0€ ypaBHEHUE.

5. TIpousBecTH MPOBEPKY KOPHEH, W HCKIIOYMTH TC M3 HUX, KOTOpbIe OOpAIlalOT B HYIb
0OLLMI 3HAMEHATE.

Tak kak MbI pemiaeM APOOHBIE pallMOHAIBHBIE ypaBHEHUS, TO B 3HaMEHATENAX IpoOeil
OyayT mepeMeHHbIe. 3HAYHT, OYyT OHU M B OOIIEM 3HaMeHaTelle. Bo BTOPOM MyHKTE alropuTMa
Mbl YMHOXKa€M ypaBHEHHE Ha oOuuii 3HameHaresb. [Ipu 3TOM MOrYT MOSBHUTHCS MOCTOPOHHUE
KOpHH, MPU KOTOPBIX OOIIMK 3HAMEHATENb OYJET paBeH HYIIO, a 3HAYUT U YMHOXKXEHHE Ha HETO

Oyner 6eccmbicieHHBIM. [109TOMY B KOHIlE 00s3aT€IbHO HYXKHO CJIeJIaTh IMPOBEPKY MOIYUYE€HHBIX
KOpHEH.

Xox pa0doThI:

Pemm ypaBHEHHS:
a)(3x+1)" +(4x—-1)° = (5x—2)°
Packpoem ckoOKH, MpUMEHss (OPMYJIbI COKPAIIEHHOTO YMHOMKEHHUS (@ + b)2 u (a-— b)2

OX? +6X+1+16X> —8x+1=25%*>—20X+4. 9x* + 6X+1+16X*> —8Xx+1—25x> + 20X —4 =0.
HpI/IBeI[eM HOI[O6HI>IC YJICHHI, HOHy‘lI/IM
18x—-2=0 2 1

X=—=—
18x=2 18 9
1
OtBer: X = 9 KOpPEHb YPaBHEHUSI.
x 7 _ 8
X—2 x+2 x*—4

Pasnoxum X°—4 Ha MHOXHUTEIM M TIEPEHECEM BCE WIEHbl yPaBHEHUsS B JIEBYIO 4YacTb.
ITpuBenem npoOu k obIIeMy 3HaAMEHATENIO:
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X 7 3 8
Xx-2 x+2 (x=2)(x+2)
x(x+2)—7(x—2)—8_
(x+2)(x-2) B
X2 +2X-7x+14-8
(x+2)(x-2) B
x> —5x+6
(x+2)(x-2)
Apo0b paBHA HYITIO, KOTJa €€ YHCIMTENb PaBeH HYJIIO0, a 3HAMEHATEIIb HE PaBEH HYJIIO, T. €.
(x+2)(x-2)=0, = X#2 X#-2
x> —5x+6=0.
D=25-24=1
_5#1,

=0

0

0

X2 >
X =3;X,=2

KOPHM MOXKHO HAWTH 10 Teopeme Buera, HO Tak kak X#2, TO X, =2 — HOCTOpPOHHMIA
KOpEHb, CIIEJI0BATENLHO, PELICHHEM ypaBHEH s OyaeT X =3.

Otser: X=3

6)x*—x+4=0

D=1-4.4=-15<0

OTBeT: AeHUCTBUTEIBHBIX KOPHEH HET.
dopma npeacTaBiaeHus pe3yJbTaTa: BIIIOJIHEHHOE 3a/1aHHE.

Kputepun onenkmn:

Ouenka "oTJIMYHO'" CTaBUTCS, €CNTU pabOTa BBHIMOJHEHA B MOJTHOM 00BEME C COOIMIOICHUEM
HE0OXO0TMMOM TIOCTIEIOBATENBHOCTH JIEHCTBUI; B OTBETE MPABHIBHO U aKKYPaTHO BBITIOJHEHBI BCE
3aIIMCH U BBIYUCIICHHUS.

Ounenka '"xopomo' CTaBUTCS, €CIM BBIOJHEHB TpeOOBaHUS K OIEHKE "OTIWYHO", HO
JOTYIIEHBI 2-3 HeloYeTa.

Ounenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €clid pa0oTa BBHIMOJHEHA HE MOJIHOCTHIO, HO
00BEM BBITIOJIHEHHOW YaCTH TAaKOB, YTO MO3BOJISIET MOJYUYUTh MPABUIBHBIC PE3YIbTaThl U BHIBOJBI;
B XO/Ie MPOBEACHUS PabOThl OBUIH OMYIIEHBI OLTHOKH.

Ouenka '"Hey10BJIETBOPUTEIBHO' CTAaBUTCS, €CIIM pabOTa BBIMOJTHEHA HE MOJHOCTHIO WIIH
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TIO3BOJISET ClIeaTh MPABUIHHBIX BHIBO/IOB.

Tema 1.1. PasButHe NOHATHS 0 YHCTIE
IIpakTnyeckoe 3ansaTne Ned
«PelieHre CHCTEM PALMOHAILHBIX YPABHEHUIN»
Henb padorsl: [I0BTOPUTH pelIeHHE CUCTEM pallMOHAIBHBIX YPAaBHEHUH .

Boinosinus padorty, Bel Oynere
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yMeTh:

— pemarb CUCTEMBI PALIMOHAIBHBIX YPaBHEHUN;

— HUCHOJb30BATh TPaPUUECKUI METOJ] pEIICHUS CUCTEM PALlMOHATIBLHBIX YPaBHEHUH;

— n300pakaTh Ha KOOPJMHATHOM MJIOCKOCTH PELIEHNE CUCTEM PAllMOHAIbHBIX YPaBHEHMIA;

— COCTaBJIATb M peulaTh CHCTEMbl PAllMOHAIbHBIX YPABHEHUM, CBS3BIBAIOIINE HEU3BECTHBIC
BEJIMYMHBI B TEKCTOBBIX (B TOM YHCJIE IPUKIAIHBIX) 3a7a4ax.

MarepuajibHoe o0ecnieueHue:
I/IHI[I/IBI/II[yaJIBHLIe 3alaHuA, CIIPAaBOYHbIC MaTCpUaJibl, KOHCIICKThLI HGKHHﬁ.

3agaHue: pelIUTh CUCTEMbI PAllMOHAJIBHBIX YPaBHEHUI:
3x—15y =16,
1) y
2X+y=2

{y+2x=6, _
2) 3x° —y* =8’

1+g—1:0,
34Xy

2Xx+y-2=0

Ilopsinok BbINOJIHEHHS PadOTHI:

pPEIINTh CHUCTEMBl ypPaBHEHUH HCIONB3YIOTCS  CIIOCOOBI CIIOKCHHMSI, TOJICTAHOBKH,
rpau4ecKui.

Xoa padoThI:

PemnM cucreMy NByX JIMHEHHBIX YpaBHEHUH C JIBYMsI HEU3BECTHBIMH.

3x+8y =31
-10x-7y=-5
Pemmm cucremy Bcemu criocobami, T.€. yOeIUMCs, UTO pe3ysbTaT MoJy4aeTcsl OJMHAKOBBIN

U OTPE/ICITUMCSI, KaKOW M3 METOI0B 00Jjiee paliMOHaIbHO IPUMEHUM TS TAHHON CHCTEMBI.
1) Criocob moaCcTaHOBKH.

31 8
{3x+8y:31 {3x+8y=31 x+o =%1 =3737
-10x-7y=-5  |10x+7y=5 10X+ 7y =5 10(%1_§yj+7y:5
310 80
———Yy+7y=5
Pemaem BTOPOC YPaBHCHUEC OTHOCUTCIILHO «y»: 3 , IPUBCICM K 06H1€My

3HAMEHATEITIO 1 TaK Kak 37 0, To
310—80y + 21y =15

-59y =15-310
—295
~5Qy =-295; y=—-"=5
y y 59
y =5, Torna x:s—l——'S:g—@:—g:{%
3 3 3 3
Otser: (-3;5).
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2) Criocob anredpandeckoro CI0KeHHs
3x+8y=31
-10x-7y=-5

ypaBHSIEM 0 MOAYITIO KOAPDUIIUEHTHI TIPU X, ISl 3TOTO YMHOKUM TiepBoe ypaBHeHHE Ha 10,
a BTOpoe — Ha 3.

3x+8y =31 10 30x+80y =310
-10x-7y=-5 |3 -30x—-21y =-15
IMOYJICHHO CJIOKUM U ITOJIYIUM:
59y =295
y=5
MOJICTaBUM Y = 5 B 111000€ U3 ypaBHEHUI CUCTEMBI, HAIPUMEP B IIEPBOE, 3aTEM HaNJEM X:
3x+8:-5=31
3x+40=31
3x=-9
X=-3
noyiydaeM X = —3; Y = 5, Kak U B IEPBOM ClIydae.
Otser: (—3;5).

3) 'paduueckuii crnocob (ciaeayeT MOMHHUTD, YTO PE3YIIbTAThl MOTYT OBITh MMOJYYEHBI
NPUOIMKEHHO, YTO MOYKHO OOBSICHUTD HAILIUM 3pEHUEM, YMEHUEM ITPOBOIUTH JIMHUH, BEIOOPOM
MaciiTaba, Hey100CTBOM 3aluCy YKUCa U T.1.)

3x+8y =31
-10x-7y=-5

I'padukoM kaxxaoro ypaBHeHus siBasieTcs npsmas (puc.l), a npsimast onpenensiercs: 1ByMs
TOYKaMH.

3x+8y=31
x=0; y:3—1:3Z
8 8
X=2;6+8y =31,
_31_6_§_31
) 8 8 8
\ \: -10x-7y=-5
\ 3\ 10x+7y=5
\ 25 T 5
2 Xx=0y==
15 7
: | x=2,20+7y=5;
: 05
: X 15 1
1 IR 3 2 X{ 3B i 1 15 'y 7 :—15; :——:_2—
5 45 35 :c 5 2 0505 u\ 27283 a8 y y 7 7
§ b \ Orser: (-3; 5).
25 \
3 N

®opma npeacraBiaeHust pe3yJabTaTa: BHIIOJHEHHOE 33 JaHHE.
13



Kpurepun oneHku:

Ouenka "oTau4HO'" CTaBUTCS, eclii paboTa BHIMOJTHEHA B MOJHOM 00BEME ¢ COOTI0ICHIEM
He0oOX0TMMOM TOCIIEI0BATENBHOCTH JICHCTBUI; B OTBETE MPABHJIBHO U aKKYpaTHO BBIIIOJHEHBI BCE
3aIUCH U BBIYUCIICHUS.

Ouenka "xopomo'" CTaBUTCS, €CIM BBHIIIOJHEHBI TpeOOBaHMUS K OICHKE "OTIWYHO", HO
JOMYIIEHBI 2-3 HeloYeTa.

Ouenka "yl1oBJIETBOPUTEJbHO'" CTAaBHUTCs, €clid paboTa BBHITIOJIHEHA HE IMOJHOCTHIO, HO
00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO MO3BOJISET MOJIYYUTh TPABHIBHBIC PE3YIbTAThl U BHIBOIBL;
B X0JI€ MPOBEACHUS PaObOThI ObUIH TOMYIIEHBI ONTHOKH.

OueHka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU PadOTa BHIMOJIHEHA HE TOJHOCTHIO HITU
00BEM BBITIOJIHEHHOM YacTH paboThl HE TIO3BOJISET ClieaTh MPaBUIIbHBIX BHIBO/IOB.

Tema 1.1 PazBurHe NOHATHSA 0 YHCJIE
IIpakTuyeckast padbora NeS
«Pelienue panuoHAJIbLHBIX HEPABEHCTB»

Heab padortbi: Llens paboTel: MOBTOpEHUE paHEEe H3YYEHHOTO MaTepuana, 3aKpervieHHe
TEOPETHYECKUX 3HAHUN, TPUMEHEHUE TEOPETUUECKUX 3HAHUM K PEIICHUIO MPAKTUYECKUX 3a7ad.

Boinoinus padorty, Bl Oynere:
yMeThb:
pelaTh palMoHaIbHbIE HEPABEHCTBA;
UCIOJIb30BATh TpapUUECKUil METO/] peIlIeH!Us pallMOHAJIbHBIX HEPABEHCTB;
n300paxkaTh HA KOOPJMHATHOM TNIOCKOCTH PEIIEHUE PAllMOHAIbHBIX HEPABEHCTB;
COCTaBJIATh U PEIIATh palliOHAJIbHBIE HEPABEHCTB, CBA3BIBAIOIINE HEU3BECTHBIE BEIIMUNHBI B
TEKCTOBBIX (B TOM YHCJIE€ MPUKIAAHBIX) 3a]a4ax.

MarepuajnbHoe o0ecnieyeHue:
WNHnuBunyanbHbIe 3a1aHKs, CIIPABOYHBIE MATEpUAIIbl, KOHCIIEKTHI JIEKIIHI.

3ana}me: PeHINTL palluOHAJILHBIC HCPABCHCTBA!

2 5 10
2. [5-2x|<3,

3. 5x—2-3x*>0

1. gy IX=1, 2x=5_ 7

Ilopsinok BbINOJTHEHHS PA0OTHI:

[Ipn pelieHMH HEPaBEHCTB UCIOJB3YIOTCS  CICAYIOIIME TMpaBWiIa MPeoOpa3oBaHU
HEPABEHCTB B PAaBHOCUJIBHBIC:

a) KaKoW- JTNOO YWICH HepaBEHCTBA MOXKHO MEPEHECTH U3 OJTHON €ro

4acTU B JPYTYIO C MPOTHUBOMOJOKHBIM 3HAKOM, OCTaBUB MPHU dTOM 0e3 M3MEHEHUs 3HaK
HEPaBEHCTBA;

0)00€e yacTH HEPaBEHCTBA MOKHO YMHOXUTh WM Pa3/IEIUTh HA OJHO TO YK€ MOJIOXKUTEIBHOE
YHCII0, OCTABHB IPH ATOM 0€3 H3MEHEHHS 3HaK HEPaBEHCTBA;

B) 00€ 4acTH HEPABEHCTBA MO>KHO YMHOXHUTh WM Pa3feiUTh Ha OJHO U TO K€ OTPHUIATENbHOE
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YKCJI0, U3MEHUB TP 3TOM 3HAK HEPABEHCTBA Ha MPOTHUBOIOIOKHBIHN
[Ipu pelmieHUM CHUCTEM HEPABEHCTB HYXKHO PEIINTh KaXJI0€ W3 HUX M BBIOpaTh oOIee
pelIeHue.

Xoxa pa6oThl:

Pemnm HepaBeHcTBa.
1. gy IX=1,2x=5_ 7
2 5 10
[lepenecem Bce wiieHbI B JIEBYIO YacTh M HpHUBEJAEM K OOIIEMYy 3HAMEHATEeNI0. OOIIMN
3HaMeHarenb 10; Tak Kak 3HaMEHATENb HE COAEPKUT IIEPEMEHHOM, TO B JAJIbHEUILIEM €70 MOXKHO HE
nucaTh (OIyCTHUTH).
50x—5(7x~1)+2(2x~5)-7>0

50x—-35X+5+4x-10-7>0

19x-12>0
19x >12
12
X>—
19
LA AL LA A2,
E
19

2. |5—2X| < 3TO ecTh
—-3<5-2x<3

I/ICHOJ'IIBYH CBOMCTBA YHCJIOBBIX HEPaAaBCHCTB, UMCEM

Y ////// /A >

-3 3

-3-5<5-2x-5<3-5
—-8<—-2X < —2; nenuM Ha (—2) , 3HAK HEPABEHCTBA MEHSETCS

4>x>1 < 1<x<4
N MOXXHO 3aIIiuCaTh B BUAC CUCTCMbI HepaBeHCTB

5-2x>-3 -2X>-3-5 |-2x>-8 Xx<4

{5—2x<3 {—2x<3—5 {—2x<—2 {x>1
f
1\ 4 -
15



OTseT: X € (1; 4)

3. 5Xx—2-3x* >0 - KBaJApaTHOE HEPABEHCTBO YMHOXKHUM Ha (—1)

3x* —5x+2<0

Haitnem xopHu ypaBHEHUS:

3x* —5x+2=0
D=25-4.6=1

B2 SN
26 "? 6 3

I'padukom dyHkun Y= 3x* -5X+2 spasercs napabona (puc.2), BETBH KOTOpOM
2
HaIlpaBJICHbI BBEPX, a TOUKH NepecedeHus napabosst u ocu OX x, =1, X, =—

N300pa3um reoMeTpuvecKu:

(AN [ ]

Pucynoxk 2. I'paduk ¢pyHkumu

Tak Kak Mbl pemaeM HepaBeHCTBO 3X° —5X+2<0, To pelleHMEM HepaBeHCTBA OyjeT

MPOMEXYTOK (MHTEpBai) X € 5;1

Otser: X€| —;1
TBCT 3

dopma npeacTaBiaeHus pe3yJbTaTa: BHIIIOJIHEHHOE 3a/IaHHeE.
Kpurepum ounenku:
Ouenka "oTau4HO" CTaBUTCS, eclii paboTa BHIMOJIHEHA B MOJHOM 00BEME ¢ COOTI0IeHIEM

Heo0X0IMMOM NOCIIeI0BAaTENbHOCTH JIEHCTBUI; B OTBETE MPABHJIBHO U aKKypaTHO BBIIIOJHEHBI BCE
3aIlMCH, BBIYMCIICHUS, PUCYHKH U TpapUKH.

Ounenka "xopomo' CTaBUTCS, €CIU BBINOJHEHBI

TpeOoBaHUs K OIEHKE "OTJIWYHO", HO
JOMYUIEHBI 2-3 HeJlo4eTa.

Ouenka "y1oBJIETBOPUTEJbHO'" CTAaBHUTCs, €clid paboTa BBHITIOJIHEHA HE TOJHOCTHIO, HO

00BEM BBITIOTHEHHOW YaCcTH TAKOB, YTO MO3BOJISET MOJNYYUThH MPaBUIbHBIE PE3yIbTaThl U BHIBOJIBI;
B X0JI€ MPOBECHUS PaObOTHI OBUTH JOMYIIEHBI ONTHOKH.

16



OueHka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU PadOTa BHIMOIHEHA HE TIOJHOCTHIO HITU
00BEM BBITTOJIHEHHOH YacTH pabOThl HE TIO3BOJISET ClIeaTh MPaBUIIbHBIX BHIBO/IOB.

Tema 1.3. @®yHkuuu, UX CBOiicTBa, rpaguKn
IIpakTnyeckas padora Ne6

«HUccaenoBanue pynkumii. CBoiicTBa JMHEHHOH, KBAAPATUYHOMN, KYCOUYHO-JIMHEHHOM 1
APOOHO-IMHEeHHOH QyHKIUID)

Leas padoTbl: HAyYUTHCA ONPEACTATh YETHOCTh HEYETHOCTh (YHKIHMH, MPOBOJUTH
uccienoBaHre (QYHKUMM HAa MOHOTOHHOCTb, JKCTPEMYMBI, HYIU QYHKIHH U TPOMEXKYTKU
3HAKOIIOCTOSIHCTBA.

Boinosinus padory, Bel Oyaere ymers:

BBIUUCIIATh 3HaueHHe (QYHKUMU [0 3aJaHHOMY 3HAUEHHUIO apryMeHTa IpH pa3InYHbIX
crnoco0ax 3afanus GyHKINH;

OIpeJIeNIATh OCHOBHBIE CBOMCTBA UNCIIOBBIX (PYHKIUHI, MITIOCTPUPOBATh UX Ha rpadukax;

CTpOUTh TpapuKH W3YYEHHBIX (YHKUWH, WIUIIOCTPUPOBATh IO TpaduKy CBOWCTBA
3JIEMEHTAPHBIX (DYHKIIMIA;

WCIOJIH30BATh MOHATHE (DYHKIIUH JJIsl OMMCAHUS M aHAJIN3a 3aBUCUMOCTEH BEIMYNH;

MaTepnaﬂbnoe odecmeyeHue:
I/IHI[I/IBI/II[yaJ'IBHBIC 3a/laHus, CIIPABOYHBIC MaTCpUaJibl, KOHCIICKTBI JICKI[MH.

3aganme:
. X
1. Haiitu oGnacte onpenenenust GyHKuuu y =
x%+x
3
X
2. Uccenenoars GyHKIMIO Y = ————— Ha YETHOCTb.
2(x+5)
3. HccnenoBath pyHknmio y =6+ x -(2x —1) Ha MOHOTOHHOCTBH M 3HAaKOTIOCTOSIHCTBO.

IMopsiniok BbINoOJIHEHUs PadOTHI:

1) Haiigute obnacts onpenenenus pyHKINU.

Jlnst HaXOXKJIEHUSI TPOMEKYTKOB 3HAKOMOCTOSIHCTBA HAWJWTE TOYKU IEPECEUYCHHUSI C OCBIO
abcruce, pemnB ypaBHeHue y=0. HaiineHHble kopHHM pacctaBbTe Ha ocu OX B mopsake
BO3paCTaHHWs W HaWauTe 3HAK (YHKIWM HA KaXIOM M3 IOJYyYCHHBIX WHTEPBAIOB. 3aITUIINTE
pe3ysbTar.

2) Haiinure o0Gnacth onpezenenus GyHKIUU. Y O0eAUTECh, YTO OHA CUMMETPUYHA.

1.3amenute aprymeHnt ¢ynkmuun x  Ha "-x". IloacraBbre 3TOT aprymMeHT B
(GYHKIIMOHAJIBHOE BBIpaXKEHHE.

2.Y1upocTure BeIpaXKeHue.

3.Takum oOpazoM, BBl TOJYYWJIW OJHY M Ty XKe (YHKIMIO, 3alMCAHHYIO IS
aprymeHToB "x" u "-x". ITocMoTpuTe Ha 1BE ITU 3AIKCH.

Ecimu y(-x) = y(x), T0o 3TO 4eTHast PyHKLIHUS.

Ecmu y(-X) =- y(X), To 3TO HeueTHast PYHKIIHS.

Ecmu ke mpo GyHKIHIO HEMb3s CKaszaTh, 9T0 Y(-X)=y(X) wiau y(-X)=-Y(X), TO M0 CBOWCTBY
YeTHOCTH 3T0 (pyHKIMs oOuiero Buaa. To ecTh, OHA HE ABJISIETCS HU YETHOW, HU HEUYETHOM.
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4.3anumuTe c/ieJlaHHbIe BAMU BBIBO/IBI.
3) Haiinmure obnmacte onpeneneHus GyHKIMU U HYIH (YHKIIUU, €CITM OHU ecTh. MccaemyiiTe
(GYHKIIHIO HAa MOHOTOHHOCTh Ha MOJYYCHHBIX HHTEPBaJIax.
Oyukius  F(X) HaspiBaeTcs Bo3pacTamomieii Ha orpeske [a,b] , ecim mis moObBIX IBYX
TOueK X; ¥ Xp u3 [@,0] cnpaBemmuBo HepaBencTBo F(X1) < F(X2), korma xi1< Xo.
Oyukius F(X) HassiBaeTCs yObIBawoIIeil Ha oTpe3ke [a,b] , eciou st m00BIX ABYX TOYEK
X1 4 Xp u3 [a,b] cnpaBemnuBo HepaBeHcTBO F(X1) > F(X2), Korma x; < Xj.

Xoxa pa6oThlI:

. X

1) Haiitu o6sacth onpeeicHus GyHKIUN ) = —F=—— W NIPOMEXKYTKH 3HAKONOCTOAHCTBA.
X +x

Pemenue:

1. ObnacThb onpeeaeHus GbyHKIUY:

x? +x>0,x(x+1) = 0,x, =0,x, # —1.Paccmotpum Tpu unTeppana (—oo;—1),(~L0)u(0;+oc). Ha
uaTepBanax (—oo;—1)u(0;+0) x?+x >0, a Ha unTepBane (-1;,0) x?+x<0. ITomydaem, uTo
D(y)= (—o0;-1) U (0;+00).

X
2. Hyneii ¢yHKIMHM HET, T.K. 2—7&0, CIIEZIOBAaTENIbHO TpaduK HE IMEepeceKkaeT OCh
X +x
abcrucc.
3. Haiinem 3Hak ¢pynkuuu Ha uaTepBanax (—oo;—1)u(0;+0). Ha unrepBane (—oo—1) y <0,
Ha uaTepBaie (0;+w) y>0.
3

2) UccnenoBarh GYHKIHMIO ) = x—2 HAa YETHOCTb.
2(x+5)

Pemenne: OO6nacth onpeneneHus. OyHKIMs ONpeneeHa s BCeX X KPoOMe TeX, KOTOpPhIe
oOpamaroT 3HaMeHaTeldb B HYyIb: x=-5, TOo ectb  D(y)=(—o0;—5) U (-5;+wx). T.x. obmacth
OTIpe/ieNieHUs] He CHMMETPHYHA , TO TI0 CBOMCTBY YETHOCTH 3TO (PyHKIHS 00mIero Buaa. To ecTs,
OHa He SBJSIETCS HU YETHOM, HU HEYETHOM.

3) UccrnenoBath QyHKIMIO ) = 6\/7 (2x-1 HA MOHOTOHHOCTh M TPOMEXKYTKH
3HAKOTIOCTOSIHCTBA.

Pemenue: O6acts onpeaencuus Gpyukuun: x > 0, 1.e. D(y) = [0;+oo).

Hymu ¢pyakmuu: x,=0, x,=0,5.

[TpomexyTku 3HakonocrossHcTBa: Ha wuHTepBane (0;0,5) y <0, Ha uaTepBasie  (0,5;+00)
y>0.

[IpomMexXyTKu MOHOTOHHOCTH: JoruvyHo paccMmarpuBath mHTepBa  (0,5+0). C
BO3pacTaHueM aprymenTta ot 0,5 10+ 00 (GyHKIHS Bo3pacTaer.

®opma npeacraBiaeHust pe3yJabTaTa: BHIIOJHEHHOE 33aJaHHE.

Kpurepum ouenku:

Ouenka "oTau4HO'" CTaBUTCS, eclii paboTa BHIMIOJIHEHA B MOJHOM 00BEME ¢ COOII0IeHIEM
HEO0OXOMMOM MOCIeI0BATEILHOCTH ICUCTBHI; B OTBETE MPABUJILHO U aKKypPaTHO BBIMTOJTHEHBI BCE
3aMKCH, BEIYUCICHUS, PUCYHKU U TPadUKH.

Ounenka '"'xopomo' cTaBUTCS, €CIM BBINOJHEHb TpeOOBaHUS K OLIEHKE "OTIMYHO", HO
JOTYIIIEHBI 2-3 He0YeTa.

Ouenka "yIoBJIETBOPUTEJbHO'" CTAaBHUTCs, €clid paboTa BBHITIOJIHEHA HE IMOJHOCTHIO, HO
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00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO IMO3BOJISET MONYYUTh MPABUIBHBIC PE3YIbTAaThl U BHIBOIBL,
B X0JI€ MMPOBEACHUS PaObOThI ObUTH JOMYIIEHBI ONTHOKH.

Ouenka '"Hey10BJIETBOPUTEJIBHO' CTAaBUTCS, €CJIM padOTa BBHIMOJHEHA HE MOJTHOCTHIO MU
00BEM BBINIOJIHEHHOM YacTH paboThl HE TIO3BOJISET ClieaTh MPaBUIbHBIX BHIBO/IOB.

Tema 1.3. @yHkuuu, UX cBoiicTBa, rpagukn
IIpakTuyeckas padora Ne7
«IlocTpoenne u yrenne rpapukoB PyHKIM D

Leab padoThi: NOBTOPEHNUE U3YUYEHHOTO MaTepHala; MpUMEHEHUE TeOPEeTUYECKUX 3HaHUN K
PEIICHUIO MPAKTUYECKHX 3a]1a4.

Boinosinus padory, Bel Oyaere ymers:

BBIUUCIIATh 3HaueHHe (QYHKUMU [0 3aJaHHOMY 3HAUEHHUIO apryMeHTa IpH pa3InYHbIX
crnoco0ax 3afanus GyHKINH;

OIpeJIeNIATh OCHOBHBIE CBOMCTBA YNCIIOBBIX (PYHKIUHI, MITIOCTPUPOBATh UX HA IpaduKax;

CTpOUTh TpapuKH W3YYEHHBIX (YHKUWH, WIUIIOCTPUPOBATh IO TpaduKy CBOWCTBA
3JIEMEHTAPHBIX (DYHKIIMIA;

WCIOJIH30BATh MOHATHE (DYHKIIUH JJIsl OMMCAHUS M aHAJIN3a 3aBUCUMOCTEH BEIMYNH;

MaTepnaﬂbnoe odecmeyeHue:
I/IHI[I/IBI/II[yaJ'IBHBIC 3a/laHus, CIIPABOYHBIC MaTCPpUaJIbl, KOHCIICKTBI JIEKITUH.

3aganue: nocTpouth rpaduku QyHKIUNI:
y=-3 X —fx—4

IMopsinok BBINMOJTHEHHS PAOOTHI
D)Ipaduk pyskimn y=ax’+Bx-+c, rae a# 0 CTPOMTCS M0 CICAYIOEMY AITOPUTMY:
o  Omnucare QyHKIMIO, 331aHHYIO HOPMYITOI Fax2+Bx+c, rnea#0;

8
o  3a/1aTh KOOPJMHATBI BEPIUINHbI Xg—. ——; ) = ax? + éx + ¢ ¥ IOCTPOUTH
2

a

TOUYKY Ha KOOPJIMHATHOM IJIOCKOCTH;

o  TPOBECTH OCh CHMMETPHUHU NapadoIbI;

o ompenenuth Hymd (QyHKIMM (€CIM  3TO BO3MOXKHO), TIIOCTPOUTH TOYKH IO
COOTBETCTBYIOIINM KOOPAHHATAM;

o  HalTH KOOpPIMHATHI TOUKU NepeceueHus rpaduka GyHKIUU C OChIO OpJIMHAT U IIOCTPONTE
€€, a TaKKe MOCTPOUTE TOUKY, €l CHMMETPUYHYIO, HA KOOPIMHATHOMN IJIOCKOCTH;

o  HailTu, ecnu HEOOXOAMMO, KOOPAUHATHI IOTOTHUTEBHBIX TOUEK;

2)'paduk GyHKIIMN Fx2+px+q, rae a# 0 CTpOHTCS 1O CIIEAYIONIEMY aJrOPUTMY:

o B KBazpaTHOM TpexwieHe X°+PX-+( BBIICIMM TONHBI KBagpaT: X>+px+q = (x-a)*+B

o Iloctpoum rpadguk pyHKIuU sz

o JlemaeMm mapasieNbHBIA nepeHoc rpaduka (yHKIUU y=x2 BJIOJb ocu aOcmucc Ha lal
€AVHUL BIIpaBo, eciu a> 0 wim BieBo, eciu a< 0.

o JlemaeMm mapajuledbHBIN MEpeHOoC BJIONb ocu opauHaT Ha IBI eaunuil BBepx, eciu B> 0
WJIK BHH3, eciik B< (.

3) UroObl mocTpouTh rpaduk GyHKIUN y=x2+3 MOCTPOUM TpapuK QyHKIIHH y=x2 U cleaeM
MapajuIeIbHbIN nepeHoc B0k ocu Oy Ha 3 eIMHUIBI BBEPX.
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Xox padoThI:

— I x? A
)ITocrpoum rpaduk pynxmmm ¥ = Sx® -0x—-4

T
Pemenne: y=-3x Gr—4 _

napa6ona, % = -5 —i=l CIICIOBATENILHO, BETBU HAIIPABIICHBI BHU3.

Koopaunate! Beprmnst: (—1;-1).
] &
IS = =
I(-3) -6
Yo =—i(=1)F —6(-1)—4=-3+6-4=—1;
Hynun gynkum:
~3x? —fx-4=0,

3x vbx+d=0,
a=43 m=3 c=4

KBaJIpaTH4Hasl, rpaduk —

)

D=m® ae,

D=0-3.4=0-12=-3 -3i<Q

JleficTBUTEBHBIX KOpHEH HET. TO eCTh, HET TOYEK MEPECEYCHHUS C OChIO abCIIHCC.
Touka nepeceuenus ¢ OV: (0; —4).

Bony =0 g ¥ =0+0-4=—4,

Jlononautensable Toukn: (1; —13) , Tak kak y(1)=-3-1°-6-1-4=-3-6-4=-13;

Ctpoum rpadux.

)Iloctponm rpaduk GyHKINUN y:x2-4x+3 C TOMOIIBIO Hpeo6pa3OBaHH171.y=x2-4x+3—
KBaJpaTHyHas, rpauk — napabona, a=1, 1 >0 cieL0BATEIbHO, BETBH HAIPABICHBI BBEPX, T.K. X -
4x+3 = (x-2)2 -1, o y= (x-2)2 — 1. Crpoum rpadux GyHKIHUN y=x2 U JIelaeM napajlyiesIbHbIA
MEPEHOC BAOJb Ocu alcIyce Ha 2 €AMHUIBI BIPABO U BAOJIb OCU OpJIMHAT Ha | eJUHMIlY BHU3. 3)
[TocTpoum rpaduk QyHkIuN y=x2-5 ¢ MoMoIIbI0 npeodpazoBanuii. YToObI OB TOCTPOUTH TpaduK
byHKINN FXZ-S HOCTPOMM Ipauk GYHKIMU y=X U cAeJaeM MapajulelbHblil mepeHoc (puc. 3)
B1ioyib ocu Oy Ha 5 eIMHUI] BHU3.

Pucynok 3. I'padpux ¢pyHkmmu
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®opma npeacTraBIeHUs pe3yJbTaTa: BBIIIOJIHEHHOE 3a/1aHHUE.

Kpurtepun onenku:

Ouenka "oTJMYHO'" CTaBUTCS, €ClIM paboTa BBIMOJHEHA B IOJHOM 00BEME C COOIOIEHUEM
HE0OXO0TMMOM TIOCTIEIOBATEIFHOCTH JICHCTBUI; B OTBETE MPABIILHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aMuCcH, BEIYUCICHUS, PUCYHKU U TPapUKU.

Ounenka ''xopomo' CcTaBUTCS, €CIHM BBIIOJIHEHB TpeOOBaHUS K OIEHKE "OTIMYHO", HO
JONYIIEHBI 2-3 HeJ0YeTa.

Ounenka "yI10BJIETBOPUTEIBHO'" CTAaBUTCS, €ClM paboTa BHIMOJHEHA HE MOJHOCTHIO, HO
00BEM BBITIOJTHEHHOM YaCcTH TAaKOB, YTO MO3BOJISET MOJYUYUTh MPAaBUIbHBIE PE3YIbTAaThl U BHIBOJIBL;
B XOJI€ TPOBEICHUS paObOTHI OBUTN TOMYIIEHBI OITHOKH.

Ouenka '""Hey10BJIETBOPUTEJIBHO'" CTAaBHUTCS, €CJIM pabOTa BBIMOJIHEHA HE MOJHOCTHIO WIIH
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TIO3BOJISET ClIEIaTh MPABUIIHHBIX BHIBOJIOB.

Tema 1.3. KopHu, crenenu jorapupmsol
IIpakTnyeckas padora Ne 8
«Perenune HppanMoHAJbHBIX YPaBHEHHID»

Heap padorbr: O6O0OMMTH, 3aKPENUTh U CHCTEMATU3UPOBATh 3HAHMS YdallUXcs IpU
PELICHUH Pa3INYHBIX BUIOB HPPALMOHAIBHBIX YPABHEHHH.

Brinosinus padorty, Bl Oynere:
yMeThb:
pelaTh uppaloHaIbHbIE YPAaBHEHUS.

MarepuajbHoe obecnedeHne:
I/IH)II/IBI/II[yaHI)HI)IC 3alaHuA, CIIPAaBOYHBIC MaTCpUalibl, KOHCIICKTBI HCKHHﬁ.

3ananne:
1)Pemire ypaBHeHHE Ji—dx=lx+ 5
2)Pemuth ypaBHeHHe 9+/x -3 =x .

3)Pemmth ypaBHeHHE Vx> —2 =+/3—4x .

4)Peutnth ypapHenue ~4x +2 ++/4x—2 =4

ITopsinok BbINOJIHEHHS Pa0OTHI

DIIpn BO3BENEHUM ypaBHEHHS B YETHYIO CTENE€Hb IOJIy4aeTcsl ypaBHEHHE, SBISIOLIEECS
CJIEICTBUEM UCXOAHOTO0. I109TOMY BO3MOKHO IOSBIIEHUE IOCTOPOHHUX PELLIEHUN YPaBHEHUS, HO HE
BO3MOXKHA 1oTeps kopHeil. [IpuyrHa npuoOpeTeHrs KOpHEel COCTOUT B TOM, YTO MPHU BO3BEJICHUU B
YEeTHYIO CTENEeHb YHUCEeJ, PAaBHBIX MO abCOMIOTHOW BEIMYMHE, HO Pa3HBIX MO 3HAKY, MOJyyaeTcs
OJIMH U TOT K€ PE3yJIbTaT.

Tak kak MOTYT MOSBUTHCS TOCTOPOHHHME KOPHM, TO HEOOXOIMMO JeiaTh IPOBEPKY,
ITO/CTABJISAS HAMJICHHBIC 3HAYEHUs HEU3BECTHOM TOJIBKO B IEPBOHAYAIIBHOE YpPaBHEHHE, a HE B
KaKHEe-TO IPOMEXYTOYHBIE.

2) Ilpu pemieHNM MpparMoOHAIbHBIX YPAaBHEHM IOJIE3HO IMepesl BO3BeleHneM o0enx ydacTteit
YPaBHEHHUs B HEKOTOPYIO CTENEHb '"YEIMHUTh pagukai', TO €CTb IPEACTaBUTh ypaBHEHUE B
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Bmem‘x} =21INx) .

Torma mocne Bo3BemeHUss O0EMX dYacTed ypaBHEHHsS B N-YIO CTENEHb pajuKail CIpaBa
UCYE3HET.

W A(x) = % B(x)

3) YpaBHeHue PaBHOCUJIBHO KaXXI0M U3 JBYX CUCTEM

: : | A(x) = B(x).
HA(x)y =¥ B(x) =
o A 20,
Alx)= B(x).
ﬂkllA{x} — 2.5:-||B{x} ._:,_:: B: :' 0 )
(x) =

HOCKO.HBKy ITIOCJIC BO3BCACHUA B YCTHYIO CTCIICHDb noJjrygyacm YpaBHCHHUC-

A{xy= Bix) .
CJICACTBUC R T, MH JOJIDKHBI, peH_II/IB €ro, BBIAICHUTD, HpI/IHaI[JIe)KaT JIMU HAUJACHHBIC
KOpHI/I 06nacm onpenenemxm HUCXOIHOT O ypaBHeHI/ISI, TO CCThb BBIITOJIHACTCA JIN

HEPaBEHCTBO Alx) 20 (v B(x) 2
HEPABEHCTBO IIPOIIIE.

4) BosBenere o0e yacTH ypaBHEHHUS B KBaJapaT M NPOU3BEICTE MPHUBEICHUE IMOTOO0HBIX
YJICHOB, NIEPEHECUTE claraeMble U3 OJITHOM YacTW paBEHCTBA B APYyryro. Yeaunute paaukain. CHOBa
BO3BEIUTE 00€ YaCTH YpaBHEHHS B KBajpar. Pemmre nonydeHHoe ypaBHeHue. CaenanTe mpoBepKy.

{ .
). 3 3Tux cuctem BBIOMpPAIOT )i pELICHUs TY, B KOTOPOH

Xoa pa6oTsI:

1) Pemnth ypaBHEHUE

A=-3dx+3=x-1

WA(x) = Blx)
AKKypaTHO€ BO3BEJIICHHE B YETHYIO CTEIICHb YPaBHEHHUs BHJA COCTOUT B
IIepeXo/ie K paBHOCUIIBHOM €My CUCTEME
: ) | A(x)y= B*{x),
WAX) = B(x) =+
| B(x) 20
B{x) =0 N
HepaBeHCTBO s B OTOU CHUCTEMC BbIPAKACT YCJIOBHUEC, IIPH KOTOPOM YpPABHCHHC

MOKHO BO3BOJUTH B UCTHYIO CTCIICHb, OTCCKACT MOCTOPOHHUC PEIICHUA W ITO3BOJIACT O6XOIH/ITI)C$I
0e3 MPOBEPKH.

VpaBHenue Jr+3=x-1 PaBHOCHJIBHO CHCTEME
13- 3x=(x-1)",

lx-120
. Crx-2=0
Pemas IEpBOC YpaBHCHHUEC OSTOU CHUCTCMbI, PABHOCHUIILHOC YPAaBHCHHIO = )
x,=1_=x,=-1
IMOJIYYUM KOPHHU n .

BTOpOfI KOpPCHb HC YHOBJICTBOPACT HCPABCHCTBY CHCTCMLBI H, CJICAOBATCIIbHO, ABJISICTCA
IMOCTOPOHHUM KOPHEM HCXOJHOI'O0 YPaBHCHHA.

Oreer. * =1,
2)Pemuth ypaBHEeHME

X+4/2x+3=0
7 =6 —
Pemenme: MeTo yeAMHEHNs pajiKalla IPUBOIUT K ypaBHEHH0 N 2X T3 =0—X
22



DTO ypaBHEHHE PABHOCUIILHO CHCTEME
’ Py 2
|20+ 3=(6-x)",
6-x20
P y x, =11 =x,=3
emias IIE€pBOE YpPAaBHEHHE OTOH CHCTEMBI, IIOJy4UM KOPHH u , HO
yenosue @ — % =0 prmonusercs tonbko aa X = 3.
Otger. ¥ =3
02 -y YV
3) Pelnth ypaBHEHHE =02+ 30— 6 = /- 6x- 24 .
Pemenne: DTO ypaBHEHHE PABHOCUILHO CUCTEME
’ ] - -
| -9x° + 3xr—6=—-0x—- 124,

|—Gx—2420
. 2 =
Pemass mepBoe ypaBHEHHE 3TOH CHCTEMbI, PaBHOCHIbHOE ypaBHenuio — & 1 X+ ==t
x,=-1_=x,=1
HOJ'Iy‘lI/IM KOpHI/I u .

OpHako MpU 3TUX 3HAYEHUSAX X HE BBIIOJHAETCS HEPAaBEHCTBO — 6x— 24 3":", U TOTOMY
JTAHHOE ypaBHEHHUE HE UMEET KOpHEH.

Otser. KopHeii HeT.

4)Pewiuth ypaBHEHUE

X435 +420-x= 7
Pemenne: BOSBG,I[GM 00e yacTu YpaBHCHHA B KBAApaT U IMIPOU3BCACM IIPUBCACHUC HO,Z[O6HI>IX
YJIEHOB, IIEPEHOC CJIaraéMbIX U3 OJHOM 4YacTU PAaBEHCTBA B APYI'YI0 U YMHOXKEHHE 00enx yacten

Ha 1/2.
B pesynprare nosyuum ypaBHEHHE

5 Mi—r=12
“J'JI +- VL'D x=12 , SIBIIIONIEECs cleacTBueM ucxoaHoro. CHOBa Bo3BeaeM 00€ 4acTu
ypaBHeHUs B kBajapar. [lonyunm ypaBHeHHe

(x+5H20-x) =144

2 -
KOTOPOE TPUBOAUTCA K BUay ¥ —13x+44=10
D10 ypaBHEHHUE (TAKKE ABISIOIIEECS CIIEACTBUEM MCXOIHOTO) MMEET KOPHU

=4 x =11

O6a kopHS, KaK OKa3bIBaeT MPOBEPKA, YIOBIECTBOPSIIOT HCXOIHOMY YPAaBHEHHUIO.
OTBer.

X, = -I1 x, =11 _

®opMa npeacTaBjeHus pe3yJbTaTa: BbINOJIHEHHBIE 3a1aHus 1, 2.

Kpurepum ouenku:

Ouenka "oTau4HO" CTaBUTCS, eciu paboTa BBIMOTHEHA B MOJHOM 00BEME ¢ COOTI0ICHIEM
HeoOX0IMMOM MOCIIeI0BAaTENbHOCTH JIEHCTBUI; B OTBETE MPABHJIBHO U aKKypaTHO BBIIIOJHEHBI BCE
3alUCH U BBIUYUCIICHUSI.

Ounenka '"'xopomo' cTaBUTCS, €CIM BBINOJHEHb TpeOOBaHUS K OLIEHKE "OTIWMYHO", HO
JOMYUIEHBI 2-3 HeJloYeTa.

Ouenka "y1oBJIETBOPUTENbHO'" CTAaBHUTCs, €clid paboTa BBITIOJIHEHA HE IMOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCTH TAKOB, YTO MO3BOJSET MONYUYUTh MPABUIbHBIC PE3YIbTAaThl U BHIBOJIBL,
B XO/JI€ MPOBEACHUS pabOThl OBLIH JTOMYIIEHBI OLUTHOKH.
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OueHka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU PadOTa BHIMOIHEHA HE TIOJHOCTHIO HITU
00BEM BBITTOJIHEHHOH YacTH pabOThl HE TIO3BOJISET ClIeaTh MPaBUIIbHBIX BHIBO/IOB.

Tema 1.3. Kopuu, crenenn jorapugmbi
IIpakTnyeckas padora Ne9
«IIpeoOpa3oBaHusl BbIPAKEHU I, COAEPKALMX CTENEHN U PATUKAIb

Heabr padorbl: OOCOOMIMTH, 3aKpENUTh U CHCTEMATU3UPOBATh 3HAHMS YYAIUXCS MpU
pELIeHNN KOHKPETHBIX 3a/laHui 110 TEME

Beinosinus patdory, Bel Oyaere:

YMETb:

- HaxOJUTh 3HAYECHMS KOpHSA, CTENEHH Ha OCHOBE ONPEAEICHUs, WCIOIb3Yysd IIpH
HEOO0XOJMMOCTH HHCTPYMEHTAJbHBIE CPEACTBA; I10JIb30BaTbCs NPUOIMIKEHHONM OLIEHKOM mpu
IIPAKTHYECKUX pacdeTax;

~ BBINOJHATH NPeoOpa3oBaHUsl  BBIPAKEHUH, NpUMEHssT (QOpPMYIbl, CBA3aHHBIE CO
CBOMCTBaMHM CTCIICHEH;

MaTepnaﬂbnoe odecmeyeHue:
I/IHI[I/IBI/II[yaJ'IBHBIC 3a/laHus, CIIPABOYHBIC MaTCpUaJibl, KOHCIICKTLI J'IeKI.[PIfI.

3aganme:
1) [IpoBecTu ynpolieHue cTeneHeil ¢ pauoHaIbHbIM MOKa3aTeIeM:

3c?d?® (—cd)
16x 16x2y~°  4xy
a +a2

0) 53"

a+b\/_ \/B
i Ve

ITopsinok BbINOJIHEHHS PA0OTHI
1) a) BriHecuTe 3HaK MUHYC M3 MPOHM3BEICHUS. BOCHIOIB3yHTECh CBOWCTBOM CTENEHH C
OTPHLIATENIbHBIM TOKa3aTesieM. YTOTpeOUTe CBOMCTBO BOCIIPOM3BEICHHS BO BTOPYIO CTeneHb. [l
OKOHYATEJIbHOTO YIIPOIIEHUSI ATOr0 MpUMepa BOCHOIb3YHTECh MPABUIIOM YMHOKEHUs qpobeil. B
IIOCJIEHEM 1Iare BOCIOJIb3YHTECH JEJIEHNEM CTEIIEHEN C OJJUHAKOBBIM [10KA3aTEJIEM.

6) B sToM ciyyae Hamo MPUMEHUT CBOMCTBO CTENEHEH C OTPUIATENIbHBIM TOKa3aTeseM.
UYroObl pa3rpy3uTh MOJyUYEHHYIO JpoOb, HAaJO MpeoOpa3oBaTh 3Ty ApoOb B AeneHue. [IpuBectu
npoOb K oOleMy 3HAMEHATeNl0 U IPOU3BECTU CIOXKEHHE JpoOed ¢ oOUIMM 3HaMeHaTeleM.
ITocneguum 1marom crenaTh COKpalleHue.

2) OmpenenuTe MOPSIOK JACHCTBUs. BpIpakeHHe B TEpBOW CKOOKE MPUBEAUTE K OOIIEMY
3HaMEHATeNI0, B YUCIUTENE cAeNaiiTe TPYNIUPOBKY U BBIHECHTE OOIIMI MHOMKUTENb 3a CKOOKY.
BrimorauTe Aenenne, cokpaTtuTe Ha o0mmii MHOKUTENh. [locnennee neficTBre — ciioxeHue apooeit
C O/IMHAKOBBIMHU 3HaMeHaTensiMu. [IpuBenuTe mog00HBIE ClIaraeMble.

o a
2) BeimosnHuTh NeicTBUS: (————

Xoxa paGoTsl
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((x6)—3 (x2)4)y6 B 7 y527

x2y3 X10y10217

Brauane Hago TPOBECTH PACKPHITHE CKOOOK, JUISI 3TOTO  BOCIOJB3YeMCS CBOWCTBOM
CTEIICHEH.

1) YnpocTuTh BhIpaKeHHe:

X ((-3)6) X (42) ,,6-3

_ Yy 7-10 _ 5-10_,7-17 123 _-3_-5_-10_
= 5 —x"TyT T =Xy Xy =

X
BOCHOHB3yeMCﬂ CBOWMCTBOM CTEIIEHEH C OTpULATCIIBHBIM ITOKA3aTCIIEM.
_) 1
T 127 3. 510"

X 3 ySZ 0
’ 1
OtBer %—
3510
X xy°z

2) YIpocTuTh BhIpOKCHUE

e+l 1
x\/;+x+\/;.x2_\/;

Pemenue. Beesem o603nauenne a =+/x , tormax = (Vx)? =a?, xJx=d’a=a°.
a+l 1

— : .
a+a*+a a*-a

CDOpMy.TIa N3 yCJIOBHS 3aa4U MMOCJIC 3aMCHBI 6y):[eT BBII'TIAACTD TaK:

3ameTum, 4To a4-a=a(a3- 13)=a(a- 1 )(a2+a+ ).

Torna a+l 1 a+l a(a-Y(a’ +a+1) _ B

8 a3+a2+a'a4—a_a(a2+a+l). 1 =(a+h@-=a’-1
Bepnemcs k 3amene: a’-1=x-1.
OTser: x-1.

®opma npeacTaBJIeHUs Pe3yIbTaTa: BBIIIOJIHEHHOE 3a/1aHNE
Kputepun onenkn:

Ouenka "oTau4HO'" CTaBUTCS, eclii paboTa BHIMOJIHEHA B MOJHOM 00BEME ¢ cOOTI0IeHIEM
HEO0OXOMMOM MOCIEeI0BATEILHOCTH ICUCTBHI; B OTBETE MPABUJILHO U aKKYypPaTHO BBIMIOJIHEHBI BCE
3alMCH U BBIUUCIICHUS.

Ounenka '"'Xopomo' CTaBUTCS, €CIM BBINOJHEHb TpeOOBaHUS K OLIEHKE "OTIMYHO", HO
JOIYILEHBI 2-3 HEAOYETA.

Ouenka "y1oBJIETBOPUTENbHO'" CTAaBHUTCs, €clid paboTa BBHITIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCTH TAKOB, YTO MO3BOJSET MONYUYUTh MPABUIbHBIC PE3YIbTAaThl U BHIBOJIBL,
B XO/I€ MPOBEACHUS PabOThI OBLIH TOMYIIEHBI OIITHOKH.

Ouenka '"Hey10BJIETBOPUTEJIBHO' CTABHUTCS, €CIIM padOTa BBHIMOJHEHA HE MOJTHOCTHIO WITH
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TIO3BOJISET CIeaTh MPABUIHHBIX BHIBO/IOB.

Tema 1.3. KopHu, crenenn jorapupmsol
IIpakTnyeckas padora Ne 10

«PewieHne nMoka3areJIbHbIX YPaBHEHHID)
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Heas padorbl: OO0OOIMMTH, 3aKPENUTh W CHCTEMATU3MPOBATh 3HAHUS YUYAIIUXCS IPH
peLIeHNH KOHKPETHBIX 3aJlaHUH [0 TeMe

Bbinosinus padory, Bel Oynere:

yMeTh:

- peliath nokKa3aTelbHbIEe YPaBHEHHUs], CBOASIINECS K TMHEHHBIM U KBAAPATHBIM;

- HaxXxOJQUTh 3HAYECHHS KOPHS, CTENEHM Ha OCHOBE ONpPENENCHHUs, WCHONb3Yys MpU
HEOOXOIMMOCTH HMHCTPYMEHTAJIbHBIE CPE/ICTBA; IOJIb30BAaThCS MPHUOIMKEHHON OLIGHKOW Ipu
MPAKTUYECKUX PacyeTax;

- BBIINOJHATH MPeoOpa3OBaHUSA BBIPAKEHUN, MpUMEHssT (GOpPMYIbl, CBSI3aHHBIE CO
CBOWCTBAaMHU CTEIIEHEH.

MarepunanbHoe obecrnieyeHue:
WNunuButyansHble 3a1aHus, CIIPAaBOYHbBIE MaTE€PHAIIbl, KOHCIEKTHI JEKIUH.

3aganue:
Pemntes ypaBHeHue:
a) 3X2_4’5-\/_: 1 ;

27
B) 0,°-9%. /01=0,001;

c) 4'(116JX _17.(}JX+4:0.

ITopsinok BbINoOJIHEHUs padoOThI:
a-B) O0e 4YacTH ypaBHEHHs NPUBOAMM K OAHOMY OCHOBaHmIO: a' ¥ =a
(a > 0,a #1) 3arem ucrnoms3yem cremyromee coiicto: ( a' ¥ =a®® )< (f(X) = d(x)).

D
® e

¢) Pemaem kBagpatHOe ypaBHEHHE OTHOCHTENBHO TiepeMeHHoH (1/4)".

Xox padoTsl
Permute ypaBHeHwHe: 0’1x2—0,5 -4/0,1=0,001.

Pemenue: [IpeoGpasyem ypaBHenue k suay: a ' =a®™ .

2
01:%-05.010° 013 o 01*" ~05+05_093 01 2 _ 013 3atem pemraem ypaBHEHHE:

x2:33x1:—ﬁ,x2 —./3.

®opma npeacTaBiaeHus pe3yJbTaTa: BHIIOTHEHHOE 3aJaHNe

Kpurepum ounenku:

Ouenka "oTJIMYHO" CTaBUTCS, €CITM paboTa BBHITIOJHEHA B MOJTHOM 00BEME C COOIIOIEHUEM
He0OXO0TMMOM TIOCTIEIOBATENHHOCTH JICHCTBUI; B OTBETE MPABIIBLHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aIIMCU U BEIYUCIICHHA.

Ounenka "Xxopomio' CTaBUTCS, €CIAHM BBIOJHEHB TpeOOBaHUS K OIEHKE "OTIUYHO", HO
JONYIIEHBI 2-3 HEe04YeTa.

Ouenka "yI10BJIETBOPUTEJIBHO' CTAaBUTCS, €clid pa0oTa BBHIMOJHEHA HE MOJIHOCTHIO, HO
00BEM BBHITIOJIHEHHOW YaCTH TAaKOB, YTO MO3BOJISIET MOJYYUTh MPABUIBHBIC PE3YIbTAaThl U BHIBOJIBI;
B XO/I€ POBEACHUS PabOThI OBUIH JTOMYIIEHBI OIITHOKH.

Ouenka '"Hey10BJIETBOPUTEJIBHO' CTAaBHUTCS, €CIIM padOTa BBHIMOJHEHA HE MOJTHOCTHIO WITH
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00BEM BBITTOJIHEHHON YacTH pabOThI HE MO3BOJISET CAENIATh MPaBUIIbHBIX BHIBOJIOB.
Tema 1.3. KopHu, crenenn jorapupmsol
IIpakTnueckas padora Ne 11
«Pemenue nokazareJbHbIX HEPABEHCTB)»

Heas padorbi: OO0OOmMTH, 3aKpENUTh W CHCTEMATU3MPOBATH 3HAHMS YYAIIUXCS IPH
peLIeHNH KOHKPETHBIX 3aJlaHUH [0 TeMe

Bbinosinus padory, Bel Oyaere:

yMeTh:

- peliaTth NoKa3aTelbHbIC HEPABEHCTBA;

- HaxXxOOUTh 3HAYECHHS KOPHS, CTENEHM Ha OCHOBE ONpPENETEHHUs, WCIONb3YysSd TNpH
HEOOXOIMMOCTH HMHCTPYMEHTAJIbHBIE CPEJICTBA; TMOJIb30BAThCS MPHUOIMKEHHON OIEHKOH mpu
MPAKTUYECKUX PacyeTax;

- BBINOJHATH MPeoO0pa3oBaHUA BBIPAKEHUN, MpUMEHssT (GOpPMYINbl, CBSI3aHHBIE CO
CBOWCTBAaMHU CTETIEHEH.

MaTepnaﬂbnoe odecmeyeHue:
I/IHI[I/IBI/II[yaJ'IBHBIC 3a/laHus, CIIPABOYHBIC MaTCpUaJibl, KOHCIICKTLI HeKHHﬁ.

3aganue:
Pemnts HepaBeHCTBO:

a) 1045 > -01;
x2-55 3
25\ (27,
B)| =~ — |
e <l

93% 3.1

<
27

ITopsinok BbINOJHEHHS PadOTHI:

OG6e 4acTH HepaBeHCTBA TIPHBEAUTE K OAHOMY ocHoBaHmiO: a' ) =a®¥ . Tlpu pemenun
JIAHHOTO HEPaBEHCTBA 1MeeT MECTO npeoOpasoBaHue:
0<a<1 a>1
a'-a’ o

unu .
f (X) < ®(x) f (X) = ®(x)
Xoxa paGoTsl
Peumre HepaBerncTo: 5% - 2% = 0173,

Pemenne: IIpeoGpasyem HepasencTBo K Buay: a' ) =a®™ . Jng nesoit yactu HepaBeHCTBA

WCIIONb3yeM CBOMCTBO cTemeHeil: a**b*=(a*b)* , mma npasoii wactm cBoiicTBO crTemeHel c
OTPHULATEIILHBIM [T0KA3aTEIIEM, ITOIy9aeM:

(5-2)" = (101)° <10° = 10° = x > 3.
(I)opMa NMpeaAcTaBJACHUSA PE3YyJabTaTa: BEIIIOJTHCHHOC 3aJaHNUC

Kpurepum ouenku:
Ouenka "oTau4HO'" CTaBUTCS, eclii paboTa BHIMOJIHEHA B MOJHOM 00BEME ¢ COOTI0IeHIEM
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HEO0XOAMMOM TOCIIE0BATENILHOCTH JICHCTBUI; B OTBETE MPABUJIBHO M aKKYPAaTHO BBIIIOJHEHBI BCE
3aMKCU U BBIYUCIICHUS.

Ounenka ''Xopomo' CTaBUTCS, €CIAHM BBINOJIHEHB TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JONYIIEHBI 2-3 He04YeTa.

Ounenka "yI0BJIETBOPUTEIBHO'" CTAaBUTCS, €CIIM paboTa BHIMOJHEHA HE MOJHOCTHIO, HO
00BEM BBITIOJTHEHHOM YacTH TaKOB, YTO MO3BOJISET MOJIYUYUTh MPAaBUIbHBIE PE3YIbTaThl U BHIBOJIBL,
B XOJI€ TPOBEICHUS paObOTHI ObUTH TOMYIIEHBI OITHOKH.

Ouenka '""Hey10BJIETBOPUTEJIBHO'" CTAaBHUTCS, €CJIM pabOTa BBIMOJIHEHA HE MOJHOCTHIO WIIH
00BEM BBITTOJIHEHHON YacTH PabOTHI HE MO3BOJISIET CENaTh MPABHIIBHBIX BHIBOJIOB.

Tema 1.3. KopHu, crenenn jorapupmsol
IIpakTnueckas padora Ne 12
«Pemenune nokazareJbHbIX ypPABHEHUI 1 HEPABEHCTB)

Heap padorbr: O6CO0mMTH, 3aKPENUTh U CHCTEMATU3UPOBATh 3HAHMS YdallUuXcs IpU
pELICHNN KOHKPETHBIX 3aJJaHUH 110 TeMe

Beinosinus padorty, Bel Oynere:

yMeThb.!

- pewaTh IOKa3aTelbHbIE YpPaBHEHUS M HEPABEHCTBA, CBOJAIIMECS K JIMHEHHBIM U
KBaJPaTHBIM;

- HaxOQUTh 3HAYEHHMS KOpHS, CTENEHH Ha OCHOBE ONpPENENEHUs, WCHONb3Yysd HpH
HEOOXOJIMMOCTH HMHCTPYMEHTAJIBHBIC CPEJICTBA; IIOJIH30BATHCS MPHOIMKEHHOW OICHKOW IpHU
MPAKTUYECKUX pacyueTax;

- BBIMOJHATH TMPEOOpPa30OBaHUSI BBIPAKEHUW, TMNPUMEHSST (HOPMYJbI, CBA3aHHBIE CO
CBOMCTBAMM CTEIICHEH.

MarepuajbHoe obecnedeHne:
I/IH)II/IBI/II[yaHI)HI)IC 3alaHuA, CIIPAaBOYHBIC MaTCpUajibl, KOHCIICKTbI J'IeKIIHfI.

3ananmue:
Pemuts ypaBHEeHHE:

a) 0.1*-05. /01=0,001;

B) 4'[116JX _17.[1JX+4=0.

ITopsI0K BLINOJHEHHST PAGOTHI:
a-8) OOe wacTH ypaBHEHMs NpPHBOAUM K OAHOMy ocHoBaHmio: a'™ =a
(a = 0,a #1) 3arem ucnonesyem cienyromee coiicto: ( a'® =a®® )< (f(x) = D(x)).

@
() , TIe

Xon paborhr:
Pemmre ypaBHEHHE: 0’1x2—0,5 -,/0,1=0,001.

Pemenne: ITpeo6pasyem ypasreHue k Buay: a' ) =a®®

2
01%-05.010° 013 o 01*~ —05+05_093 01 2 _ 0413 3aTem pelaem ypaBHEHHE:
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x2=3:x1:—ﬁ,x2 =3.

Pemnts HepaBeHCTBO:

w257 % (277,
9 1125

x4 3 1
)3 X “<
27
O6e yacTH HepaBeHCTBA NMPHBEIUTE K OJHOMY ocHoBammio: a ' >=a®® . Tlpu pemenun
JAaHHOT'O HepaBeHCTBa HUMECT MECCTO Hp606pa30BaHI/Ie:
0<a=<1 a>1
a'® =% &

uiau .
f (X) < D(x) f (X) = ®d(x)
dopma npeacTaBiaeHus pe3yJabTaTa: BEIIOJHEHHOE 33/I1aHHE

Kpurtepun ounenku:

Ouenka "oTJHYHO'" CTaBUTCS, €CIIM padOTa BBIMOJHEHA B IOJHOM 00BEME ¢ COOIIOIEHUEM
HE0OXO0TMMOM TIOCTICIOBATEIFHOCTH JICHCTBUI; B OTBETE MPABMILHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aIlMCH U BEIYUCICHHA.

Onenka ''Xxopomo' CTaBUTCS, €CJAM BBIIOJHEHbl TpeOOBaHUS K OLIEHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "y10BJIETBOPUTEJbHO'" CTAaBUTCs, €ciid paboOTa BBHINIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAaKOB, YTO MO3BOJISET MOJNYUYUTh MPABUIbHBIC PE3YIbTAaThl U BHIBOIBL;
B XOJI€ TIPOBEACHUS PabOTHI OBLIH JIOMYIIICHBI OITHOKHY.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €clid PadOTa BBHIMOJIHEHA HE TOJHOCTHIO WU
00BEM BBITIOJTHEHHOM YacTH pabOThI HE MTO3BOJISAET CAENATh MPABHIBHBIX BHIBOJIOB.

Tema 1.3. Kopuu, crenenu jorapupmsbl
IIpakTnueckas padora Ne 13

«HaxoxkaeHue 3HaYeHU JJorapudma 1mo npou3BoibHoMYy ocHoBaHuIo. [lepexox ot
OIHOT'0 OCHOBAHMA K Apyromy. Berunciienue u cpaBHenue Jiorapugmos. JlorapupmupoBanue
U NOTEHIMPOBAaHUE BbIPAKEHUID)

Heapr padorbr: OOCOOMMTH, 3aKPENUTh U CHCTEMATU3UPOBATh 3HAHMS YdallUXcs IpU
peleHNH KOHKPETHBIX 3aJlaHui 10 Teme

Beinosnus patdory, Bel Oyaere:

yMeTb:

- HAXOJUTh 3HAUYEHUS KOPHS, CTENIeHH, JIoTapr(mMa Ha OCHOBE ONpeAeIeHUs, UCTIONb3Ys IPU
HEOOXOJUMOCTH HWHCTPYMEHTAJIBHBIE CPEJCTBA; IMOJH30BATHCA TPHUOIMKEHHON OIEHKOW TIpH
MPAKTUYECKHUX pacyeTax;

- BBINOJHATH MpeoO0pa3oBaHUs BBIPAKEHUN, MpPUMEHsST (GOpPMYJbl, CBSI3aHHBIE CO
CBOWCTBaMH CTeTeHeH, JorapugmoB;

MarepunanbHoe obecrnieyeHue:
I/IH)]I/IBI/IHyaJ'H)HI)Ie 3alaHuA, CIIPAaBOYHBIC MaTCpUajibl, KOHCIICKTbI .]'IGKI.II/IfI.
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3amanmue:
1) Haiinute 3HauYeHUs BBIpAXKEHUM:

a) logs 135 — log 55,4;
b) log, 104 — log 4 6,5;
¢) logs loge 3378,

2) Haliqute 3HaYeHUs BBIPDAKEHHMN:
a) 5log5 2 + 36Iog6 m;
b) 2Iog2 54+ 81'0991.@;

1-log~6 —log ,0125
) 27 098° _47%947

IMopsinok BbINOJIHEHUS PadOT

1) Hcnone3yiiTe COOTBETCTBYIOIIME CBOMCTBA JOTapu(MOB U OINpeAeiicHUE
norapugma.

2) Hcnonp3yiiTe OCHOBHOE Jlorapu(MUUEcKoe TOXKIECTBO U  CBOICTBa
Jorapu(dmMoB.

Xox pabdoThI:
1) Bbraucoure: IogO - 0,64+ log 0510-

Pemenne: |og 0.25 0,64+log 0’510 =
log, a

Hcnone3yem GopmMysty mepexoaa K HOBOMy ocHoBaHui0 10g, a = 0.5’ MOJIy4YUM
)

_ log, ;0,64
" log,, 0,25
Aajiee UCII0JIb3yeM CBOICTBA norapn(pMa CTCIICHHU U norapﬂ(bMa IMPOU3BCACHUA
=log,s /0,64 + log,s10=1log,(0,8-10) =log, ;8 =-3.

Ortser: -3.

+1l0g,510 = %Iogov5 0,64 +log,510 =

(I)opMa NMpeaACTaBJICHUSA Pe3yabTaTa: BEIIIOJIHCHHOC 3a/laHNE

Kputepun onenkmn:

Ouenka "oTJIMYHO'" CTaBUTCS, €ClTM pabOTa BBHIMOJHEHA B IMOJHOM 00BEME ¢ COOIIOIEHUEM
HE0OXOTMMOM TIOCTIEIOBATENHHOCTH JICHCTBUI; B OTBETE MPABHIBHO U aKKYPaTHO BBITIOJHEHBI BCE
3aIIMCU U BEIYHCIICHHA.

Ouenka "xopomio' CTaBUTCS, €CIM BBIOJHEHb TpeOOBaHUS K OLEHKE "OTIUYHO", HO
JONYIIEHBI 2-3 Hego4YeTa.

Ouenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €CM pabOTa BHIMIOJHEHA HE MOJHOCTHIO, HO
00BEM BBHITIOJIHEHHOW YaCTH TAaKOB, YTO MO3BOJISIET MOJYYUTh MPABUIBHBIC PE3YIbTAaThl U BHIBOJIBI;
B XO/JI€ MPOBEACHUS PabOThI OBUIH TOMYIIEHBI OIITHOKH.

Ouenka '"Hey10BJIETBOPUTEIBHO' CTAaBUTCS, €CIIM pabOTa BBIMOJTHEHA HE MOJHOCTHIO WIIH
00BEM BBITIOJIHEHHOM YacTH paObOThI HE TTO3BOJISET CIeTaTh MPABUIHHBIX BHIBOIOB.

Tema 1.3. Kopnu, crenenn jorapupmsol

IIpakTnyeckas padora Ne 14
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«HpHﬁJIH)KeHHLIe BBIYUC/ICHHUSA U PCIICHUE NMPHUKIIATHBIX 3a1a41»

Heas padorbl: OO0OOMMTH, 3aKPENUTh W CHCTEMATU3MPOBATH 3HAHMSA Yy4allUXCs NpU
pelIeHNH KOHKPETHBIX 3aJlaHUH 110 TeMe

Bbinosinus padory, Bel Oynere:
YMETh:

- HaxoJUTh 3HAYCHHs KOPHS, CTEEHH, Jorapudma Ha OCHOBE OIPEICICHHS, UCTIONb3Ys PU
HEOOXOIMMOCTH HMHCTPYMEHTAJIBHBIE CPEJICTBA; IOJIH30BATHCS MPHOIMKEHHOW OICHKOW IpHU
IIPAKTUYECKUX pacUeTax;

- BBINOJHATH NPeoOpa3OBaHUs  BBIPAKCHUN, NPUMEHsST (QOPMYIIbI, CBS3aHHBIC

CBOMCTBaMHU CTEIICHEH, JorapruMOB;

=3

373I0936

MarepuajibHoe o0ecnieyeHue:
I/IH[[I/IBI/IIIyaJII)HBIC 3alaHuA, CIIPAaBOYHBIC MaTCpUajibl, KOHCIICKTbI JIGKIII/II;'I.

3ananmue:

Beruuciure: Iog 0.25 0,64+ Iog 0,510.
1-log.,6 —log ,0,125
Haitnure 3HaueHnEe BbIpAXKEHHUS: 27 93 -4 94 .

HOpﬂIlOK BbIIIOJTHCHU A paGOTbI:
log, a
log, b

2) Ucnonb3yeM CBOIMCTBA CTENEHEH W OCHOBHOE JIOTapU(PMHUECKOE TOKIAECTBO

1) Ucnone3yem dopmyity mepexona K HoBoMy ocHoBanuto 109, a =

Xox padoTsl
Brruncnure:

log,, ,50,64+log,;10=

log. a
Hcnone3yem Gopmysty mepexoaa K HOBOMY ocHoBaHui0 10g, a = Ig—cb , IOJTY49UM
O C
log, ; 0,64 1
= —=——+log,;10==log, 0,64 +log, 10 =
|Og 05 0125 90,5 2 gO,S gO,5

Aajiee UCII0JIb3yeM CBOMCTBA norapmpMa CTCIICHU U HOFapH(bMa IMPOU3BCACHUA

=log,5+/0,64 +1log, ;10 =1log,;(0,8-10) =log,; 8 = —3.

Ortser: -3.

1-log,6 —log ,0,125
Haitaure 3HaueHne BbIpaXeHUS: 27 93 -4 94 .

Hcnonb3yeMm cBOICTBA CTENEHEH W OCHOBHOE JIOTapU(PMHUECKOE TOKIAESCTBO
_ (33)1—I0936 _4—Iog40,125 _

-1 .
doggonzs 3% 1000125 32_0,125_1 -1 g-7’

4
3 8
I0936 6

3
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OtBet: —7 Z
8

CDopMa NMpeacTaBJdCHUs pedyjabTaTa: BbIIIOJIHCHHOC 3a1aHUC

Kpurtepun onenku:

Ouenka "oTJMYHO'" CTaBUTCS, €ClIM pabOTa BBHIMOJHEHA B IMOJIHOM 00BEME C COOIIOICHUEM
HE0OXO0TUMO TIOCTIEIOBATEIFHOCTH JICHCTBUI; B OTBETE MPABIILHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aIMCH U BBEIYMCICHHA.

Ounenka ''Xopomo' CTaBUTCS, €CIM BBINOJIHEHB TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JONYIIEHBI 2-3 HeJoYeTa.

Ounenka "y10BJIETBOPUTEJIBHO' CTAaBUTCS, €ClM paboTa BHIMOJHEHA HE MOJHOCTHIO, HO
00BEM BBITIOJIHEHHOW YaCTH TAaKOB, YTO MO3BOJISICT MOJYYUTh MPABUIBHBIC PE3YIbTaThl U BBIBOJIBI;
B XOJI€ TIPOBEACHUS PabOTHI OBLIH JIOMYIIICHBI OIITHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CIU padOTa BHINOJHEHA HE MOJHOCTHIO MU
00BEM BBITTOJIHEHHOM YacTH pabOThI HE TIO3BOJISET ClIEIaTh MPABUIIHHBIX BHIBOJIOB.

Tema 1.3. Kopnu, crenenu jorapupmsol
IIpakTnueckas padora Ne 15
«Pewrenue Jjorapu(pMuYecKuX ypaBHeHHU I

Heapr padorbr: OO600MMTH, 3aKPENUTh U CHCTEMATU3UPOBATh 3HAHMS YYalllUXCsl IMpU
pELICHN KOHKPETHBIX 3aJJaHUH 110 TeMe

Beinosinus patdory, Bel Oyaere:

yMeThb:

- pewarts JorapupmMuueckue, ypaBHeHHUs, CBOAIIMECS K TUHEWHBIM U KBAIPaTHBIM;

- HaxoJUTh 3HAYEHMs KOPHS, CTENEHHU, JJorapudma Ha OCHOBE OIPEIEICHHMS, UCTIONb3Ys NIPU
HEOOXOJUMOCTH HWHCTPYMEHTAJIbHBIE CPEJICTBA; IIOJH30BATHCS MPHUOIMIKEHHON OIEHKOW TIpH
IIPAKTUYECKUX pacyeTax;

- BBINOJHATH MpPeoOpa3oBaHUs BBIPAKEHUN, NpPUMEHSST (GOpPMYJbl, CBSI3aHHBIE CO
CBOWCTBaMM CTeTeHel, Jorapugpmos;

MarepuajbHoe obecnedeHne:
I/IH)II/IBI/II[yaHI)HI)IC 3alaHuA, CIIPAaBOYHBIC MaTCpUalibl, KOHCIICKTHI J'IeKIIPIfI.

3ananmue:
PemmmTe ypaBHEHHUE: |n(x+4)— |n(x+3): In3

ITopsinok BbINOJHEHHS PadOTHI:
3anucaTh 3a/laHiE B TETPaJb U PEIIUTb.

Xox padoTsl
Hcnonb3ys cBolicTBa jorapu(MoB 00€ 4acTH YpaBHEHUS MPUBOIUM K OJTHOMY OCHOBaHUIO
log 2 f(X) = log 4 g(X), @> 1. IloteHuupyem obe wacTu ypaBHenus, moiaydaem f(X) = g(x).
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PemraeM nonyuyenHoe ypasHenue. T.K. IOTEHIIMPOBAaHUE YPAaBHEHHUs MOKET IIPUBECTH K IIOSIBICHUIO
MOCTOPOHHUX KOPHEH, TO JE€JIaeM MPOBEPKY. 3alIMCHIBAEM OTBET.

log, 5"**? = (x—4)-log, 5.
Pemenne: CornacHo CBOICTBaM JorapupMHIECKON byHKIIH
log,5*? =log, 5" <57 =5"* & Jx+2 =x -4 = x+2 = x* —8x+16; I IpuBogum ypaBHEHHE K

CTaHAAPTHOMY BHIY x2-9x+14=0. Pemaem KBaJIpaTHOE YPaBHEHUE U IOJIYyYaeM KOPHH X1=2, Xp=/.
ITpoBepka mokasbIBaeT, YTO X1=2 SABJSETCSA NOCTOPOHHUM KopHeM. OTBeT: 7

(I)opMa NMpeaACTaBJICHUA pe3yjbTaTa: BhIIIOJIHEHHOC 3a1aHUC

Kpurepun oneHku:

Ouenka "oTau4HO'" CTaBUTCS, eclii paboTa BHIMOJTHEHA B MOJHOM 00BEME ¢ COOTI0ICHIEM
HE0oOXO0IMMOM TOCIEI0BATENBHOCTH JICHCTBUI; B OTBETE MPABUJIBHO U aKKYPaTHO BBITIOJHEHBI BCE
3aIMCH Y BBIYUCIICHUS.

Ounenka '"xopomio' CTaBUTCS, €CIHM BBIOJHEHb TpeOOBaHUS K OLIEHKE "OTIUYHO", HO
JOMYIIEHBI 2-3 HeloYeTa.

Ounenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €clii paboTa BBHINOJHEHA HE MOJHOCTHIO, HO
00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO IMO3BOJISET MOJYYUTh MPABUIBHBIC PE3YIbTAThl U BHIBOIBI,
B XO/JI€ MPOBEACHUS PabOThl OBUIH TOMYIIEHBI OITHOKH.

Ouenka '"Hey10BJIETBOPUTEJIBHO' CTAaBUTCS, €ClIM padOTa BBHINOIHEHA HE MOJHOCTHIO WM
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TTO3BOJISET ClieaTh MPAaBUIbHBIX BHIBO/IOB.

Tema 1.3. Kopuu, crenenn jorapugmbl
IIpakTnuyeckas padora Ne 16
«Pemenue JJjorapu(pMuYecKuX HepaBeHCTB)

Heas padorbi: OO0OOMMUTH, 3aKPEeNUTh W CHCTEMATU3MPOBATH 3HAHMSA Yy4alluXcs HpU
pelIeHNN KOHKPETHBIX 3a/laHui TI0 TeMe

Boinoainus padorty, Bel Oynere:

YMeTh:

- pemaTh JorapupMUUECKUE€ HEPABEHCTBA;

- HaxOJUTh 3HAYEHHsI KOPHS, CTETICHH, JTorapru(mMa Ha OCHOBE OIPEICICHHS, UCTIONb3Ys PU
HEOOXOJUMOCTH HWHCTPYMEHTAJIbHBIE CPEJCTBA; IMOJIb30BATHCA MPHUOIMKEHHON OIEHKOW MpH
MPAaKTUYECKUX PacyeTax;

- BBINOJHATH MPeoOpa3oBaHUS BBIPAKEHUN, NpPUMEHsST (GOpPMYIbI, CBSI3aHHBIE CO
CBOMCTBaMHU CTENEHEH, JorapudmoB;

MarepunanbHoe obecrnieyeHue:
I/IH)]I/IBI/IHyaJ'H)HI)Ie 3alaHuA, CIIPAaBOYHBIC MaTCpUajibl, KOHCIICKTbI .]'IGKI.II/IfI.

3ananue:
2logz(x —1) —logz(2x - 5) <1

ITopsinok BbINOJHEHHS PadOTHI:
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1)PaboTaeM Mo anropuTMy: HCIOJIB3YS ONpenAeieHue jorapupma obOe 4acTH HEepaBEHCTBA
MPHUBOAKMM K OJHOMY OCHOBaHHIO, T. €. IojlydyaeM HepaBeHcTBO Buaa log 4 f(X) < log 5 g(X). Ecnu
ocHoBaHue jorapudpma a=x-3> 1, To HepaBeHcTBO 109 5 f(X) < 109 4 g(X) paBHOCHIIBHO 000 U3

Flad < glx)
L) fled =0 {f':x] = g(x)
CUCTCM! g[x}' - HIH g[ﬂ .l

Ecmu 0< x-3<1, To HepaBeHCTBO 10 4 f(X) < 109 4 g(X) paBHOCHIIBHO JItO00M M3 CHUCTEM:
Flacl gix) 0
fld) =0 {f - gx)
gld =0 L fGd =0

. Pemaem MOJIYYCHHYIO CUCTEMY, 3aIllMChIBACM OTBCT.

2)B neBoii yacTH HEpaBEHCTBA JelaeM MpeoOpa3oBaHUs, HCIOIb3ys CBOMCTBA Jorapudpmos-
jorapu@m CTEreHu 1 JIorapu(m 4acTHOTO:

log a®=klog_a, ¢>0, c#l, a=0.

logﬁ[nglogca—logcb, c=0, c#l, a=0, b=0

[Monyuaem HepaBeHcTBO BHaa 109 4 f(X) < g(X), @> 1, koTopoe 3amMeHsieM Ha PaBHOCHIIbHYIO
Fled = g(x)

cucremy: 1 f lx) =0 Penraenm MIOJIyYEHHYIO CUCTEMY, 3alllIChIBAEM OTBET.

glel =0

Xoa padoTsl
1) Pemnth HepaBeHCTBO

lc)gzx(x2 +2x + 2)£ 2.

Pemenue: HepaBeHCTBO PaBHOCHUJIIBHO COBOKYITHOCTU CUCTEM

¢ 2 2
X +2x+224x% X+ 2 +2< 457,
2 2
X +2x+2>0, HIH X +2x+2>0,
0<2x<1 2x >
i 2 2
3x - 2x-2X0, 3x -2x-220,
1 HITH 1
0<x<— x>—
L 2 2
1 7 1-4J7 1 7 1-47
3 x- 7 X - N <0, 3 x- 7 x - V7 >0,
3 3 3 3
HIIE
0<x<l x>1.
2 2
HpI/IMCHI/IM MCETO UHTCPBAJIOB
1- 17 SN 1--/17 1+-/17
3 3 3 3
‘2’0 = % Ll 1
< 2

xe[O;l] L lﬂﬁ, +°=>].
Orser: 2 | 3
2) Pemmte HEpaBeHCTBO
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2
10g0310g6u<0
’ x+4 _

Pemenue:
2 2
X +x x°+x
log,;log, —— <log;-1;, = log,——>1 =
’ x+4 ’ x+4
o Mrxie L Gr3a8)
x+4 x+4

HpI/IMeHI/IM MCTO/J UHTCPBAJIOB

N e
B S

xel-4;-3)J(8 +=)

HpI/I OTUX  3HAYCHUIX X BCC  BbIPpAXKCHHA, CToAIIME 1104  3HaKaMH JIOI“apI/I(I)MOB,
ITOJIOKUTCIIBHEI.

xel-4-3)U(8 +=)

OTtBer:
®opMa npeacTaBJeHus pe3yJibTaTa: BbIIIOJIHEHHOE 3aIaHUE

Kpurtepun ounenku:

Ouenka "oTau4HO'" cTaBUTCS, ecliu paboTa BHIMOIHEHA B MOJHOM 00BEME C COOTIOACHHEM
HEO0OXOMMOM TMOCIeI0BATEILHOCTH ICUCTBHI; B OTBETE MPABUJILHO U aKKypPaTHO BBIMIOJIHEHBI BCE
3alMCH U BBIUUCIICHUS.

Ounenka '"Xxopomo' CTaBUTCS, €CIM BBIOJHEHb TpeOOBaHUS K OLIEHKE "OTIWMYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "y1oBJIETBOPUTENbHO'" CTAaBUTCs, €Clid paboTa BBHITIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAaKOB, YTO MO3BOJISET MONYUYUTh MPABUIbHBIC PE3YIbTAaThl U BHIBOJIHI,
B XO/I€ MPOBEACHUS pabOThI OBUIM JTOMYIIEHbBI OLTHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €ClU PadOTa BBHIMOIHEHA HE TOJHOCTHIO MU
00BEM BBITIOTHEHHOM YacTH pabOThI HE MTO3BOJISAET CAENIATh MPABHIbHBIX BHIBOJIOB.

Tema 1.3. KopHu, crenenu jorapupmsol
IIpakTHyeckast padora Ne 17
«PemeHue JJorapu(pMuYecCKuX ypaBHEeHHH U HEPABEHCTBY

Heapr padorbr: O6GOOMIMTH, 3aKpENUTh U CHCTEMATU3UPOBATh 3HAHMS YdallUXcs MpU
pELIEHNN KOHKPETHBIX 3a/laHui 10 TEME

Beinosnus patdory, Bel Oyaere:

YMETh:

- pemarts JorapupMuyecKkiue HEepaBEeHCTBA;

- HAXOJWTh 3HAYEHUS KOPHS, CTENICHH, JIOTapr(Ma Ha OCHOBE OTPEICICHHUS, UCTIONB3Ys TIPH
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HEOOXOMMOCTH HWHCTPYMEHTAJbHBIE CPEACTBA; IOJIb30BAaThCS NPUOIMIKEHHONH OLIGHKOM TMpHu
IIPAKTUYECKUX pPacyeTax;

~ BBIOJIHATH NPeoOpa3OBaHUs  BBIPAKCHUN, TNPUMEHsST (QOPMYIBI, CBSA3aHHBIE CO
CBOWCTBaMH CTeleHeH, Jorapumos;

MarepuajibHoe o0ecnieyeHue:
I/IHI[I/IBI/II[yaJIBHLIC 3alaHuA, CIIPAaBOYHbIC MaTCpUaJibl, KOHCIICKThBI JIGKI_[I/II\/JI.

3ananuga:
3apanue Nel. Pemure sjorapudmMudeckne ypaBHEHHUS U UX CUCTEMBbI
a ]
logmx+4+logyx+logge=2 gx—lgy =7
gx+lgy =5

3aganuneNe2. Pemuthb JorapumMuueckoe HepaBeHCTBO

log, x+1log, x+log, x<35
8
IMopsiiok BbINOTHEHHSI PA6OTHI:
1)PaboTaeM 1o anropuTMy: HCIOJIB3YS ONpeAeieHue Jorapupma oOe YacTH HEepaBEHCTBA
NPUBOIUM K OJIHOMY OCHOBaHHMIO, T. €. IoJy4aeM HepaBeHCTBO BHaa 10g 5 f(X) < 109 4 g(X). Ecau
ocHoBaHue Jorapudma a=x-3> 1, To HepaBeHcTBO 109 4 f(X) < 109 2 9(X) paBHOCHIBHO THOOOH U3

Fx) = g ()
C ) =0 F&J<m£
CUCTCM: g[x:l -0 HITH g[x:' _ .

Ecmn 0< x-3<1, To HepaBeHcTBO 10g 4 f(X) < 10g 2 g(X) paBHOCHIBHO JTF000M U3 CHCTEM:
Flal= gix)
flo) =0
gled =10

Flad = gl
Fflad =10

HUIn { . Pemaem MOJIYYCHHYIO CUCTEMY, 3aIlIUChIBACM OTBCT.

2)B neBoit yacTH HepaBEHCTBaA JieJlaeM NPeoOpa3oBaHUs, UCIIONb3Ysl CBOMCTBA JOrapupmMoB-
Jorapu@m CTENEeHu U JIorapu(M 4acTHOTO:

log a*=klog a, ¢>0, c#l, a=0,

logﬁ[g]zlogca—logcb, c=0, c#l, a=0, b=0

[Tonmyyaem HepaBeHncTBO Buma 10g 5 f(X) < g(X), @> 1, koTopoe 3aMeHsIeM Ha PaBHOCHIBHYIO
Flad < g(x)
Flad =0

CUCTEMYV:
Y1 gt =0

. Pemaem MOJIYYCHHYIO CUCTEMY, 3alIMUChIBACM OTBCT.

Xox padoThI:
3anucath 3aJJaHiE B TETPaIb U PEIINTh.
3) Pemmte HEpaBeHCTBO

lia;;_z;zx(x2 +2x + 2)£ 2.

Pemenue: HepaBeHCTBO paBHOCHIIBHO COBOKYITHOCTH CUCTEM
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F 2 2
X +2x +224x°, X+ 2% +2< 452
x2+2x+2>0, HIIH x2+2x+2>0,
0<2x <1 2x >1
‘2 2
3x - 2x-2<0, 3x -2x-220,
1 HIH 1
D<x<— x>
| 2 2
3[x1+‘ﬁ] [xl_ﬁ]so, 3[x1+ﬁ] [xl_‘ﬁ]zo,
3 3 3 3
HIIH
0-(3::(l x)l.
2 2

IIpuMeHHM METO UHTEPBAJIOB

xel-4-3)U(8 +=)

OTtBer:
®opMa npeacTaBjeHus pe3yJibTaTa: BbIIIOJIHEHHOE 3aIaHUE

Kputepuu ounenkmu:

Ouenka "oTJHYHO'" CTaBUTCS, €CIIM padOTa BBIMOJHEHA B IOJHOM 00BEME ¢ COOIOIEHUEM
HE0OXO0TMMOM TIOCIICIOBATEIPHOCTH JICHCTBUI; B OTBETE MPABWIIBHO M aKKYPATHO BBITIOJIHEHBI BCE
3aMKCy U BBIYUCIICHUS.

Ounenka ''Xopomo' CTaBUTCS, €CIHM BBINOJIHEHB TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "yI0BJIETBOPUTENbHO'" CTAaBUTCs, €Ciid paboOTa BBHINIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAKOB, YTO MO3BOJISET MOJYUYUTh MPaBUIbHBIE PE3YIbTAaThl U BHIBOJIBI;
B XO/JI€ MPOBEACHUS PabOThl OBUIH OMYIIEHBI OIITHOKH.

Ouenka '"Hey10BJIETBOPUTEJIBHO'" CTAaBUTCS, €CJIM pabOTa BBINOJIHEHA HE MOJHOCTHIO WM
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TIO3BOJISET CIeaTh MPaBUIHHBIX BHIBO/IOB.

Tema 2.1 OcHOBHbIE IOHATHS TPUTOHOMETPHH.
IIpeodpa3oBanne TPUrOHOMETPHYECKHUX BbIPAKCHUH

IIpakTnyeckas padora Ne 18

«PajuaHHBIA METO/ U3MEPEHHH YII0B BPALUECHUs H CBA3b C IPajyCHON MEpPOH.
Haxoxnenue 3Ha4eHN I TPUTOHOMETPHYECKUX (PYHKLUID)

Heab padorsi: HayunThcs nepexoauTs OT paJlaHHON Mephl YIJIOB K I'paJyCHOI U 00paTHO.
Hayuurtcs HaxoIuTh 3HaYSHHUS TPUTOHOMETPUYECKUX (QYHKIIUH 110 ONpPeeTICHHIO.

Beinosnus patdory, Bel Oyaere:

yMeTb:

~ HaXOJUTh 3HaYEHUS] TPUTOHOMETPUYECKUX BBIPAKEHUI Ha OCHOBE ONpEICICHHS, UCTIOIb3Ys
pU HEOOXOIMMOCTH MHCTPYMEHTAJIbHBIE CPEJCTBA; MOJIb30BATHCA MPUOIMIKEHHOM OIIEHKOW mpH
MPAKTUYECKHUX pacyerax;

~ BBITOJIHSTH TPe0Opa3oBaHus BbIpaXKEHUM, MpUMeHss GOPMYJIbl, CBS3aHHBIE CO CBONCTBAMU
TPUTOHOMETPUUYECKUX (PYHKLUH.
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MarepuajibHoe o0ecnieyeHue:
I/IHI[I/IBI/II[yaJIBHLIC 3alaHuA, CIIPAaBOYHbBIC MaTCpUaJibl, KOHCIICKTbLI HGKHHﬁ.

3aganmue:
1. BeIpasute B pagnaHax BEJIMYMHY YIUIa, 33JaHHOTO B Ipagycax
a) 150° () 450°  B)40°
2. BeIpasute B rpagycax BeIMUYUHY YIJIa, 33JaHHOTO B pajinaHax

a) T 6)4w  B) =

ik El
3. Hcnonb3ys onpeeneHusi TPUrOHOMETPHUYECKUX (YHKUINH, HAWAUTE 3HAKH STHX (PYHKUIUH
IUIS YTJIOB:

a)-210°  6) =

HOpﬂI{OK BbIIIOJTHCHU A paﬁoTbI

1. Pannannas m rpagycHas Mepsl CBS3aHbl 3aBUCUMOCTBIO 180°% = wpadua. [lodTOMy
1° = Wu, 3HAYUT & ° = L:xpczdmn.
lap iap
2. UYroObl BBIPa3UTh Yol B TpaJyCHOM Mepe BOCIOJB3YHTECh COOTHOLICHHEM
1ap”
1pad = o
3. Hauepture enMHMYHYIO OKpPYXKXHOCTb, OTJIOKMTE 3aJaHHBIM yroJl, IOMHS, YTO

MIOJIOYKUTEITBHBIM CUUTACTCS YTOJI, OTKIIAIBIBACMBII IIPOTHB YaCOBOM CTPEIIKU, & OTPUIIATEITbHBIM —
10 YaCOBOM CTpEJIKE.

o Cunycom yena o Ha3vl8aemcs OpoOuHama MoKy eOUHUYHOU OKPYICHOCU, NOTYYEeHHOU npu
NOBOPOMeE HAUANILHO20 PAOUYCA HA V2Ol (.

e Kocunycom yena o Haswvleaemcs adbcyucca mouku eOUHUHHOU OKPYICHOCU, NOJYYEeHHOU
npu nOBOPOMe HAYANILHO20 PAOUYCa HA Y20l (.

o Taneencom yena o Ha3vl8aemcst OMHOULeHUe OPOUHAMbL MOYKU eOUHUYHOU OKPYICHOCIU K
ee abcyucce.

o KomarneeHcom yena o Has3vleaemcst OMHOUWEHUE AOCYUCCHL MOYKU eOUHUYHOU OKPYIHCHOCTU
K ee opouHame.

Xoa padoThi:
1. BeIpasurte B paguanax BEIMYHHY yIUia, 3aJaHHOTO B Tpagycax
a) 120° 6)225° B)10°

o _T | o _ 2, o — T, o =:1E. o _T | o T

a) 120° = --120° =7 6)225° = - 225° =2 B)10° = 10°= T,
2. Brlpasute B rpagycax BeIHYUHY YIJIa, 3aJaHHOTO B paJinaHax

LY 6)2_“ B) T

a) 5 3 :

a) T=2-. X _q080 6)T=

g T ]

e o

Lap” 5T _
T3

4pe B) M= BELET _ 5o
B T B
3. Hcmonb3ys onpeeneHus] TPUTOHOMETPHUYECKIX (YHKINH, HAHAUTE 3HAKH ATHX (YHKIUH
JUIS YTJIOB:
s it
a) —120 0) 3
ITocTponM €IMHUYHYIO OKPYKHOCTb M OTJIOKUM JaHHbIE yIIbl. YToa—120% oTKiIagbIBaeM 110
4yacoBoii cTpeinke. Touka, cooTBeTCTBYIOMAsA yray —120° nexxut B |1l ueTBepTH, 3HaUUT,
cogl—120°) = 0, sin(-1207) = 0,
tg (—120°) = 0, ectg(—120%) =10,
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dopma npeacTaBJeHus pe3y/IbTaTa: BEIIIOJIHEHHOE 3a/1aHNE

Kpurtepun onenku:

Ouenka "oTJIMYHO'" CTaBUTCS, €ClM pabOTa BBHIMOJHEHA B IMOJHOM 00BEME C COOI0IEHUEM
HE0OXO0TMMOM TIOCTIEIOBATEIFHOCTH JICHCTBUI; B OTBETE MPABIILHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aMKCU U BBIYUCIICHUS.

Ounenka ''Xopomo' CTaBUTCS, €CIHM BBINOJIHEHB TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JONYIIEHBI 2-3 HeJ0YeTa.

Ounenka "yI0BJIETBOPUTEIBHO' CTAaBUTCS, €Clid paboTa BBHIMOJHEHA HE MOJHOCTHIO, HO
00BEM BBITIOJTHEHHOM YaCcTH TAaKOB, YTO MO3BOJISET MOJYUYUTh MPAaBUIbHBIE PE3YIbTAaThl U BHIBOJIBL;
B XOJI€ TPOBEICHUS paOOTHI OBUTN TOMYIIEHBI OITHOKH.

Ouenka '"Hey10BJIETBOPUTEJIBHO' CTAaBHUTCS, €CJIM padOTa BBIMOJHEHA HE MOJTHOCTHIO WITH
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TIO3BOJISET ClIEIaTh MPABUIIHHBIX BHIBOJIOB.

Tema 2.1 OcHOBHBIE OHATHS TPUTOHOMETPHUH.
IIpeoOpa3oBanne TPUTOHOMETPUYECKHUX BbIPAKeHU

IIpakTuyeckas padora Ne 19

«IIpeoOpa3oBaHne TPUTOHOMETPUYECKHUX BbIpa:keHUil. OCHOBHbIE
TPUTOHOMETPHYECKHE TOKIECTBA»

Heap padorbl: HayunThcss HAXOANUTH 3HAYEHUS] TPUTOHOMETPUUECKUX (PYHKIIMM, UCTIOIB3YS
OCHOBHBIE€ TPUTOHOMETPUUECKHUE TOXKIECTBA.

Beinosinus padorty, Bl Oynere:

yMeThb:

~ HAXOJWUTb 3HAYEHUS] TPUTOHOMETPUYECKUX BBIPAKEHUIN HA OCHOBE OINPEACIICHUS, UCTIOJIb3YS
py HEOOXOMMOCTH MHCTPYMEHTAJIbHBIE CPEJCTBA; MOJIb30BATHCS MPUOIMKEHHON OLIEHKON NpHU
IIPAKTUYECKUX pacyeTax;

~ BBINOJIHSTH IPe0Opa30BaHusl BbIpAXKEHUM, MpUMEHss1 (OPMYJIbl, CBS3aHHBIE CO CBONCTBAMU
TPUTOHOMETPUUYECKUX (QYHKLUH.

MarepuajbHoe obecnedeHne:
I/IH)II/IBI/II[yaHI)HI)IC 3alaHuA, CIIPABOYHLIC MaTCpUalibl, KOHCIICKTLI J'IGKHI/II\/'I.

3aganue:
Haiigute 3HaueHus: TpPUTOHOMETPUYECKUX (DYHKITUH, €CTTH H3BECTHO:
Dsino==, Ponz g
11" 2

2) cos = —%,TE o !TW
3) tg x=— %;—r = T

IHopsaoK BbINIOJIHEHHS PA0OTHI

1. 3anummuTe, 94TO AAHO B 3aJaHHH.

2. 3anumute (GOPMYIIBI OCHOBHBIX TPUTOHOMETPHUYECKUX TOXKJIECTB, COJCpPIKAIIHE JTAaHHYIO
(GYHKIUIO U TY, KOTOPYIO HEOOXOIUMO HANTH.

3. Breipazute HemsBecTHYIO (QyHKIMIO. Ecian HE0OXOAMMO HM3BJICUb KBAJPATHBIA KOPEHB, TO

OIIPECACIIUTE 3HAK HCKOMOM q)YHKI_[I/II/I, HCIIOJIb3YS 3aIaHHYIO UCTBCPTh.
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4. BpluncnuTe 3HAYCHUS BCEX HEM3BECTHBIX ()yHKITHIA.

Xon padoThl:
HaiinuTe 3HaueHMst TPUrOHOMETPUYECKUX (PYHKLUH, €CIIU U3BECTHO:
)
1) cos 0= 10,8, Tﬁ == 2w
2) sin = EI,E:E =0 T
1T
= ——-,— =
3) tg g SHEw
kli
. = — =
a) [Jlano: cos w=10.8, == <e= 2x
Haiitu: sin . tg o ctg o
Pemrenue: 1)3anuiiemM 0oCHOBHOE TPUTOHOMETPUUYECKOE TOXKIECTBO
cos? o 4sin® w=1
BbIpazuM 13 HEro HCKOMY0 (PYHKIUIO sin o= ++/1 — cos? o
Taxk kak cunyc B IV yerBepru uMeeT  OTpULIATEIbHOE  3HAYEHHUE, TO
sin o= —f1 — 0,84 = —/0,36 = —0,5.
2) 3anuiieM OCHOBHOE TPUTOHOMETPHUECKOE TOXKIECTBO

i =

tp =

4 ros o

HOI{CTaBI/IM HN3BCCTHBIC 3HAUCHUSA U HaﬁHeM HCU3BCCTHYIO (1)YHKI_II/II-O
—0.6 i} 3

tg o= =——=——=-0,75

0.8 a <
3) 3amuiieM OCHOBHOE TPUTOHOMETPHYECKOE TOXKIIECTBO

tg oootge =1
Bripazum u3 HET0 UCKOMYIO (DYHKIHIO ctg o= m%x

4 1
oty = -3 =-1 3
6) MaHo: ) sin o= 0,6, =m< =

Haiitu: cos wx, tg =, ctg =

Pemrenue: 1)3anuiiemM oCHOBHOE TPUTOHOMETPUUYECKOE TOXKIECTBO
cos? o +sin® x=1
BeIpazum u3 Hero HCKOMYH QYHKIIHIO cos o= 4~1 — sin? o<
Tak kak kocunyc Bo |l yeTBepTH oTpHLIATENEH, TO ros = —f1 — 0,36 = —0.8.

2) 3anuiieM OCHOBHOE TPUTOHOMETPHUECKOE TOXKIECTBO

i
tg o=
g ras o
HOI[CTaBI/IM HN3BCCTHBIC 3HAUCHUA U HaﬁHeM HCI/I3BeCTHYIO (I)YHKHI/IIO
0.6 & 3
tg o= = —=__=_pn75
5= e T 8T T4

3) 3anuieM OCHOBHOE TPUTOHOMETPUYECKOE TOXKIECCTBO
tg oo etge =1
L
Bbipazum 13 HEro UCKOMYI0 (PYHKIHIO ctg o= -
4 1
ctg = ——=-1-

3 3

k|
B) JlaHo: tg &= —=,7

Haiitu: cos o, sin o ctg =
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Pemenue: 1) 3anuimieM 0CHOBHOE TPUTOHOMETPHUYECKOE TOXKIACCTBO
tgooetge =1

L L
= — = —1-=
Bripaszum u3 Hero UCKOMy0 (pYHKIUIO ctg - ctg 13
2) 3anuiineM OCHOBHOE TPUTOHOMETPUYECKOE TOXKIECTBO
1
1+ tg? w=
g cose o

1
Bripazum u3 Hero nckomyro (pyHKIHIO cos =+ Titets

Tax xak kocunyc Bo |l yeTBepTH oTpHUIaTENEH, TO £o5 &= — =——=-

3) 3anuieM OCHOBHOE TPUTOHOMETPHUUYECKOE TOXKIECTBO

cos? oo 4sint x=1

Beipazum 13 HEro HCKOMY0 QYHKIIHIO sin &= +~/1 — cas? o

Tax kak curyc Bo || 4eTBepTH MOTOKHUTETBHBIN, TO sin &= /1 — 0,64 =~/T,36 = 0.,6.

®opma npeacTaBaeHus pe3yJbTaTa: BHIIOTHEHHOE 3aJaHHe

Kpurtepun ounenku:

Ouenka "oTJHYHO'" CTaBUTCS, €CIIM padoTa BBIMOJHEHA B IOJHOM 00BEME ¢ COOIOICHUEM
HE0OXO0IMMOM TIOCTICIOBATEIIFHOCTH JICHCTBUI; B OTBETE MPABWIBHO M aKKYPAaTHO BBIITOJIHCHBI BCE
3aIlMCH U BEIYUCICHHA.

Ouenka ''Xopomo' CTaBUTCS, €CIAHM BBINOJIHEHBI TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "yI0BJIeTBOPUTENbHO'" CTAaBUTCS, €Clid paboTa BHITIOJIHEHA HE TOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YacTH TaKOB, YTO MO3BOJSET MOJYYUTh MPABUIBHBIC PE3YIbTAThl U BHIBOJIBI,
B XO/I€ MPOBEACHUS pabOThI OBUIM JTOMYIIEHbBI OLTHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €ClU PadOTa BBHIMOIHEHA HE TOJHOCTHIO MU
00BEM BBITIOJTHEHHOM YacTH paOOThI HE TTO3BOJISIET CAENATh MPABUIILHBIX BHIBOJIOB.

Tema 2.1 OcHOBHbIE IOHATHS TPUTOHOMETPHH.
IIpeodpa3oBanne TPUrOHOMETPHYECKHUX BbIPAKCHUH

IIpakTnueckas padora Ne 20
«IIpeoGpa3oBaHus TPUTOHOMETPHYECKUX BbIpa:keHUIi. POPMYJIbI CJI05KEHHS], YIBOCHHS.
@opmyJIbI IPUBEACHUD)

Heab padorei: Hayuntbes npeobpazoBbIBaTh TPUTOHOMETPUUECKHUE BBIPAKEHUSI, UCTIOIb3Ys
TPUTOHOMETPHUYECKUE (POPMYIIBL.

Boinoanus padorty, Bul Oynere:

yMeThb:

- HAXOJUTh 3HAYEHUS] TPUTOHOMETPUYECKUX BBIPAXKEHUN HA OCHOBE ONpEeNICHUs, UCTIOIb3Ys
IpU HEOOXOJTUMOCTH MHCTPYMEHTAJBbHBIE CPEJCTBA; MOJb30BaThCA MPUOIMKEHHONW OLIEHKOH mpu
MPaKTUYECKHUX pacyeTax;

~ BBIIIOJIHATH MPeo0pa30BaHusl BBIPAXKECHUH, TpUMEHsS (GOpMYJIbI, CBI3aHHbBIE CO CBOMCTBAMHU
TPUTOHOMETPUUECKUX (QYHKIIHH.
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MarepuajibHoe o0ecnieyeHue:
I/IHI[I/IBI/II[yaJIBHLIC 3alaHuA, CIIPAaBOYHbBIC MaTCpUaJibl, KOHCIICKTbLI HGKHHﬁ.

3aganmue:

cioel?® ¢ oed3” —2inll v 2indd
cord™ 201 6 + cord 620 547

1 24 ar i
Z.Z[aHO CUSDC=—E; cusﬁ:—;; :lr:.ilxc:?; ﬂrd:ﬁd:T,

1.Berunciure

Hatigure sinfe — 57,
gints -5 coaf +ooale —Soing

3. JIoKaKHUTE TOKAECTBO: oo = = tant

IMopsiiok BbINOJIHEHUS PAOOTHI

1) 3anummTe 3aJaHue W ONpeAeiuTe, KakuMu (OpMYJIaMHU TPUTOHOMETPHU HYIKHO
BOCIIOJIb30BaThCH.

2) [Tpumenute >Tu GOPMYIIBI.

3) YopocTuTe TONy4YWBINEECS BBIpaKCHHUE. BBIYHCIUTE, €CU 3TO HEOOXOIUMO,

3HAUYCHHC BbIPAKCHUA.

Xoxa padoThI:

1 Brrumciare coef 1% o2 BT+ 271 20 26"

220" ¢ 082 57 + oozl 0 2R 25"

Pemenue:
cosT1"  coz20° + sinf 1« sin2b®

sim20® « pos25" + eos20" « sin25®

Hﬂﬂ PCUICHUA HAaM H606XOI[I/IMO HUCIIOJIB30BaTh q)OpMyHBI CJIOKCHMUA:
coslee + B) = cose « cosf F sine - sinf

sinle + £ = sine - cosf + cose - sing
cos71" - cos26% + 5inT1%  sin26°  coz(71" — 26%)  cos45°

sin20° - cos25° 4 cos20° - 5in25°  #in(20° 4 257 sindS°

\ 2 4T T
K= = - - [’ H -,
2. JlaHo =in o+ cosf 0y e m 0= f o

=tgase =1

Hatigure sinfe + 77,

Pemenne:  J[na  pelieHMss HaM ~ HYXHO  MCIHOJB30BaTh  (hOPMYJIy
sinfee + £ = sina * cosf + cose  sing

Ho HaMm Heu3BeCTHBI zHa=ueHHa eoz © H sing.

CJIOKCHHUA

Haiigem cHavana 3Tu 3HAYCHH, UCITIOJIB3YsI OCHOBHOC TPUT'OHOMCETPHICCKOC TOXKICCTBO:

cos® o0 4zin® m=1
BbIpa3uM K3 HETO HCKOMYIO (DYHKIHUIO oz o= ++'1 — sin?

sinf = +.01 — cos?j

Tak kak kocunyc Bo |l ueTBepTH oTpHIIaTeneH, TO cos &= — |1 — R -
¥ p p ? 223 83 39

N E

-~ )
Tak kak CHHYC B | YETBECPTHU IMOJIOKUTEIbHBIN, TO =inf[ = Jl T P 2
IloacraBuM HaliicHHBIC 3HAUCHUS B (I)OpMy.Hy X BBIYHMCJIMM 3HAYCHUC
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sinfoc +4).

17

g 4
sinfee+5) = 775+ T

17 5

( 15) 3 32 45 13
5

gints—§cosf +ooale - fleing
coale—F) conf —ginle —feing

3.JlokaxxuTe TOXKIASCTBO: b

Z[OKaSaTCJ'IBCTBOZ

BoinuiieM OTAENBHO JIEBYIO 4YacTh TOXKIECTBA M Ipeodpazyem ee, HCHOJb3ys (OpMYIIbl
CIIO)KEHHUS:

gintw—flcosf +ooale —fleing _ @nie-F+5H _ finw
coale—F) conf —ginle —Feing  coare—F+f  coee
tg m=1fg ™

= ton

ToxkmecTBO TOKa3aHo.

Bosmoxxen n I[perﬁ cnoco0 J0KAa3aTCJIbCTBA:
ginte —flcosf +ooale —fFleing _ (eine cosf —cosw 2 f) cosf + (o oew cosf +eine sinfleng

coale - conf —gnle —floing | Coosw-cost +3ine Binf) coaf - (Bin g cosf —cooe singleing

PaCKpoeM CKOOKH U IIpUBCIACM HOI[O6HBI€ cjiaracManiC
sine - costf — cose - sing - cosP + cosa - cosf - sing 4 sine  sin®f sine o cost @ + sine o sin kg

" cose e cost R + sine  sind - cosf — sing o cosf o sing + cose sin?f cose o cos?f + cose o sin?
sing(cos®F + sin®f)  sine

= = = tgo
cosa(cos?f + =in? ) cosa g

tg m=1fg ™
(I)opMa NpeacTaBJICHUsA pe3yjabTaTa: BhIIIOJIHCHHOC 3a/JaHNE

Kputepun onenkn:

Ouenka "oTJIMYHO'" CTaBUTCS, €CNTU pabOTa BBHIMOJHEHA B MOJTHOM 00BEME C COOIIOICHUEM
HE0OXO0IMMOM TIOCTIEIOBATENHHOCTH JIEHCTBUI; B OTBETE MPABWIBHO U aKKYPAaTHO BBITIOJIHEHBI BCE
3aIMCH ¥ BBIYMCICHUS.

Ouenka "xopomio' CTaBUTCS, €CIHM BBIOJHEHb TpeOOBaHUS K OIEHKE "OTIUYHO", HO
JOMYIIEHBI 2-3 HeloYeTa.

Ounenka "yI0BJIETBOPUTEIBHO'" CTAaBUTCS, €CU paboTa BBHIMOJTHEHA HE MOJHOCTHIO, HO
00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO IMO3BOJISET MOJYYUTh MPABUIBHBIC PE3YIbTAThl U BHIBOIBI,
B XO/JI€ MPOBEACHUS PabOThl OBUIH OMYIIEHBI OIITHOKH.

Ouenka '"Hey10BJIETBOPUTEJIBHO'" CTAaBUTCS, €ClIM pabOTa BBINOJIHEHA HE MOJHOCTHIO WM
00BEM BBITIOJIHEHHOM YacT paboThl HE TIO3BOJISAET CIeTaTh MPaBUIHHBIX BHIBO/IOB.

Tema 2.1 OcHOBHBIC IOHATHS TPUTOHOMETPHH.
IIpeoOpa3oBanue TPUTOHOMETPUYECKHUX BbIPAKEHU

IIpakTHyeckas padora Ne 21
«IIpeoOpa3oBanusi TPUrOHOMETPHUYECKUX BbipaxeHuii. [IpeoOpa3oBanne cymMmbl
TPUTOHOMeTpUYecKHX (pyHKIUH B nponssenenune. [IpeodpazoBanne npounsseaeHus

TPUTOHOMETPHYECKUX (PYHKLIMI ¢ CyMMY»

Heap padorei: Hayuntbes npeobpa3oBbIBaTh TPUTOHOMETPUUECKHUE BBIPAKEHHUSI, UCIIONIb3YS
TPUTOHOMETPHUYECKUE (POPMYIIBL.
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Beinosnus patdory, Bel Oyaere:
yMeThb:
- HaXOAUTb 3HAYCHHUA TPUTOHOMETPUUCCKHUX BLIpa)KCHI/If/’I Ha OCHOBC OIIPCACIICHUSA, UCITOJIb3Y

IIpu HCO6XO,Z[I/IMOCTI/I HHCTPYMCHTAJIBHBIE CPEACTBA, IOJIb30BATHCA HpPI6J'IPI)KCHHOI>i OIIEHKOM IIpu
MMPAKTUYCCKUX pacyCTax;

~ BBINOJIHATH IPe0Opa3oBaHus BbIpAKEHUM, MpUMEHsIs GOPMYIIbl, CBS3aHHBIE CO CBONCTBAMU

TPUTOHOMETPHUYECKUX (PYHKIUH.

MarepunanbHoe obecrnieyeHue:
WunuButyanbHble 3a1aHNs, CIIPABOYHBIC MAaTEPHAIbl, KOHCIICKTHI JICKIIHH.

3aganue:

o [t172° — 242
1. Haiigure 3HaYeHUE BHIPAKECHHUS: —
FEra” — coed?
tRt1a0° — &) coallat® —alty (307 — &)

TOIF0° + 6 cbg (907 + 6 LR (I0P +&)
212+ 6

2. YOpocTuTe BhIpaKeHue:

3. JIoKaxxuTe TOKIACCTBO: = tgdu

COE2 6+ COEhE

IMopsinok BbINOJIHEHUs PAOOTHI
1) BanumuTe 3amaHWe W ONpEACTMTe, KakuMu (opMylaMu TPUTOHOMETPHU HYXKHO

BOCIIOJIB30BAaTbCA.

2) Ipumenute 3T HOPMYJIBL.
3) YnpocTtuTe mojyduBIIeeCs] BbIpaKeHHE. BbIUMCINTE, €clau 3TO HEOOXOIMMO, 3HAUCHHUE

BBIPpAXKCHUS.

Xoa pa6oTsI:

v t163% —z2in22”
1. Haiigure 3Ha4eHUE BHIPAKEHUS: —

ro26a” — coe22”

JUia pemieHMsi HaM HYKHO BOCIOJIB30BaThCAd (QopMyjaMH IpeoOpa3oBaHUsS CYMMBI U

Pa3HOCTU TPUTOHOMCTPUICCKHUX q)YHKI_II/Iﬁ B IIPOU3BCACHUC!

o+ f o—f
coset + cosf = 2ros s
e =
rose — posf = —2zin > ' 5in >
o+ o —
sing + sing = 2zin i - ros 4
2 2
o+ f w—f
sing — sing = 2ros st
2 2
Pemenmue:
BE° 4 22 . BET —22°
SinA B — sin22® Zros 5 E 5 2c0545° - sin23° cos45° 4 )
= o o o - = . . = - = —ct, =
cosBA® — pos22° oo 68”4+ &2° 68T — 28°  _ZgindS° . sin23® singds? 8
—25in 5 ' zin 5

2if (1807 + &) tElec— 18070 com (I60° —a)
-:'tg(;—r—n’j-crg G+ -cm(?—v:’j

2. YrpocTuTe BhIpaXeHHUE:

[Ipn pemieHnn 3TOro 3afaHusl HY)KHO NPUMEHUTh (QopMmyibl npuBeneHus. s storo
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BCIIOMHUM MHEMOHHW4YecKoe mpaBwio: 1) Ha3Banue QyHKIMHM HE MEHSETCS, €CIM K apryMEHTy o
npuodaBiIseTcs —mN Wiy 7N,
Ha3Banue QpyHKIIMM MEHSETCS, €CJIM K apTYMEHTY 0. IPUOaBIIACTCSI —gn WIN ;—rn,

N- HEYETHOE YUCIIO.
2) CtaBUTCS 3HAK UCXOMHON (DYHKIIMH, CUYUTAS , 9TO 0Oi- OCTPBINA YTOJ.

Pemenue:
=(180° + a) - tgloc —180°) - cos(360° — &) —sing c tge c cosn COsSR  COSR COSH c Sinw _
I ( ) ELS - tgn ctge ([ —sine) - ctget TEOSE T g 00
ctg[2 — o) ctglew +al - cos( 5 = 23] inm
3. JIOKaXHUTE TOXKIECTBO: ok HARIEHINGE _ 4 p g

COSE + CO0SIE + 0 0SE e

Jlis pemieHuss HaM HY)KHO BOCIOJIB30BaThCs (QopMyiaMu MpeoOpa3oBaHUS CYMMBI U
Pa3HOCTH TPUTOHOMETPUUECKUX (QYHKIIUI B IPOU3BEACHHUE.

Pemienue:

ENE 2 e +ENE e
———————— =tgin
CONE +C0TIE + 0085 E
Beimuimem oTaesHO JIEBYIO YaCTh TOXKICCTBA U IIPeoOpasyeM ee, HCIONIb3yst (YOPMYIIb:
zinw +ainde+ainie _ Ceine+singed +ande 2zin E;“'EWE_ZEE"'S[‘”R’ _ einde coag-te)+ainde

C+5m

-mg"_T“HmEn' T poele coal-2e) +ooede

come +conde +conie  Coone +coeSed +eonle LI

Bocrnonb3yemcst 4eTHOCTBIO KOCHHYca tosl—e) = cose
sinde ccoz 2e 4+ sindoe sinde - (eosde +1) sindo

cosde - coz 2 + cosde  eosde - (eosla 4+ 1) rosdm
tgdo = tgdo
ToxaecTBo 10Ka3aHo.

(I)opMa NMpeaACTaBJICHUSA Pe3yabTaTa: BBIIIOJIHCHHOC 3a/JaHNUE

Kputepun onenkn:

Ouenka "oTJIMYHO" CTaBUTCS, €CNTU pabOTa BBHIMOJHEHA B MOJTHOM 00BEME C COOITIOICHUEM
HE00XO0TMMOM TIOCTIEIOBATENHHOCTH JICHCTBUI; B OTBETE MPABHIBHO U aKKYPaTHO BBITIOJHEHBI BCE
3aIIMCH U BBIYUCIICHHUSI.

Ouenka '"xopomo' CTaBUTCS, €CIM BBIOJHEHBI TpeOOBaHUSA K OICHKE "OTIWYHO", HO
JOTYIIEHBI 2-3 HeloYeTa.

Ounenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €clid pa0oTa BBHIMOJHEHA HE MOJIHOCTHIO, HO
00BEM BBHITIOJIHEHHOW YaCTH TAaKOB, YTO MO3BOJISIET MOJYUYUTh MPABUIBHBIC PE3YIbTaThl U BHIBOJIBI;
B XO/I€ POBEACHUS PabOThI OBUIH TOMYIIICHBI OLTHOKH.

Ouenka '"Hey10BJIETBOPUTEIBHO' CTAaBUTCS, €CIIM pabOTa BBIMOJTHEHA HE TOJHOCTHIO WIIH
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TIO3BOJISET CIeaTh MPABUIHHBIX BHIBO/IOB.

Tema 2.1 OcHOBHBIC IOHATHS TPUTOHOMETPHH.
IIpeoOpa3oBaHue TPUTOHOMETPUYECKHUX BbIPAKEHU

IIpakTHyeckas: padora Ne 22

IMocTpoenue rpapukoB TPUTOHOMETPUUYECKUX (PYHKIUI C MCIOJIb30BAHHEM
reoMeTpH4YecKNX npeodpa3oBaHui
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Leas padoTbi: HayunThest cTpOUTh rpauku TPUTOHOMETPUUECKUX (DYHKITHIA

Beinosnus patdory, Bel Oyaere:

YMETb:

- pfuaTtb paloOHaJIbHBIC, IIOKa3aTCJIbHBIC, JIOFapI/I(l)MI/I‘IeCKI/Ie, TPUTOHOMCTPUYICCKHUC
YPaBHEHHUs, CBOJSAINMECA K JIMHEHHBIM M KBaJpPaTHBIM, a TAaK)K€ aHAJIOIMYHBIC HEPAaBEHCTBA U
CUCTEMBI,

- HAXOJWTb 3HAYEHUSI TPUTOHOMETPUYECKUX BBIPA)KEHUN HA OCHOBE ONPEICIICHUS, UCTIOIb3YsI
pU HEOOXOIUMOCTH MHCTPYMEHTAJIBHBIE CPEJCTBA; MOJB30BATHCS MPUOIMKEHHOW OLIEHKON mpu
IIPAKTUYECKHUX pacyeTax;

~ BBIIIOJHATH TPe0o0pa30BaHusl BBHIPAKECHUH, TPUMEHSS (OPMYJIbI, CBI3aHHbBIE CO CBOHCTBAMHU
TPUTOHOMETPUUYECKUX (QYHKLUH.

MarepuajibHoe o0ecnieyeHue:
I/IH[[I/IBI/IIIyaJII)HBIG 3alaHuA, CIIPAaBOYHBIC MaTCpUajibl, KOHCIICKTbI JIGKIII/II;'I.

3ananne:
[ToctpouTts rpaduk GyHKINU v = 3sin(x — E]. 3amucarh CBOMCTBA 3TOH (DYHKIIHH.

IMopsinok BbINoOJIHEHUS PadOTHI:

IIpu nocTpoenunu rpaduka Hy>KHO BOCIIOJIb30BATHCS MPEOOPa30BaHUSIMU I'PaPHUKOB.

1.y = f(x) + b — rpadux ¢ynkuuu nomyudaercs u3z rpaduka Qyakumuu Yy = f(X) myrem
napajuieIbHOro MepeHoca 3Toro rpaduka Ha BenuuuHy Baoib or OY. Ilpu stom, ecau b>0, To
rpaduk ¢pynkuuu f(X) + b pacnonaraercs Boimie rpaduka Gpynkuuu f(x), ecmu b<0, TOo HUXKE ITOTO
rpaduka.

2.y =1 (X +b)— rpapux dhynkium noiayuaercs u3z rpapuka GyHKIpH y = f(X) ¢ TOMOIIBIO
napajieJIbHOro MepeHoca 3Toro rpaduka Ha BelnnyuHy b Bross ocu OX, npu atoM, eciau b>0, To
CBUT BJIEBO, a eciu b<0, To CIBUT BIPaBo.

3. y = - f(X) — rpaduk cummerpuueH rpaduky y = f(x) otHOcuTeNnpHO ocu OX

4. y = a f(x) — rpadpuk ¢yHKIMHU nonydaercs wu3 rpadpuxa Qynkuuu y = f(x) ¢ momouipo
pacTshkeHUs WK cxaTus rpaduka no ocu OY mponopruoHanbHO KO3QPUIMEHTY a, TpUuYeM,

ecin @ > 1, To Bce opauHathl rpaduka af(x) yBenuuuBarorcs B a pa3, ecian a < 1, To
YMEHBIIIAIOTCS B a Pas.

5. ¥ = fla x) — rpadux QyHkuMH nosyyaercs w3 rpaduka pyHkuuu y = f(X) ¢ nmomoripro
pacTshKeHUs WK CKaTus B1oJIb ocu OX mponopiuoHaabHO KO3PPUINEHTY a, TpudeM, eciu, a > 1,
TO rpaduk c:xumaercs B a pas, eciu 0 < a <lI, To pactsarusaercs B 1/a pas.

6. y= | f (x) - U1l IOCTPOEHUS 3TOro rpaduka HyKHO MOCTPOUTH rpapuk pyHkuuu y = f(x)

1 0T0Opa3uTh oTHOCUTENBHO ocu OX Te yacTu rpaduka, KOTOPBIE PACTIONOKEHBI HIDKE ITONW OCH.
[Tocne moctpoenus rpaduka NpoBeIUTE UCCIe0BaHUE (PYHKIUH IO 001Iel cxeme.

Xox padoTsl
[ToctpouTts rpaduk GyHKIMHU ¥ = 2ros(x+ ;—r]. 3amucarhb CBOMCTBA 3TOM (DyHKIIMH.

CHayana noctpouM Tpaduk QyHKUINHU ¥ = cosx
ITepenecem rpaduk GyHKIUH ¥ = cosx Haf Bi1eBO. [lonyunm rpaduk QyHKUMU ¥ = cos(x + ;—r].

PactsiHeM rpaduk nmomyunBmieiics GpyHKIuu B 2 pasza BIoib ocu OY.




Hccnenyem dyHkiuio mo obmieit cxeme:

D(y) =R,
E(y) =[-2; 2]
y =0, mpu X=n/6 + ntn, n € Z,
OyHKIMS 0011Iero BUA.
DyHKIUA HEMOHOTOHHAas,
npu X € (2n/3 + 27n; S5n/3 + 27n) — byHKIUS BO3pACTaET;
npu X € (-n/3 + 2an;2 w/3 + 2an) — pyHKIMS yOBIBACT;

6. (-n/3 + 2nn; 2) - max;
(2n/3 + 27n; -2) — min;

7. T=2m.

ko E

(I)opMa NMpeaACTaBJICHUA pe3yjabTaTa: BhIIIOJIHEHHOC 3a1aHUC

Kpurepun oneHku:

Ouenka "oTJIMYHO'" CTaBUTCS, €ClIM padoTa BBIMOJIHEHA B IMOJHOM 00BEME C COOIOIEHUEM
HE0OXOIMMOM TIOCIEI0BATENBHOCTH JICHCTBUI; B OTBETE MPABUIBHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aIMCH U BBIYUCIICHUS.

Ouenka "xopomio' CTaBUTCS, €ClHM BBIOJHEHb TpeOOBaHUS K OLIEHKE "OTIUYHO", HO
JOMYIIEHBI 2-3 HeloYeTa.

Ounenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €Clid paboTa BBHIMOJIHEHA HE MOJIHOCTHIO, HO
00BEM BBITIOJTHEHHOW YaCTH TAKOB, YTO ITO3BOJISET MOJIYYUTh MPABHILHBIC PE3YJbTATHI U BHIBOJIBI;
B XO/JI€ MPOBEACHUS PabOThI OBUIH TOMYIIEHBI OITHOKH.

Ouenka '"Hey10BJIETBOPUTEIBHO' CTAaBUTCS, €ClIM padOTa BBHINOJIHEHA HE MOJHOCTHIO WIH
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TTO3BOJISET ClIeaTh MPAaBUIbHBIX BHIBO/IOB.

Tema 2.2 Tpuronomerpnyeckne ypaBHeHHsI 1 HEPaBEHCTBA
IIpakTnyeckas padora Ne 23
«IIpocreiimine TPUTOHOMETPHYECKHE YPABHEHUS] M HEPABEHCTBA

Ienb padorer: HayunTscs pemars npocTeiie TPUrOHOMETPUYECKUE YPABHEHUS.

Boinoainus padorty, Bel Oynere:

yMeTh:

- peuaTtb palrOoHaJIbHBIC, IIOKa3aTCJIbBHBIC, JIOFapI/I(l)MI/I‘IeCKI/Ie, TPUTOHOMCTPUYCCKHUC
YPaBHEHUs, CBOJASILMECS K JIMHEHHBIM M KBaJpPaTHBIM, a TAaK)K€ aHAJIOTMYHBIE HEpPaBEHCTBA U
CUCTEMBI;

- HAXO/WUTb 3HAYEHUS] TPUTOHOMETPUUYECKUX BBIPAXKEHUN HA OCHOBE ONPEIEIICHUS, UCTIOIb3Ys
py HEOOXOMMOCTH MHCTPYMEHTAJIbHBIE CPEJCTBA; MOJIb30BATHCS MPUONIMIKEHHON OIEHKOM MpH
MIPaKTUYECKUX pacueTax;

~ BBITOJIHSTH TPe0Opa3oBaHus BhIpaXKEHUM, MpUMeHss GOPMYJIbl, CBS3aHHBIE CO CBONCTBAMU
TPUTOHOMETPUUYECKUX (DYHKLIUH.

MarepuanbHoe o0ecnieyeHme:

WNHauBuayanbHble 3a1aHNSL, CIPABOYHBIE MaTEpUAIbl, KOHCIIEKTHI JIEKIIUH.

3amanme:
Pemnre TpuronomeTpuueckue ypaBHEHHUS:

47



1) cos3xr = 0
2) sin(Zr - E_) =-1

&
3) 3tg{4x +5)=—3
4) ctg (2x+5 = —?

5) sindx  cos3x + cosdy - zindr = i

IMopsinok BbINOJIHEHUs PAdOTHI:

1. 3anmcars ypaBHEHHE W OINPEACINTh, K KAKOMY BHIY OHO OTHOCHTCS M KaKoil (opMyIioi
HEOOXOUMO BOCIIOJIL30BAThCS.

2. Pemuth ypaBHEHHE.

3. 3ammcaTth OTBET.

Xoa paGoTsI:

Pemmte TPUTOHOMCTPUYICCKNEC YPABHCHUS:
1) =sindx =10

DTO ypaBHEHHE OTHOCUTCS K YACTHBIM CIIy4asiM, IIO3TOMY KOPHHU HaxoAsTcs 1o hopmyrie

r=mn 9NELI

2y =mn,nes
T
X =—n,MeES

2
OTBeT: x = ;—rﬂ, eSS
T
2) ooz (Sx + ;) =-1

DTO ypaBHEHHE OTHOCHUTCS K YACTHBIM CIIy4asiM, MOATOMY KOPHH HaxonsTcs 1o ¢opmyie

r=mw4+<IEn, MNEZ

5x+;—r=ﬂr+ 2mn, nel
i =‘J’E—;—r+ 2mn, MeZ

Bx = ZTE+ 2w, nel

T
et e
2T 2w
OTEET! I=E+??‘l, nes

3) 2eozdr=-1
1

Pasnennm 00e yactn ypaBHenus Ha 2. [lonyuum ypaBHeHue: cos3x = — 7.

OTO ypaBHEHHE HE SBISETCS YAaCTHBIM CIy4aeM, & = —i, |e] = 1. IlooTOMy OHO uMeeT
pelIeHne, KOTOpoe HaXOANUTC o GopMyle: x = kerccose + 2an, ned
Jxr =tarccoz(— i‘) + Zmn, neid
Jxr = 4w — arccos f_) + Zmn, Med
3 =+(m— ;—‘] + Zmn, nez
3x =i2T1T+ 2mn, nes
oI

xr= i?+ 5 nES
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2 2
OrtBeT: x = if+ ?ﬂn, neE

4 sz -5)=-7

VYpaBHEHHUE UMEET PELICHUE, KOTOPOE HAXOAUTCS 10 (PopMyIIe: i = mretge + mn, Ned

Eux—E=m"ctg (—E)+m e
4 3
DOyHKIUA ¥ = erotgx HEYETHAS, TIO3TOMY arotg (—x) = —orot gu.
b — ;—r = —mrctg ?+ T, MES
B —L—r j —§+R‘?’1, MES
fr = —E+;+TE’H, MES

T
il —E+1rm, nES

T T
r=—+4-M1, Nes
r2+5 !

T

] r=——4-n
TEET: I ?2+Elﬂ Nes

=
5)castix - cos3x + sinfix - sindx = T!

BumuM, 910 JIeBYIO 9acTh MOKHO CBEPHYTH 110 (JOPMYJIaM CIIOKCHHUS:
coslee + ) = cose - cosf F sine - sinf

V3

coslbr — 3x) = =
S E]
cog dx = ?

Tenepp ypaBHeHHME SBISETCS NPOCTEHIIMM M €ro KOPHU HaxoJsaTcs 1o dopmye:
xr = torcroso + 2%, NES .

=
3x = +erecos ?!+ 2mn, ned

Jx =ig+ 2T, NES

I=_E+Tﬂ, nes
o T 2w -
TBET.I—_lE—i- S . ME

®opma npeacTaBaeHus pe3yJbTaTa: BHIIOTHEHHOE 3aJaHNe

Kpurtepun onenku:

Ouenka "oTau4HO'" CTaBUTCS, eclii paboTa BHIMOJIHEHA B MOJHOM 00bEME ¢ COOII0IEHUEM
HEO0OXOMMOM TMOCIeT0BATeILHOCTH ICUCTBHI; B OTBETE MPABUIILHO U aKKypPaTHO BBIMTOJHEHBI BCE
3alUCH U BBIUYUCIICHUSI.

Ounenka '"'xopomo' cTaBUTCS, €CIM BBINOJHEHb TpeOOBaHUS K OLIEHKE "OTIUYHO", HO
JOMYUIEHBI 2-3 HeJloYeTa.

Ouenka "y1oBJIETBOPUTEJbHO' CTaBHUTCS, €Clid paboTa BHITIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCTH TAKOB, YTO MO3BOJISET MONYUYUTh MPABUIBHBIC PE3YIbTAaThl U BHIBOJIBL,
B X0/JI€ MPOBEACHUS pabOThl OBUIH TOMYIIEHBI OLTHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU pa0OTa BHIMOJHEHA HE MOJTHOCTHIO MU
00BEM BBITIOTHEHHOM YacTH paOOTHI HE TTO3BOJISAET CAENIATh MPABHIIbHBIX BHIBOJIOB.
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Tema 2.2 Tpuronomerpnuyeckne ypaBHeHHs] 1 HEPABEHCTBA
IIpakTnueckas padora Ne 24
«Tpuronomerpuyeckue ypaBHeHHsI M1 METOAbI HX PeLLICHUS»
Heanb padorbl: HayunThcs pemiatb TPUTOHOMETPUUECKUE YPABHEHMSL.

Beinosinus patdory, Bel Oyaere:

YMETb:

- pfuaTtb pallnOHaJIbHBIC, IIOKa3aTCJIBHBIC, JIOI‘apI/I(bMI/I‘IeCKI/IC, TPUTOHOMCTPUYCCKHUC
YPaBHEHHUs, CBOJSAINMECA K JIMHEHHBIM M KBaJpPaTHBIM, a TAaK)K€ aHAJIOIMYHBIC HEPAaBEHCTBA U
CUCTEMBI,

- HAXOJWUTb 3HAYEHUS] TPUTOHOMETPUYECKUX BBIPAKECHUN HA OCHOBE ONPEICIICHUS, UCIIOIb3Ys
pU HEOOXOIUMOCTH MHCTPYMEHTAJIBHBIE CPENICTBA; IMOJB30BATHCS MPUOIMKEHHOW OLEHKOW TpU
IIPAKTUYECKUX pacyeTax;

~ BBINOJIHSTH IPe0Opa30BaHusl BbIPAXKEHUM, IPpUMEHSs (OPMYJIbl, CBA3aHHBIE CO CBOMCTBAMU
TPUTOHOMETPUUYECKUX (YHKLUH.

MaTtepuajibHOe o0ecneyeHue:
I/IH[[I/IBI/IZIyaHLHBIC 3alaHuA, CIIPAaBOYHBIC MaTCpUajibl, KOHCIICKTbI JIGKIII/II;'I.

3ananue:

Pemure TPUTOHOMCTPUYICCKNEC YPABHCHUS:
1) 2sin®x — 3sinr +1=10

2) 8sin’x+ fcosx —3 =10

3) btglx+tgx—1=10

4) sindx + sin3x =0

5) cos*(m —x) + Beoslr+x)+ 7 =10

IHopsaok BbINOJIHEHUS PA0OTHI:

1. 3amumwure ypaBHEHHE U ONPEIEINUTE, KAKUM CIIOCOOOM YpaBHEHHE BO3MOYKHO CBECTU K
MPOCTEUIINM YpPaBHEHUSIM.

2. Eciim HEoOXoaMMoO, BBEIUTE HOBYIO NEPEMEHHYIO M PEIIUTE ypaBHEHHE OTHOCHTEIHLHO
9TOM mnepeMeHHOW. Ilocne pemeHuss ypaBHEHHMS C HOBOW IIEPEMEHHOM BEPHUTECHh K 3aMEHE.
JIOJDKHO TIONYYUTHCS MPOCTEHMIIEEe TPUTOHOMETPUYECKOE YPAaBHEHHUE, PEIIUB KOTOPOE, MOIYyYUM
KOpPHU JaHHOTO ypaBHeHUs. [loMHUTE, YTO, €CIM ypaBHEHUE CONEPKHUT (PYHKIUU ¥ = tgix,y = ctgx,
TO HEOOXOAUMO Y4eCTh UX 00JIACTh ONpPEAeTICHUS.

3. Ecim ypaBHEHHE MOXHO MPEJICTABUTH B BUJC MPOW3BEICHHUS HECKOJIBKIX MHOXHUTEICH, U
npaBas 4yacThb paBHA HYJIO, TO PA3JIOKUTE JIEBYI0 YacThb HA MHOXKMTEIM U UCIOJIb3YH MpaBuUIo,
KOTJla MPOU3BEJICHUE PaBHO HYNIO. [IpupaBHAB KaKIIbli MHOKHUTEb K HYJIO, TOJTYYUM HECKOJIBKO
MPOCTEHIINX ypaBHEHHH, KOTOpble HEOOXOIWMO PEIIUTh, Y4YUTHIBas OOIACTh JIOMYCTUMBIX
3HAYCHHI.

4, 3amnuiinre OTBET.

Xon paborsr:
Pemmmte TpuronoMeTpuueckrie ypaBHEHU:
1) 2eos®sx +ecosxr =1
Pemrenne:
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OTO ypaBHEHHME C IOMOIIBIO BBEACHHS HOBOM MEPEMEHHONW MO>KHO IPHUBECTU K PELICHUIO
MPOCTEUIIINX TPUTOHOMETPUUECKUX YPABHEHUM.

[lycth easx = t, TOrAa Hallle ypaBHEHHE MPUMET BUJ 2t% + ¢ =1
[lepeneceM 1 B eByI0 4acTh U MOJYYUM MOJTHOE KBaJIpaTHOE YpaBHEHHE

24t —1=0
D=1-4.2.{-1) =9, D=3
-1-3 1
ty =——= —1;
t 4
-14+3 2 1
g =————m——=—= -
: 4 4 2
BepHemcs k cTapoii IepeMEHHOM:
rosy = —1 Ui cosxr = 3

[Toxyumnu nBa NPOCTEHIINX TPUTOHOMETPUYECKHX YpPAaBHEHHUS, IEPBOE OTHOCHTCS K
YaCTHBIM CITy4dasiM, a BTOpPOE peraeTcs mo oouiei popmyne. Pemmm ux.
1Deosxz = -1
r=xw+dmn, nel
1

2)5‘05::: =3

¥ = +oreros E+ 2w, NES
T
r=4 §+ 2T, NES
OTEeT x =W+ 2mEn, x = ig+ 2mn, nel

2) 2costr +sinr —1=10

Pemenue:

OTO ypaBHEHHE COJCPXKHUT pPa3HOMMEHHBbIE (YHKIHH, IO3TOMY Cpa3y BBECTH HOBYIO
NEPEMECHHYIO HC MTOJIYUUTCA.

Bocnonbe3yemcsi OCHOBHBIM TPUTOHOMETPHUYECKUM TOXAECTBOM U BBIPA3UM OAHY (PYHKIIMIO
gyepes Ipyryro:

coslx 4 sinix =1

rosix = 1 — sin’x

20 —simPx) dsinx —1 =10

2—2sinr+sine —1=10

—2sinfx 4 s +1=10

2sintr —sine —1=10

OTO ypaBHEHHE C TIOMOIIBIO BBEACHUS HOBOH NMEPEeMEHHOW MOYKHO MPUBECTH K PEIICHUIO
HpOCTeﬁIHHX TPUTOHOMCTPHUYICCKUX ypaBHeHPIfI.

Ilyctp sinx = t, TOrza Hallle ypaBHEHUE NPUMET BUM; 2t —t—1 =10

D=1-4.2.(-11=9, D=3

1-13 1
W= =y
1+3 4
=g 73T
BepHemcs k cTapoii mepeMeHHOM:
siny =1 401041 sine = —=

-
[Tonyunnu paBa NPOCTEUIINX TPUTOHOMETPHUECKUX YypaBHEHUS, IIEPBOE OTHOCUTCS K
YaCTHBIM CITy4asiM, a BTOPOE perraeTcst mo oomieit popmyse. Pemmm ux.
1) sinr =1 x=;—r+2m*1,ﬂfz
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2) sinx = —%. x = ({—1"oresin (—ﬂ + m, nes

x={-1" (—E) + nel

]
T
x= [—1]“*"E+m neZ
T T
OTEET, X = §+ 2mn, x = [—1]“+ia+ T, nES

3) Sctglx—fBetgr4+3=10

OTO ypaBHEHHME C IIOMOILIBIO BBEACHHS HOBOM NEPEMEHHONW MOXXHO NPHUBECTH K PEIICHUIO
IIPOCTEUIINX TPUTOHOMETPUUECKUX YPABHEHUM.

Ilycth ctgx = t, TOrAA Halle ypaBHEHUE IPUMET BUL: 5t? — 8t + 3 =0

VYuursiBaem O[3 x = mn, nes

St —8t+3=10

D=f2—-4.5.3=4 D=2

B—2
t = T = 0,6;
B+2
T
Bepremcs k cTapoii mepeMeHHOM:
ctgr =1 WA ctgx = 0.0,
Pemmm ux.
Detgr =1 x=worectgl +mnneZ = L—r+ L MES

2)ctgx =06 x = orectgl, b+ mn nel
OTERT: * = L—r+ L x = arectgl 6+ mn, nel
4) rosZx+ cosdx —cos3x =10

Pemenue:
Hcnone3ys Qopmynsl npeoOpa3oBaHHMs CYMMbl U Pa3HOCTH (YHKIMH B IPOU3BENEHUE,

Pa3JI0KUM IPAaBYIO YaCTb YPABHCHUA HAa MHOXKUTCIIN:
2X 4oy 22—y

2ros —rozsdr =1

2e053x cos(—2x) —eps3x =10 pozl—2x) = posdx

2eos3x rcozdxy —eosdr =0

eos3x(2eas2e — 10 =10

cos3x =0 WK 2eoz2x — 1 =1

[Monyunmk  JBa TPOCTEHINNX TPUTOHOMETPUUYECKUX YPABHEHHMS, TIEPBOE OTHOCHTCS K
YaCTHBIM CITy4asiM, @ BTOPOE peluaeTcs 1o obuiei Gpopmyste. Pemmm ux.

Deos3z =10 2)2ros2x —1 =10
T _
Yy = §+ . nel drosdi —11
T W N
P cOsax >
g 3 T
2xr = ig + 2mn, nES
T
xr= ia+ T, MES

T T T
OT‘BET::L':E-I-;?‘I, :.c=ig+1rm, neS

5) 25iﬂ2[n—x]+5cns(%r—x)+2 =10
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Pemenue:
CHauazna Hy>KHO IPUMEHHUTDH (YOPMYJIIBI IPUBEACHUS: sin(m — x) = sin’x
am _

coz (? - ) = —5iNnr

[Tosnyun™m ypaBHeHHUe: 2sinx — Ssinx 4+ 2 =10

OTO ypaBHEHHME C IOMOILIBIO BBEACHHS HOBOW NEPEMEHHONW MOKHO IPUBECTU K PELICHUIO
IIPOCTEUIIHNX TPUTOHOMETPUUECKUX YPABHEHUM.

Ilyctp sinx = t, TOr/a Hallle ypaBHEHUE NPUMET BUJ: 2% — St + 2 =0

D=325-4.2.2=9, +D=3

5-—-13 1
flz =

i

4 T2
5+13

t, = =—=2

8
4 4
BepnemMcs k ctapoit mepeMeHHOM:
sinx = % 20105 s = 2,

1)sine = % x = (-1 aresin i + mn, ned 2)sinx = 2 YpaBHEHHE HE UMEET PEILICHUIA, T.K.
a=1
x = (—1)7 S 4 mn,

OtBet: x = (—1)" =+ mn,

®opma npeacTaBiaeHus pe3yJbTaTa: BHIIOIHEHHOE 3aJaHHE

Kpurtepun ounenku:

Ouenka "oTJHYHO'" CTaBUTCS, €ClIM pabOTa BBHIMOJHEHA B IMOJIHOM 00BEME C COOIIIOICHUEM
HE0OXOTMMOM TIOCTICIOBATEIBHOCTH JICHCTBUI; B OTBETE MPABIILHO U aKKYPAaTHO BBITIOJHEHBI BCE
3alUCH U BBIYUCIICHUSI.

Ounenka ''Xopomo' CTaBUTCS, €CIM BBINOJHEHb TpeOOBaHUS K OLIEHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "yIoBJIeTBOPUTENbHO'" CTAaBUTCS, €Clid paboTa BHITIOJIHEHA HE IMOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAaKOB, YTO MO3BOJISET MONYUYUTh MPABUIbHBIC PE3YIbTAaThl U BHIBOJIBL;
B XO/JI€ MPOBEACHUS pabOThl OBLIH JTOMYIIEHbBI OLTHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €ClTU PadOTa BHIMOIHEHA HE TOJHOCTHIO MU
00BEM BBITIOTHEHHOM 4acTH pabOThI HE MO3BOJISET CAENATh MPABUIIbHBIX BHIBOJIOB.

Tema 2.2 Tpuronomerpuyeckue ypaBHeHusl 1 HEPaBEHCTBA
IIpakTnueckas padora Ne 25
«Tpuronomerpuyeckue ypaBHeHH»
eas padorbl: HayunThcs pemars OqHOPOAHBIE TPUTOHOMETPUYECKUE YPABHEHMS.

Boinosinus padorty, Bel Oynere:

YMETh:

- pemath palMoOHANbHBIC, TIOKa3aTeNIbHBIC, Jlorapu(pMHUECKHe, TPHUTOHOMETPUUICCKUE
ypaBHEHUs, CBOJSIIMECS K JIMHEHHBIM M KBAJpPAaTHBIM, a TaK)Ke aHAIOTMYHBICE HEpPaBEHCTBA U
CUCTEMBI;

- HAXO/UTh 3HAYEHUS] TPUTOHOMETPUYECKUX BBIPAKEHU HA OCHOBE OTPEJIEIICHNUS, UCTIONB3YS
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pU HEOOXOIUMOCTH MHCTPYMEHTAJIbHBIE CPEJICTBA; IMOJB30BAThCS MPUOIMKEHHONW OLEHKOW MpHU
IIPAKTUYECKUX pPacyeTax;

~ BBIIIOJIHATH TPe00pa30BaHusl BBHIPAKECHUH, TPUMEHS (HOPMYJIbI, CBI3aHHbBIE CO CBOHCTBAMHU
TPUTOHOMETPUUYECKUX (QYHKLUH.

MarepuasibHoe o0ecrieyeHue:
I/IHI[I/IBI/II[yaJIBHLIC 3alaHuA, CIIPAaBOYHbIC MaTCpUaJibl, KOHCIICKThBI HGKL{I/II\/JI.

3ananme:

Pemnre TpuronomeTpuueckue ypaBHCHHUS:
1) sin’x — Ssing - casx +deasix =10

2) Tsin'y —4sinlx 4+ cos’x =0

2

3) fisin’x — Asing - rosx —eostr =1

4) Seas?x 4 Isinr - cosx 4 Zsin’y = 2

HOpﬂIlOK BbIIIOJTHCHU A paﬁoTbI:
I.YCTaHOBI/ITe, SABJIACTCSA JIM YPAaBHCHUC OAHOPOAHBIM.

OO0HOpPOOHBIMU MPUOHOMEMPUYECKUMU YPAGHEHUAMU HA3bIBAIOMCS YPAGHEHUS 8UOA:
mrite + Brosx =0

asinie+ brosly + esing - cozx =10

2. Eciin ypaBHeHHUE sBISIETCSA OJHOPOJIHBIM YpPaBHEHHEM II€PBOT0 MOPsIIKA, TO pa3AeiauTe ooe
YaCTH YpaBHEHUS Ha rozx ¥ 0 mms sinr *+ U

3. Ecniu ypaBHeHue sBIsIeTCS OJIHOPOJHBIM YpPaBHEHHEM BTOPOTO MOPSIKA, TO pa3ienuTe ooe
YaCTH YPAaBHEHUS Ha cos®x # 0 mma sin®x % 0.

4. Beenure HOBYIO IEPEMEHHYIO U PELIUTE YPABHEHHE OTHOCUTENIBHO 3TOM NEpEMEHHOM.

5. BepHurech K CTapod IEPEMEHHOM M  peIIuTe IOJYYMBLIMECS IPOCTEHIINE
TPUTOHOMETPUYECKNE YPABHEHMUS.

6. 3anuImTe OTBET.

Xoa pa0doThI:

Penmire TPUTOHOMETPHYECKHE YPABHEHHSI:

1) Zsin?x — Ssivy - cosx 4+ Jeosix =10

Pemenue:

YpaBHeHI/Ie ABJICTCA OAHOPOAHBIM TPUTOHOMCETPHYCCKUM YPABHCHHUEM BTOPOI'O IIOpsAKaA.

YToOBbI €ro pemuTh, pa3faeaum 00e 4acTH Ha rosix # 0.

Zzin®x  Gsine - cosx

- +3=0

cos%x cosix

3HaeM, UTO == = tgx. 2tglx —Stgr +3 =0

BBenem HOByH I€peMEHHYIO. [Iyctp tgx =t, TOrjga Hame YypaBHEHUE NIPUMET

BUI: 2t? —5t+3 =10
VauteiBaem O/13: x # ;_r_'_ T, TES .
22 -GSt +3=10
D=25-4.2.-3=1-D=1
a-1
ti =—=
t, =— =15
BepHemcs k cTapoli IepeMEHHOM:
tgr =1 mm tgr =15
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1tgx =1 x = oretgl + w0, nel x= L—r+ i, nek

2)tgx =15 x = oretgl.5 + mn, nel

3
OTEET: X = E+ T, x =oarckgl, 5+ wn, e

2) dsin®x — Isindx 4+ 2eostx =10

CHavana mpeoOpa3dyeM aprymMeHT , UCHONB3YysS (OpMynabl JBOWHOTO apryMeHTa:
sindyx = 2sing - cosx,

dsinx — Bsing - cosx 4 2eastyr =0

ypaBHeHI/Ie SABJIACTCA OAHOPOAHBIM TPUTIOHOMCTPHUUYCCKUM YPABHCHHCM BTOPOI'O IIOpAAKA.

UT0oOBI €ro pemuTh, pa3aeiiuM 00¢ 4acTu Ha sin’x # 0,
dein®s  Osine cosx  Zrostx

—_ + =
sin?x sinx sinlx
RS
rosr _ T —
3HaeM, 4To _— = ctgx 4 — Brtge + 2otglx =10
BBenem HOBYIO IEpEMEHHYIO. Ilyctep ctgx =t. TOrma Halle ypaBHEHUE  IIPUMET

BUI: 2t —ft+4 =10
VYuursiBaem O/13: « # mwn, nes.
2P —Bt+4=10
D=36-4.2-4=4 D=2

B—2
flsz
B+2
tn =— =
T4

Bepremcs k ctapoii mepeMeHHOM:
ctgx =1 wnm ctgr =2

Detgz =1 x = orectgl +mn, neld x= E+ T, nel
2)ctgx =2 ¥ = eretg? + mn, nesd

T
OTERT: X :E+m x = orotgl 4+ . e

3) Zsin’ix+ Ssiny - cosx + costy =4

Pemenue:

ypaBHeHI/IC IOKa HE ABJIACTCA OJHOPOAHBIM, T.K. B HpaBOfI YaCTH €ro BMCCTO HYJIA CTOUT 4.
HepeHeceM 4B MMpaByIO 4aCThb U IPUMCHUM OCHOBHOC TPUTOHOMETPUUICCKOC TOKIACCTBO:

2zin’x + Sxirer - cosx + eosty — 4oty + sin®x) =0
25in’x + Sxirer - cosx 4 costx — doosty — dsinlx =10

—2sin x4+ Ssinr - cose — 3rosiy =00

VYpaBHeHue Tenepp  ABISETCS OAHOPOJHBIM TPUTOHOMETPHUUYECKHM YPABHEHHEM BTOPOTO
nopsaka. YToObl €ro pemuTh, pa3ieanuM 00e YacTH Ha ros’x # 0.

—zin®x  Szinx cosx

—3=0
coety costy

—2tgtx+ Stgr —3 =10

2tgix—Gtgr 4+ 3 =0

BBenem HOByH IE€peMEHHYIO. [Iyctp tgx =t, TOorjga Hame YypaBHEHUE NIPUMET
BU 2t —5t+3=10

VuureisaeMm OJ13: x # ;—r+ wn, nez.
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2P —5t+3=10
D=25-4-2-3=1+D=1

i-1
t = D 1
=gy

&
BepneMcs k ctapoit mepeMeHHOM:
tgr =1 wmm tgr =15

1) tgx =1 x = oretgl +mn, nel r= L—r+ TN, NES
2)tgx =1,5 x = nretgl S+ w nel

2
OTBeT: 2 = E+ T, x =orotgl 54+ mn, e

4)5eas?x 4+ 3sinr - cosx 4+ Gsin’y = 5
YPaBHeHI/Ie IOKa HE ABJIACTCA OJHOPOAHBIM, T.K. B HpaBOﬁ 4aCTH €ro BMCCTO HYJIA CTOUT 5.
HepeHeceM 5B IIpaByr0 4aCTb U IPUMCHHUM OCHOBHOC TPUT'OHOMCTPHUUCCKOC TOXKIACCTBO!:

Seos?e 4+ ~f3sine - posr + 6sinfx — Sepsfy — Szinfr = 0
+ 3sinx - cosx + sinfx =0

BriHeceM 00IIMI MHOKHUTEND 3a CKOOKU: sirur [+ 3eosx + sinw ) =00

sine =100 mm  3rosy + sie = 0
1) sine =0, x=mnnel
2) v 3cosx + sine = 0

VYpaBHEHHE ABISIETCSI ONHOPOJIHBIM TPUTOHOMETPUYECKUM YPABHEHUEM IIEPBOTO MOPSIKA.
UToObl €ro peumThb, pa3aeauM o0e 4acTu Ha coszx # 0,
w.@cus:r: Finx

+ =
caosx cosx

Va4 tgr =10

tgxr = —\@
x = ooty I:—ﬁ:l + mn, el

= —u.?'ctgﬁ+ T, ES
T
r= —§+ mn, NES
T
OTEET! x = ®A, xr= —§+m—1, NES

(I)opMa NpeaACTaBJICHUA Pe3yabTaTa: BEIIIOJIHCHHOC 3a/IaHNE

Kpurtepun onenkmn:

Ouenka "oTJIMYHO'" CTaBUTCS, €ClTM pabOTa BHIMOJHEHA B MOJTHOM 00BEME C COOIMIOICHUEM
He0OXO0IMMOM TIOCTIE0BATENHHOCTH JIEHCTBUI; B OTBETE MPABHIILHO U aKKYPAaTHO BBITIOIHEHBI BCE
3aIMCU U BEIYUCIICHHA.

Ounenka "xopomio' CTaBUTCS, €CIHM BBIOJHEHB TpeOOBaHUS K OIEHKE "OTIUYHO", HO
JONYIIEHBI 2-3 HeJo4YeTa.

Ouenka "yI0BJIETBOPUTEIBHO'" CTAaBUTCS, €CIU paboTa BBHIMOJTHEHA HE TMOJIHOCTHIO, HO
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00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO IMO3BOJISET MONYYUTh MPABUIBHBIC PE3YIbTAaThl U BHIBOIBL,
B X0JI€ MMPOBEACHUS PaObOThI ObUTH JOMYIIEHBI ONTHOKH.

OueHka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU PadOTa BHIMOJIHEHA HE TOJHOCTHIO HITU
00BEM BBITIOJIHEHHOM YyacTH paboThl HE TTO3BOJISAET ClIeaTh MPaBUIIbHBIX BHIBO/IOB.

Tema 3.1. IlpousBoanas pyHKIHMH U ee IPUMEHEHHUE

IIpakTnueckas padora Ne 26

«YucaoBass MOCIAEI0BATENbHOCTh, CIHOCOObI €€ 3aJaHHfA, BbIYHCICHHE YJIEHOB
nociaenosareabHocTu. [lpeaen nocienoBarenbHocTu. Haxoxnenue nmpeaesioB pyHKIMU»

esab padoThi:
1. HayuuThbcst BBIMUCTATH MPenebl (PyHKITUH.

o Dk
2.H8.y‘lI/ITBC${ U30aBIATHCA OT HCOIIPCACICHHOCTCHU ([—J HITH (—_)

3.Hayuutbcs pemats 3a7a4i CBSI3aHHBIE C YUCIOBOU MOCIIEI0BATENBHOCTHIO.

Boinosinus padorty, Bl Oynere:

yMeTh:
1. Berancnsate npenensr GyHKINN.
o [+ ca
2. N36aBnsThCS OT HEONPEACTCHHOCTEH (EJ HIH (—)
3. Pemars 3amaun cBsI3aHHBIE C YUCIOBON MOCIEN0BATEILHOCTRIO.

MarepuanbHoe o0ecneyeHue: IHauBuAyanbHbIE 3alaHMs, CIPABOYHBIE MaTEpHalIbl,
KOHCIEKTHI JIEKIIHN.

3ananme.
1) Pemmth 33241 Ha YUCIOBYIO MMOCIIEA0BATEIBHOCTb.
2) Beraucnuth npeaessl QyHKIui

3aganue 1 3aganue 2
1. HaliTn BOCEMOM WJIEH MOCJIEI0OBATEILHOCTH;
E- E E n. . xE_nx-1
7 1 4 n+et’ 6.111'11:_33 m
2. Haiitu HOMep uuncna 3 B MOCie0BaTeIbHOCTH:
n+1 ) ¥ -1
By = o 7.11mx_,1_m
3. Beruucnurs: .
Jim (3x* — Bx + 5) 8.lim, ,,
STE 41
4 lirn ——
. = 3
L2 Ol L
I L
. = -18 , JrEi-o
5.11mx_,4? 10.limm, 1

Ilopsinok BbINOJHEHHS padOThI:
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BaumaTenbHO 03HAKOMBTECH C YCJIOBHEM 3aJaHUsl.
[Tonb3ysicb  CBOMMH HIKOJIbHBIMM 3HAHUSAMH (B cllydyae 3aTpyAHEHHsI BOCIOJB3YHTEChH
CIIPaBOYHBIMU MaTEpHaAIaMH ), BHITIOJIHUTE 3aJaHUE

Xon padoThl:

3aganue Nel
1. JIeBATHIN YICH MOCIIEeI0OBATEIPHOCTH T = (2]::!) paEew ?
a:9-1 17 17 17

G = ( ) = = e

9T +34 73z 2183 24183
2. Homep umcna 6, SBISIONIETOCS WICHOM IIOCJIEIOBATEIBHOCTH @, = n° —5n

paBeH?

fi=nd-5n
n? - Sne6=0]
1 =f

f3=-1 —IIOCTOPOHHUH KOPEHB T.K. HOMEP HE MOKET OBITh OTPUIATCIBLHBIM YHCIIOM.
OtBert:; N=6.

3amanme Ne2
o [+
Haiigure npenensl npeBapuTeNbHO U30aBUBILIKUCH OT HEONPEAECIEHHOCTH (EJ

2
\ %581 L RLC - . KT , 12 \ i
1 limg g 5— = ([-J =lim———— =lm— = lim— = lmd = 2;
HE -Gy racr- R E ] =3 =g P k]

e (D) — lim o+ 52 (- 10

-1

2. lim, p

= limix+ 3 = lim{l + 3} = lmis) =6
el Le—1d rare) ) el

4 d4r —5=0 {I1+I2:_4_ {I1.=_5

==
I1+I2 = _5 Iz = 1
1 Aty —dfo—x (D) 1 l:u'lz+.r—u'|z—x:l[v'|2+x+d|z—x T (,,u_E_,_sz_ .—E_sz 1 4 E—g4E
i ——— = [-| = litn = lirm = llm =
Fl x L Fb rlerr+a—x) #ab xlarxedE—x) rapxlErrerox)
lim————— = lim——— = lim———— = lim— = lim— = —;
3 FSDAVEFTAVE=T) | roOpvETE+YE—F | FOADVEFDHVE—T  ySp2vE  FoDYE | vE
BeraucuTh mpeielibl IMEOIINe HEONPeIeICHHOCTh (—)
22 zxf 3y o4 3.1 4
, 22422 +ax 44 ca . LAt taEta . et L+0+0+E 11
4, imy jeur g s == =lim 57 = lim—F+—7=lim =lim=-==;
G ¥ 43 +2x+1 ca x_:'m?+x_3+x_3+x_3 x—3m4+;+ﬁ+x—g r—acad+D+D+0 X—ica 4 4
223 3 apiy

. xRt ey £a , 3t t. , z . 14D+D 2
5 lim———= (—J = litn 2 = lim v = lim = ([_)J =+o0
Yoea X 44 ea Xoea X% Xyea THTE t—yea D+D

(0 B 3HAMCHATCJIC [IPUHNUMACM 3a OCCKOHEYHO MaJlyro BCJ'II/I‘-II/IHy.)
(I)opMa npeacTaBJICHUsA pe3yabTaTa: BhIIIOJTHCHHOC 3aJlaHUE.

Kpurepun onenkmn:

Ouenka "oTJIMYHO'" CTaBUTCS, €CITM pabOTa BHIMOJHEHA B MOJTHOM 00BEME C COOTIOIEHUEM
HE0OXOTUMOM TIOCTIEIOBATENHHOCTH JICHCTBUI; B OTBETE MPABUIBHO M aKKYPATHO BBIIIOJIHEHBI BCE
3aIIMCU U BEIYUCIICHHA.

Ounenka "xopomo' CTaBUTCS, €CIHM BBIOJHEHB TpeOOBaHUS K OIEHKE "OTIWUYHO", HO
JONYIIEHBI 2-3 Hego4YeTa.

Ouenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €cld padoTa BBHIMOJHEHA HE MOJIHOCTHIO, HO
00BEM BBITIOJIHEHHOW YaCTH TAKOB, YTO IMO3BOJISET TOJYYUTh MPABUIIBHBIE PE3YIbTAaThl U BHIBOJIBI;
B XO/I€ POBEACHUS PabOThI OBUIH JTOMYIIEHBI OIITHOKH.
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OueHka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU PadOTa BHIMOIHEHA HE TIOJHOCTHIO HITU
00BEM BBITIOJIHEHHOM YacTH paboThl HE TIO3BOJISIET ClIENaTh MPABUIIbHBIX BHIBOJIOB.

Tema 3.1. IIpousBoanasi GyHKIIUU U ee IPUMEHEHUE
IpakTnyeckas padora Ne 27
«Haxoxk1eHue Npou3BOHBIX MO ONpeaeTeHHI0»

Heans padorwi: OTpaborarh omnpenencHUue Mpou3BoAHOW GyHKUIMH. [IpuMeHsTH mpaBuia
muddepernupoBanus . HayduThCcs HAXOAUTh TPOU3BOHYIO B 33 JaHHOM TOYKE.

Beinosinus patdory, Bel Oyaere:
yMeThb:
- HAXOJUTh MPOU3BOIHBIEC HIEMEHTAPHBIX (DYHKIIHIA;

MaTepnaﬂbnoe odecmeyeHue:
I/IHI[I/IBI/II[yaHBHBIC 3a/laHus, CIIPABOYHBIC MaTCpUaJibl, KOHCIICKTDBI JICKIUH.

3aganme:
1. Haiinure v = (0], eerm v = x* —x
2. Haiinure 7' = (3], ecm y = _i

3. Haiigure 7" = (5], ecm v = Wx — 1

ITopsinok BbINOJIHEHUs PadOTHI:

Brruuciienue npou3BoaHON QyHKIMH ¥ = (%) POU3BOAUTCS 10 OOIIEMY TPABUITY
muddepeHIpOBaHUS:

1) IpunaBas apryMeHTy X MpHUPALICHHE Ax U TIOJCTABIISASA B BBIpaKeHHE (DYHKIIUH BMECTO
apryMeHTa X HapalleHHOe 3HaYeHUe X + Ax, HaX0/IUM HapallleHHOe 3HaYeHHe QyHKINU:
v+ Av = iz + Ax)

2) BbrunTas u3 HapanieHHOTO 3HaYeHHE (PYHKINU €€ MepBOHAYaTIbHOE 3HAYCHHE HAXOJUM
npupaneHue QyHKINNU:

iy = flx 4 Ax) — ()

3) Jlenum npupanieHre QyHKIMK Ay Ha MPUpAIIEHUE apryMeHTa Ax; T.e. COCTaBIIsIEM
ay _ flx+dd—fm

OTHOIIEHUE ° .
4) HaxoauMm mpezien 3TOro OTHOIIEHHS HpH &x — 0, T e.
oAy flx 4 Ax) — (%)
lirn — = lim ———
Ae=DAxw  Au=D A

DTOT Ipees U €CTh MPOU3BOIHAS OT QYHKIMH ¥ = f(x)

Xon paborhr:

1. Haittu: v'(x), ecmr v = 227 — 2%

Haxoanm npousBoiHytO 110 00IIeMy MTPaBUITY:

1) v+ Ay = 2(x+ Ax)7 — Az +Ax) = 2%+ deAx + 20Ax)7 — 3x — 3nx

2) v+ Ay — v = 2xd 4 duix + 2(0x)° — 3% — w — 2xE 4 Iz = dwAn 4+ 2(AX) 7 — 30w

Ay dwli+2oun -3t dugse+2ig-1y _
3)M_ » == = dx + 20x — 3

4) limy, gldx + 28x — 3) = 4z — 3
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Haitném 3HaueHue npou3BOAHON NIpH & = 3.
(3 =43-3=0

2. Haiity y'(4), ecmz yx

1) y+ay=wfx+ax

2) Ay = Vx4 fx — x

Ay rale-x
3) & _ SR
fx i
i iy _ SRR _ Wi e . g 4y _
Mae g, = e ™ = U P ety - lmﬂ'“_mﬂ.x(u'mﬁmv'ﬁj - lnl"l“_mﬂ..x(v'HEx o

1 1

4) o0 T o

1 L

Haiinem 3HaueHre MPOU3BOIHOM B TOUKE ¥ = ¢, y'{d) = ET

®opma npeacTaBaeHus pe3yJbTaTa: BHIIOIHEHHOE 3aJaHNe

Kputepuu onenkmu:

Ouenka "oTJHYHO' CTAaBUTCS, €CIIM padoTa BBIMOJHEHA B IOJHOM 00BEME ¢ COOIOICHUEM
HE0OXO0TMMOM TIOCTICIOBATEIFHOCTH JICHCTBUI; B OTBETE MPABMILHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aIllMCH U BBEIYUCICHHA.

Ounenka ''Xopomo' CTaBUTCS, €CIHM BBINOJIHEHB TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JOTYILIEHBI 2-3 HeloYeTa.

Ouenka "y10BJIeTBOPUTEJbHO'" CTAaBUTCS, €Ciid paboTa BBHINIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAaKOB, YTO MO3BOJISET MOJYUYUTh MPABUIbHBIC PE3YyIbTAaThl U BHIBOJIBL;
B XOJI€ TIPOBEACHUS PabOTHI OBLIH JIOMYIIICHBI OIITHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €clid PadOTa BBHIMOJIHEHA HE TIOJHOCTHIO WU
00BEM BBITTOJIHEHHOM YacTH paObOThI HE TIO3BOJISET ClIeIaTh MPABUIIHHBIX BHIBOJIOB.

Tema 3.1. IlpousBoaHasi GyHKIMU U ee IPUMEHEHHE
IIpakTnueckas padora Ne 28

«IIpaBuia u ¢popmyJsl AupPpepeHUPOBAHNS, TA0THIA IPOU3BOJIHBIX JIEMEHTAPHBIX
pyHxumin»

Iean padorbl: HayuuTbcs BEIYUCIATH IPOU3BOAHBIE SJIEMEHTAPHBIX (DYHKITHIA

Beinosinus padory, Bl Oynere:
YMeETh:
Brraucisate mpou3BOAHBIE DJIEMEHTAPHBIX (PYHKITUH.

MarepuanbHoe oOecnieyenue: VHOuBUAyalbHBIE 3aJaHus, CHOPABOYHBIE MATEPHUAIIbI,
KOHCIIEKTHI JIEKIIUM.

3aganue.

1) Haiitu npousBonHble (QyHKUMH MCHONB3Ysl MpaBWiia BBIYUCICHUS U TaOIUIly
MIPOU3BO/IHBIX 3JIEMEHTAPHBIX (PYHKITUIA.

2) Bbruucauth mpou3BOIHYIO QYHKIMU B TOUKE.

3amanue 1 3aganue 2
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1)
2)
3)
4)
5)

y=?x4-4x3+5x2-2;
A

y=5x- =z =

=3ctgeti -3

5f=|:9+x2]|:2x-1 );

E
Elr=3x+5’

6)
7
8)
9)
10)

f1)=0, 5t-+0, 612+, 2t+8;
flx J=ctax-tax; f Cf) -7
flx)=2 F435,  F(0)-7
flx)=cosy (1+sin) . f (E) )
)=S0, £

eX.17

£{1.7

Ilopsinok BbIMOHEHHS Pa0OThI:
1. BHUMaTenbHO O3HAKOMBTECH C YCIOBHEM 3a/laHUsl.
2. Tloap3ysach KOHCTIEKTOM JICKIMA U CIIPABOYHBIMU MaTepHajaMHU, BBIITOJHUTE 3aJaHHE.

Xon padoThr:
3amanue Nel
Haiitn

IMPOU3BOAHLBIC

GyHKIUH — UCHONB3YA

MIPOU3BOJIHBIX dJIEMEHTAPHBIX QYHKIIUH
Tabnuia npon3BOIHBIX OCHOBHBIX AJIEMEHTApHBIX (QYHKIUH.

npaBuiia

(x")Y =nx"t | (e*) =¢" (@*) =a‘Ina | (cosx)'=-sinx
(sin x)’ = cos X 1 ax)’ — (o)’ =
(Inx) ; (tgx)' = c0S% X cos? x
£ =0,c—const; | & =1 o =0
uzxv) =u=Vv
1 u-v) =u’v+uv
=g |
[u] _uv+u
—| =
1 Vv Vv
(log, x)'=
xIna

1 Y= 6x* —8x%+2x*> -4
y' = (6x* —8x> +2x* —4)' = 24x® — 24x° + 4x;

2. =(6x—4)*(x

+2)

u=5x-4; u'=5

y' =(6x-4)(x+2) =v=x+2; v'=1|=

(u*v)' =u'v+uv’

=5(X+2)+1(5x—4) =5x+10+5x-4=10x+6

_x+1

3. X
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!

y,_(x+lj B
2X

-2 _ 1
4x? 2x2"
SamanmneNe2

u=x+1 u'=5
v=2x v =2

u) _uv-uv
v v

C1.2x-2(x+1)  2x-2x-2 _
(2x)? 4x?

Brrauciuts npou3BoaHYI0 (PYHKIIUN B TOYKE.
y=3x>-8x"+9x* -4
Y (-1)=38 (-1 -8 (—1)*+9(-1)* —4 =-3 -8+ 9 -4 = 6.

1. y =5sin Xcos X
yV
(;—r) = S(isine] " cose 4 sine (ease) ") = S(eos?y — sin®y) = S(eos2x) = G(ens2 ;—r] = = Sepsw =5 -
(-1} = —5

(I)opMa NnpeacTaBJICHUs pe3yjabTaTa: BhIIIOJTHCHHOC 3a/laHKE.

Kpurepumn on

CHKM:

Ouenka "oTJIMYHO'" CTaBUTCS, €ClIM padoTa BBIMOJIHEHA B IMOJHOM 00BEME C COOIOIEHUEM
HEOOXOIMMOM TIOCIICIOBATEILHOCTH JICHCTBUI; B OTBETE MPABHILHO M aKKYPAaTHO BBITIOJHEHBI BCE
3aIllMCHU U BBIYUCIICHHS.

Ouenka "xopomo'" cTaBUTCSA, €CIM BBIIOJHEHbI

JOTYIIEHBI 2-3 HeloYeTa.
Ounenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €clid pa0oTa BBHIMOJHEHA HE MOJIHOCTHIO, HO
00BEM BBHITIOJIHEHHOW YaCTH TAaKOB, YTO MO3BOJISIET MOJYUYUTh MPABUIBHBIC PE3YIbTaThl U BHIBOJIBI;
B XO/JIe MPOBEACHUS PabOThl OBUIH JOMYIIIEHBI OLTHOKH.
Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CU PadOTa BHIMOIHEHA HE TOJHOCTHIO WU
00BEM BBITIOTHEHHOM 4acTH pabOThI HE MTO3BOJISAET CAENIATh MPABUIbHBIX BHIBOJIOB.

TpeOOBaHUS K OLEHKe "OTIMYHO", HO

Tema 3.1. IlpousBoanas pyHKIHMH U ee IPUMEHEHHUE

«IIpou3BoaHbIE CJIOKHBIX QyHKIMID)

IIpakTnueckas padora Ne 29

Leas padorbl: HayunTbes BRIYMCIATH IPOU3BOAHBIE CIOKHBIX (QYHKIIUN

Boinosinus padorty, Bel Oynere:

yMeTh:

Brrunciaars IMPOU3BOAHBIC CIIOKHBIX (I)YHKLII/Iﬁ

MarepuanbHoe oOecneyeHue: IHAMBUAyanbHbIE 3a/laHUs,

KOHCIEKTHI JIEKIIHH.

3aganue.
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3apanme 1: Haiitu npousBonHble (QyHKIMN UCIONB3YS MpaBWIa BBIYUCICHHUS U TaOIHILy

MIPOU3BO/IHBIX CIIOXKHBIX (DYHKIIUH.
3aganue 2: BpuuciuTh Npou3BOAHYIO (PYHKIIUH B TOUYKE.

SamanueNel

3aganueNe2

1)y = (mx* +4)°

—mx* k ,
2)y = m*cos(px m); y'(1)=?

3)y =" +kx)

4)y = ktg(mXp) , y!(_l):f)

5)y =12 P ™

6)y =ctg(px* —mx). y1)—9

7y = In(x* + px™)

8)y =/ mp* +kx © y(-2)=?

9)y =log, (mx+Kk)

10)y = (™) *v/x? + mx.

y(3)=?

1)y = p*sin(kx+m)

_In(px") '
)y_k*cosmx; y'(-3)=7

e p —uucio OyKB B UMEHH; M — YUCIIO OyKB B (haMUIIHH;

HOpﬂIlOK BbIIIOJTHCHU A paﬁoTbI:
1. BHuMaTeabHO O3HAKOMBTECH C YCJIOBHUEM 3aJlaHUH.

2. HOJII)3y9[CI) KOHCIICKTOM J'IGKIII/IfI U CIPaBOYHLIMU MaT€prajiaMu, BBIIIOJITHUTC 3a1aHUC.

Xoa paGoTsI:
3amanue Ne 1

Haiitu npousBoaHble (QyHKIUN HUCIONB3Yysd NpaBHia BBIYUCIECHUS W TaOJUIly IMPOU3BOIHBIX

CIIO’KHBIX (DYHKLUH

«[IpaBuia BerYMCIEHUS M TaOIMIlY POU3BOJHBIX CIOXKHBIX (DYHKITHI»

(un)/ — nun—lu/

(sinu)" =cosuu’

(eU)/ — eUul

(cosu) =—sinu-u’

a')=a"lnau’ , 1 u’
@) (tu) = ———u'=—
CoS” X cos-u
(Inu)’=1u’=u— (ctgu)’ = — _12 u'=- U2
u u sin“u In“u
1 u’ 1 u’
log. u) = u' = -~ U =—
(log, u) ulna ulna (o) 2\/6u 2Ju

1

y = (B%x® —4x)°;

' = (E8x —4) ) = 50322 — 4] (3x? — 4] =
= 5(3x% — d)* (Fr —4) = (302 — 200 (3x® — ) *,

o Y =sin(3x—x?)

' (ainf3r — 2?0 = coz(3xr —x®) - (Br — 2% =(3 - 220 coz(3r — 22

3 Y =6In5x

10-2 1

y' = (10In 2x)' =10(In 2%)’ =10 . (2x)’ = 22 _ 10,
2X X

2X
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3amanme Ne 2
Brrauciuts npon3BoaHYI0 (PYHKITUN B TOUYKE.

1. v =T+ 67, y'(3) =7

1 ax x
r:.-.,'j_fz:ﬁr:—-;fz+ﬁr: =
y =t ) 2t 46 ¢ J Hrl4 s xiin
k| 1

Vi [3] = _32+5 = 1"mz

| | wa
cn

(I)opMa NMpeacTaBJdCHusd pe3yjabTaTa: BbIIIOJIHCHHOC 3aJaHKC.

Kpurtepun onenku:

Ouenka "oTJIMYHO'" CTaBUTCS, €ClIM paboTa BBHIMOJHEHA B IMOJTHOM 00BEME C COOIMIOICHUEM
HE0OXO0TMMOM TIOCTICIOBATEIFHOCTH JICHCTBUI; B OTBETE MPABIILHO U aKKYPAaTHO BBITIOJHEHBI BCE
3alMCH U BBEIYHCICHHA.

Ounenka ''Xopomo' CTaBUTCS, €CIAHM BBINOJIHEHB TpeOOBaHMS K OICHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "y10BJIeTBOPUTEJbHO'" CTAaBUTCS, €Ciid paboTa BBHINIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAKOB, YTO MO3BOJISET MOJYUYUTh MPABUIbHBIC PE3YIbTAaThl U BHIBOJIBL,
B XOJI€ TIPOBEACHUS PabOTHI OBLIH JIOMYIIICHBI OIITHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CU padOTa BHINOJHEHA HE MOJHOCTHIO WU
00BEM BBITTOJIHEHHOM YacTH paObOThI HE TIO3BOJISET ClIEIaTh MPABUIIHHBIX BHIBOJIOB.

Tema 3.1. IlpousBoaHasi pyHKIMHU U ee IPUMEHEHH e
IIpakTnueckas padora Ne 30
«I'eomeTpuyecKue NPUIOKEHUS TPOU3BOTHOIN»

Heab paGorbi: Hayuutbest cocTaBiIsITh ypaBHEHUE KacaTEIbHOM K JJaHHOW KPUBOW B TOYKE
KacaHMsl; HAXOAUTh YrioBoH K03 (PUIIMEeHT KacaTeIbHOM, TPOBEACHHBIN K KPUBOM.

Beimosnus patdory, Bel Oyaere:

yMeThb:

~ HAaXOJUTh MPOU3BOHBIE HIEMEHTAPHBIX (DYHKIIMIA;

~ HCIIOJIb30BATh MTPOU3BOIHYIO JUIsl U3yUEHUS] CBOWCTB (DYHKUUN U OCTPOEHUS ITpauKOB;

~ TIPUMEHATh NPOM3BOJHYIO JJIsl IPOBEACHUS MPUOINKEHHBIX BBIYMCICHUH, peliaTh 3a/1aun
IMPUKIIAAHOI'0 XapaKTEpa Ha HAXOXKICHUC HanOOJIBIIET0 U HAMMEHBIIIET0 3HAYEHHUS.

MarepuanbHoe o0ecnieyeHme:
WNHauBuayanbHble 3aaHNsI, CIPABOYHBIE MaTEpUabl, KOHCIIEKTBI JIEKIUH.

3amanme:

1. Haiigure yrinoBoi ko3¢ (UIMEHT KacaTelbHOM, MpOBEeIeHHON K mapabojie ¥ = —x’+ xB
TOYKE xp = —2

2. Haiigute yron HakJIOHEHa K OCH KacaTeJIbHOHM, MPOBEICHHOW K KPHUBOH v = x? B TOYKE
xp=—2

3. CocraBbTe ypaBHEHHE KacaTeIbHOW K KPHBOHU ¥ = sin3x B TOUKe (E D).

Ilopsinok BbINOJIHEHHS Pa0OTHI:

1. 3Hayenue mMpPou3BOAHON (YHKIUH ¥ = flx) MpU x = x; PaBHO YIJIOBOMY KO3 GHIIMEHTY
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KacaTeJIbHOW, TMPOBEACHHONW K KPUBOM ¥ = fix) B &€& Touke ¢ abOcumccod =xp , T.€.
k= ylag) = fflag) = tan
IJIe %-yroJl MEXKIy KacaTelbHOM K KpUBOM B TOUKE Mg (xp:i%p) U IMOJIOKHUTEIbHBIM HaIlpaBICHUEM
ocu 0, .

2. YpaBHCHHE KacaTeabHOM K KPUBOH ¥ = f{x) B TOUKE HUMEET BUI ¥ — v, = f Lrp)(x — xp).

3. Hampasrienue KpuBOW B KaXKIOH TOUYKE OINpPEIEIISETCS HApaBIeHUE KacaTelbHOH K HEll B
9TOW TOYKE, IOITOMY JUIsl HAXOXKACHUS YIJla HAKJIOHHOW KPUBOW B JAHHOM TOYKE HAJ0 BBIYMCIUTH
YIOJI MEXY KacaTelbHOM, IIPOBEICHHON B 9TOU TOYKE, U OCBIO .

Xoa padoThI:
1. Haiitn yron HakioHa K ocu @, KacaTeJbHOW NPOBEACHHOW K KPUBOM ¥ = sinx B

T
TOYKE xp, = ;
-HaliJileM IPOU3BOIHYIO (DYHKIMIO ¥ = sinx = cosx

) v ' 1
-Hali/IeM 3HAUEHUE IPOU3BOIHON B TOUKE % =7 ¥ (:—r) =cosT =+
-TAaHTEHC YIJla HaKIOHAa KacaTelbHOH B JaHHON TOuke paBeH k=tge , OTKyda

M= o tgi g 26,67

2. [Ton kakumu yrnamu napabona ¥ = x? + x mepecekaeT och 7, ?
-Haiinem Touku nepecedenust mapadbobl C OChIO £, PELINB CUCTEMY
=ri4x -1;0

{y y=0 7 {[[n; n]]

-ITapabona nmepecekaet och 7, B Toukax All:0);3(0:0) . Haiiném yrioBsie Ko3)dUIHEHTHI
KacaTeJIbHBIX K apadosie B 3TUX TOYKaX

y=(+u) =2e+Lk{-=20-D+1=-1,k{0)=2-0+1=1

- BBIYHCIIWIIN YIJIBL & & &, , oOpa3yeMble KacaTelbHBIMH B TOUKaX MepecedeHus mapadobl ¢
OCBIO (: tg o, = —1, 06, = 1357 tg o= 1, 00,= 45°

3. CocraBbTe ypaBHEHUE KacaTeJIbHON K KPUBOM ¥ = 3x% — x B TOUKE xp = —1

-HaAEM NPOU3BOJHYIO KDUBOM B TOUKE

y=0Bx'—xr=6xr—1;y-1) =6(-1)-1=-7

-HalJIeM KOOPJIMHATY TOYKH KaCAHUS:

yi—13 =301} — (-1} =4 M(-1;4)

-I0CTaBUM B (OPMYJly YpaBHEHHS KacaTeJIbHOM:

y—d=—T(r+1)

yv—d=—Tr -7

Tx 4+ v+ 3 = 0 — ppasucHue Kacamenonot

(I)opMa NpeaACTaBJICHUSA PE3yabTaTa: BEIIIOJIHCHHOC 3a/laHNE

Kpurtepun onenkmn:

Ouenka "oTJIMYHO'" CTaBUTCS, €CITM pabOTa BBHIMOJHEHA B MOJTHOM 00BEME C COOMIOICHUEM
He0OXO0IMMOM TIOCIIEIOBATENHPHOCTH JIEHCTBUI; B OTBETE MPABUIBHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aIIMCU U BEIYUCIICHHA.

Ounenka "Xxopomio' CTaBUTCS, €CIHM BBIOJHEHB TpeOOBaHUS K OIEHKE "OTIWUYHO", HO
JONYIIEHBI 2-3 Hego4YeTa.

Ouenka "yI0BJIETBOPUTEIBHO'" CTaBUTCS, €CU paboTa BBHIMOJHEHA HE MOJIHOCTHIO, HO
00BEM BBITIOJIHEHHOW YaCTH TAaKOB, YTO MO3BOJISIET MOJYYUTh MPABUIBHBIC PE3YIbTaThl U BHIBOJIBI;
B XO/I€ POBEACHUS PabOThI OBUIH JTOMYIIEHBI OIITHOKH.

Ouenka '"Hey10BJIETBOPUTEIBHO' CTAaBUTCS, €CIIM pabOTa BBIMOJTHEHA HE TOJTHOCTHIO WIIH
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00BEM BBITTOJIHEHHON YacTH pabOThI HE MO3BOJISIET CHIENIATh MPABUIIBHBIX BHIBOJIOB.
Tema 3.1. IlpousBoanas pyHKIHMH U ee IPUMEHEHHUE
IIpakTnueckas padora Ne 31
«O0masn cxema uccjae0BAHUSA PYHKIHN»

Heas padorsi: Hayuntbes uccnenoBath (QyHKIMHM C MOMOILIBIO NMPOU3BOAHON M CTPOHUTH
rpadukH.

Bbinosinus padory, Bel Oynere:

yMeThb:

-OIpeAeNATh IPOMEXKYTKH MOHOTOHHOCTU (DYHKLIUH C TOMOILBIO IPOU3BOIHOM;
- HaXOJIUTh KCTPEMYyMbI (PYHKIUY;

-[IPOBOJIUTH HCCIeI0BaHNE (PYHKLUU 110 00ILel cxeme;

-CTpOUTH rpaduku GyHKIUN, HCTIONB3YS MTPOBEACHHOE UCCIIETOBAHHE.

MarepuanbHoe obecneueHue: VIHTUBUyanbHBIC 3a/JaHus, Ta0JMIa IPOU3BOIHBIX,
KOHCIIEKTBI JICKLIH.

3aganue:
HccnenoBaTh GYHKIMIO W IOCTPOUTH €€ TpaduK:
1) flad = 2" =124,

2) fla) = =

3-x2"

ITopsinok BbINOJHEHHS PadOTHI:

1. 3anumuTe QYHKIHIO.

2. Hcnonb3ys o0uyro cxemy, uccienyiTe GyHKIUIO.

3. Ilo pe3ynbraram uccieqoBaHusl IOCTPOITe rpaduk GyHKIMH

Xoa paGoTsI:

ANropuT™ HccienoBaHus GyHKIIMM HA MOHOTOHHOCTb M 9KCTPEMYMBI:

1) Haiitu npou3BoHYIO PYHKIIHH.

2) Haiitu KpUTHYECKUE TOUKH.

3) OTMETUTHh KPUTHUECKHE TOUKH Ha YUCIIOBOM MPSIMON U ONPENENUTh 3HAK IPOU3BOIHON Ha
Ka)KJIOM UHTEPBAJIE.

4) 3amucaTb HHTEpPBAJIbI, HA KOTOPBIX (PYHKIUS Bo3pacTaeT f () = 0 u yObIBaer £ (x) = 0.

5) BobimucaTh TOUKHM 3KCTpeMyMa U BBIYUCIUTDH 3HaUYEHUS QYHKIIMHU B HUX.

Anroput™m uccnenoBaHus QyHKIIMH Ha BBITYKIOCTh M TOUKHU Mepernoa:

1) Haiit BTOpYIO NpOU3BOJHYIO.

2) Haiiti TOYKH, B KOTOPBIX BTOpas IPOM3BO/IHASL PaBHA HYJIIO WK HE CYILECTBYET.

3) OTMETUTH 3TH TOYKH HA YUCJIOBOW NMPSAMON M ONPEIEIUTh 3HAK BTOPOM MPOU3BOJHON HA
Ka)KJIOM UHTEPBAJIE.

4) Ecnmu  f"(x) =0, To rpapuk BbMykabli BHU3. Ecmu  f"(x) = 0, To rpaduk BBITYKJIbIH
BBEPX.

5) Boruncnuth 3HaueHUs PyHKIMU B TOYKax rneperuoa.

ACHMITOTHI MOTYT OBITh BEPTHKAJIbHBIMU, TOPU30HTAIBHBIMUA U HAKJIOHHBIMU.
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Ecnu lim,,, f(x) =, TO mpsiMasix = & SIBISETCS BEPTUKAIBLHON aCUMITOTOM.
VYpaBHeHHE HAKIIOHHON aCUMITOTHI Oy/IeM UCKAaTh B BUJE ¥ = kx + b

UccnenoBath QyHKIHIO ¥ = x? — 6x® + 9x — 3 ¥ MOCTPOUTH TpaduK.

-pyHKIMS OnpeaeicHHa Ha BCEl YHMCIIOBOM IpsMOii: Dix): x € [—wor o)

-JIaHHAast byHKIUSA HE SIBJISIETCS HU YETHOM, HU
HEUETHOM: wi—x) =(—x)? —fAl—x)? + 9—x) — 3= —x?'—fx? —9x -3 =—(x¥ +6x’ + 9+ 3) & —w(x)

-HaliIéM TOYKy nepecedeHus rpaduka ¢ ocbto Oy , monorast x =0 , MOIy4UM ¥ = —3 TOUKHU
nepecedeHus rpaguka ¢ ocblo 'y B JAHHOM CITydae HAWTH 3aTPyTHUTEIBHO.

-HaAEM NPOU3BOJIHYIO: ¥ = (x? — fx? 4+ 9x —3) = 3x? —12x + 9

-HaAEM KPUTUYECKUE TOUKH, JIJIst 3TOro ¥' = 0 ,T.€¢ 3x? —12x+9 =10

¥l —dx+3=0x =1;x =3

-rccneayeM QyHKIIMI0 HA MOHOTOHHOCTh

+ - +

v

1 3
{(—eo; 1)1 (3; wo) rpaduk pyHKIMEM BO3pacTaert, (1; 3)-yObIiBaer
-uccnenyeM (yHKIUIO Ha DKCTPEMYM:
w1} =1-6+9— 3 =1; Al1; 1)Toema max
w(3) = 27 — 54+ 27 — 3 = —3, B(3: —3)To=ma min

-~UCIIOJIB3YS IMOJTYYCHHBIC JAHHBIC CTPOUM HCKOMBIH l"pa(bI/IK.

~

[95]

M

[HEY

[
I
I
———
i | -2 ﬂ]/\ ld b 8 10 12
2\ /
[\

[NEY

]

[45]

&

®opma npeacTaBiaeHus pe3yJbTaTa: BHIIOJHEHHAs paboTa

Kpurtepun onenkmn:

Ouenka "oTJIMYHO'" CTaBUTCS, €CITM padOTa BBHIMOJHEHA B IMOJTHOM 00BEME ¢ COOIIOICHUEM
He0OXO0TMMOM TIOCTIEIOBATENHHOCTH JICHCTBUI; B OTBETE MPABUIBLHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aIIMCH U BBIYUCIICHHUSI.

Ounenka "xopomio' CTaBUTCS, €CIHM BBIOJHEHB TpeOOBaHUS K OIEHKE "OTIUYHO", HO
JONYIIEHBI 2-3 HeJo4YeTa.

Ouenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €CM PabOTa BHIMIOJHEHA HE MOJHOCTHIO, HO
00BEM BBITIOJIHEHHOW YaCTH TAaKOB, YTO MO3BOJISIET MOJYYUTh MPABUIBHBIC PE3YIbTaThl U BHIBOJIBI;
B XO/I€ MPOBEACHUS PabOThI OBLIH TOMYIIEHBI OIITHOKH.

Ouenka '"Hey10BJIETBOPUTEIBHO' CTAaBUTCS, €CIIM pabOTa BBIMOJTHEHA HE MOJHOCTHIO WIIH
00BEM BBITIOJIHEHHOM YacTH paObOThI HE TIO3BOJISET CIeaTh MPABUIHHBIX BHIBOIOB.
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Tema 3.1. IIpousBoaHasi pyHKIIUU U ee IPUMEHEHUE
IIpakTuyeckas padora Ne 32
«HUccaenoBanue pyHkumMid 1 mocrpoeHue rpagukon GyHKIuii»
Hean pabdorbl: Hayuuthes uccnenoBatbs PyHKIUN U CTPOUTH UX TpadUKH.
Boinosinus padorty, Bl Oynere:

yMeTbh: UCCIIEIOBaTh PYHKIMMA U CTPOUTH UX TPapUKH.

MarepuanbHoe obOecniedenue: VHauBuayalbHbIE 3aJaHus, CHOPaBOYHBIE MaTEpHUAIIbI,
KOHCHEKTHI JIEKIIHN.

3aganme: VccnenoBarh (yHKIMI U IOCTPOUTH CXEMATUYECKH UX TPapUKH.

3agaHus
a)y =2+5x> -3x°; 6)f(x)=x"-2x*+2;
a)y =2x>-3x*-36x; | 6)f(x)=x*-2x*+2
) 2.
a)y_x —4x ' 6)f(X):1X4—gX3—§X2+2;
4 3 2

HOpﬂIlOK BbIIIOJTHCHU A paﬁoTbI:
BaumartenrHO 03HAKOMBTECH C YCJIOBHUEM 3aJaHUA.
HOJH)?;Y?ICI) KOHCIICKTOM JIGKHI/Iﬁ H CIIPpaBOYHBIMU MaTCpHaiaMH, BBIIIOJITHUTC 3aaHUC.

Xoa padoTsl

[ToHsiTHE TPOM3BOIHON MO3BOJIAET MPOBECTH MOAPOOHOE HCCienOoBaHHe (DYHKIUN C HETbI0
00Jj1€€ TOUHOTO MOCTPOEHUS UX IrPpaUKOB.

PaccmoTpum anroputm rccnenoBanus QyHKIUHI:

1) HaiiTu oOnacTh onpeaeneHus QyHKINY,

2) uccienoBarh GYHKIIUIO HAa YSTHOCTh U HE Y€THOCTb;

*  Ecnu mig QyHKIUY BBITIOTHSAETCS PaBEHCTBO fi—x) = f(x), TO JaHHAS (YHKIUS SIBISETCS
yeTHOU. CreoBaTenbHo, rpaduk GyHKIIMH CHMMETpUUYeH OTHOCUTeNIbHO ocu (OY).

s»Ecnu st QyHKIMM BBITIONHAETCS PABEHCTBO fi—x) = —f(x), TO naHa (QYHKIHS SBISETCS
HeueTHOH. CrenoBarenbHO rpaduk GyHKIIMM CHMMETPUUYEH OTHOCUTENIHHO Havana koopauHar (0;0)

sEcnu f(—x) % f(x) u f{—x) £ —f(x), To naHHass QyHKUUs ABiseTcss QyHKIMEH o01ero Buaa
Y CBOMCTBOM CUMMETPUYHOCTH JlaHHAas (PYHKIIUS HE oOagaeT

3) HalTH MHTEPBAJIbl MOHOTOHHOCTH (DYHKIIHH;

= Haiitu npou3BoIHYIO PYHKIIHH.

= [IpUpOBHATH MPOU3ZBOAHYIO K HYJIFO U PELINTH ITOJIYYEHHOE YPaBHEHUE.

= OTMeTUTh HalJIeHHblE KOPHM YpaBHEHMsI Ha KOOPAMHATHOM mpsMoil, pa3OuB e€ Ha
MIPOMEKYTKH.

= HaiiTn 3HaK NpOU3BOAHON HA KaXKJIOM U3 MOITYYEHHBIX TPOMEXKYTKOB.

] | + _ £ |, mper € (oo JUGCg Hoe)
|

— x T ~—a )T, mpee e 03 29)

4) HaWTH SKCTpEeMyMBbI (DyHKIINH;
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lle_ 7
i max
Tenin = X1
I‘I‘i"l.llx = IE
5) HaiiT 3HaueHHE PYHKIMU B KPUTHYECKUX TOYKAX U B TOUKAX IKCTPEMYyMa,;
6) HAiTH TOYKM TIEPECEUCHHS C OCSIMH KOOPJMHAT H, BO3MOXKHO,
JOTIOJTHUTEJIbHBIC TOUKHU, YTOYHSIOIIUE rpaduK QyHKIINH;
7) moctpouth rpaduK GUKIKH.
Samanue Ne 1
1) Uccnenyiire GhyHKIuiO U moctpoiite e€ rpaduk y =1+ 2x2 —x*;
2) Onpenenum 4eTHOCTh
f(=X) =1+ 2(-x)* = (-X)*'=1+2X* = x* = umeen f(-x)=f(x)=
¢GbyHKIMS YeTHas U ee rpaduKk CUMMETpHUYEH OTHOCHTENBHO ocH (OV).
3) Haiinem npousBoHyO
f'(x) = (1+2x* —x*) = 4x — 4x%;
4x —4x* =0
AX(1-x*)=0=>x=0:x==1;
f(~1) =1+ 2(-2) - (-2)* =2

+,— ,+ , — f(0)=1+2(0)2-0* =1
A '1 \b 2 1 f(l)=1+2%1>-1*=2
max min  Max
X (—oo-1) | -1 (- 0 1 | @+
1:0) (0;1) )
f'(x) + 0 _ 0 + _

f(x) VA 2 Ny 1 VA 2 Ny

®opma npeacraBiaeHust pe3yJbTaTa: BHIIOJHEHHOE 33 JaHHE.

Kpurepum ouenku:

HEKOTOPBIE

Ouenka "oTau4HO'" CTaBUTCS, eclii paboTa BHIMOJIHEHA B MOJHOM 00BEME ¢ COOTI0IeHIEM
HEO0OXOMMOM TMOCIIeI0BATeILHOCTH ICUCTBHI; B OTBETE MPABUIBLHO U aKKYPAaTHO BBIMIOJHEHBI BCE

3allMCHU 1 BBIYMCJICHUA.

Ounenka '"xopomo' cTaBUTCS, €CIM BBINOJHEHb TpeOOBaHUS K OLIEHKE "OTIUYHO", HO

JOMYUIEHBI 2-3 HeJloYeTa.

Ouenka "y1oBJIETBOPUTEJbHO'" CTAaBHUTCs, €ciid paboTa BBHITIOJIHEHA HE IOJHOCTHIO, HO
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00BEM BBITIOTHEHHOW YaCTH TaKOB, YTO MO3BOJISET MOJYYUTh MPABHIBHBIC PE3YIbTAThl U BHIBOJIBI,
B X0JI€ MMPOBEACHUS PaObOThI ObUTH JOMYIIEHBI ONTHOKH.

OueHka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU PadOTa BHIMOJIHEHA HE TOJHOCTHIO HITU
00BEM BBITIOJIHEHHOM YyacTH paboThl HE TO3BOJISIET ClIENaTh MIPABUIIbHBIX BHIBOJIOB.

Tema 3.1. IlpousBoanas pyHKIHMH U ee IPUMEHEHHUE
IIpakTnueckas padora Ne 33

«Haxo:xxneHue Han(0JIbIIET0 U HAMMEHbIIIET0 3HAYEHUS W IKCTPEMAJIbHBIX 3HAYEHU
¢yuxuuu. [lpuknaaabie 3a1a4n HA IKCTPEMYM»

Heapb padorbl: HayuuThcs NpUMEHATh NPOU3BOAHYIO GYHKIIMH TPHU PEUICHUH 3a/1a4.
Boinosinus padorty, Bel Oynere:

yMeThb:

— HaXOJUTh HAaUOOJIbIIICE M HAMMEHbBIIIEE 3HaUYeHUs (DYHKIIMHU Ha 3aJJaHHOM OTPE3KE;

— pemiath 3a/1a4y Ha HaXOXIeHWEe HauOObIIEro U HAMMEHBIIET0 3HaYeHUsT (PYHKIUU.

MarepuanbHoe obecnedyenue: VIHIUBUAYanbHBIC 3alaHWs, TaOlWIA MPOU3BOIHBIX,
KOHCIIEKTBI JICKLIAH.

3aganme:

1. Haiinute HauMmeHbliee W HaubOosbllee 3Ha4eHHUs] PYHKIUU flx) = =% — 2x% — 0 Ha OTpe3Ke
‘e)[—1;1]; &) [0:3].

2.lmeercs mpoBosioka JUIMHOW a  MeTpoB. TpeOyercs orpaauTh STOH TNPOBOJIOKON
MIPSIMOYTOJIBHBIA Y4aCTOK 3€MJIM, OJIHA CTOPOHA KOTOPOTO IIPUMBIKAET K CTEHE 3aBOJCKOIO 3/1aHMS,
TakK, YTOOBI IUIOIAAb OTOPOKEHHOI0 Y4acTKa Obljla HauOOJbIICH.

Ilopsinok BbINOJHEHHS padOThI:

1. Haxoaum KpuTHUECKUE TOUKU (YHKLUH.

2. IlpoBepsieMm, kakue U3 HalICHHBIX KPUTHYECKUX TOUYEK JIEKAT BHYTPH 3a/IaHHOTO OTPE3Ka.

3. Haxonum 3HaueHus (yHKIMU Ha KOHIAX OTPE3Ka U B TEX KPUTHUECKUX TOUYKAX, KOTOpBIE
MOMAJAI0T B ATOT OTPE3OK.

4. W3 Bcex MOJMy4YEeHHBIX 3HaUeHUH (QyHKIIMM BbIOMpaeM HauMeHbllee U HauOoJIbIIee.

Xon paborsr:

JInis OThICKaHUS HaWMEHbIIEro U HauOombllero 3HayeHus GyHKUMH, TuddepeHuupyemoi
BHYTPU OTpe3Ka W HEMpepbIBHOM Ha €ro KOHLAX, CJeyeT HAWTH Bce KPUTUYECKUE TOUKU (YHKITUH,
JIeKaIle BHYTPH OTPE3Ka, BHIYMCIUTH 3HaYeHUsI (DYHKIMM B 3TUX TOYKAX M HA KOHIAX OTpe3Ka, a
3aTeM U3 BCEX MOJTYUYEHHBIX TAKUM 00pa3oM yuces BEIOpaTh HaUMEHbIIee U HauOoJIbIIIee.

1. Haiinute HamMmeHblllee W HauOoJsblliee 3HAYCHUS] (PYHKIUU flx) = —2x? —3x%+4 Ha
npomexytke :e)[—2 —0,5];6) [1:3].
Pemenue.
HaxonuMm kputndeckue TOUKH (yHKITHH.
Flled = (=206 — 3 4 4)l=—x? — fix = —fx(x + 13;
Fllx) =0; —fx(x+13=0; x = 0mx = —1. MOJyYWIN IBE KPUTHYECKHME TOUKH: x = Dmmx = —1,
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& ) B opomesyree [—2; —0,5] JeXKAT OHA M3 KPUTHYECKUX TOYEK:X= -1,

Tak kak fl—2) =8 f(-1) =3, f(—0,5) =3,5,T0 HauMEHbllEE 3HAUYCHHUE byHKIHs
Flx) = —2x¢? — 32 4+ 4 mocTHraeT B TOYKE x = —1 W paBHO 3, a HAMOOJIbIICE - B TOYKE x = —2 W
paBHO 8.. KpaTKo 3TO MOXKHO 3aIlMCaTh TAK: mity_y,_pg Flad = F—1) = 3.manp_, _pq Fl)=F(-2) = 8.

0) Otpesky [1:3] He NpPUHAIICKUAT HU OJHA U3 KPUTHYECKHX TOYEK, IMOITOMY Hainém
3HAYCHUS byHKIIIN Ha KOHI[aX OTpe3Ka:
fl=-21"-3.1"+4=-1[1:3];f(8) =-2.3" -3 .3 +4 = -77. . Kparko 3TO MOXXHO 3amucaTh
TaK: ity |y,q fl) = F(3) = =Trmaxy g Fl=F00 = -1,

2. Yucno 86 mpeactaBieHO B BHUJE CyMMBI IBYX ClaraéMbIX Tak, YTO HX IPOU3BEICHUE
MakcuMalibHO. Haliiure 3Tu craraeMele.

Pemenwue. [lycTh 3a1aHHOE YHUCIIO NPEACTaBICHO B BHAE  CYMMBI  JBYX CJIaraeMbIX
x Hv,T1.6.86=x + v. BelpasuM BTOpOE ciaraemoe 4epes x:

y=86-x.3anuiieM MOpPOU3BEACHUE JTUX YHcel B BHAC QyHKIUH OT X flx) = x: (86 —x)
Haiiném 3HaueHue X, Ipu KOTOPOM (PYHKIIHS

f (<) =x (86 —x) pocturaer makcumyma..Haiiném npoumssoanyrof! x) u npupaBHseM eé
Hymmo. ff () =(x - (86 — )} = (86 — 20 =86 — 2 = 2(43 — ),

2043 —x) = 0,x =43,

OnpenenuM BTOpoE€ ciaraemoe: ¥ = 86 —x = 86 —43 =43,

OtBer: x =43y =43,

®opma npeacraBiaeHus pe3yJabTaTa: BHIIOJHEHHAs padoTa.

Kpurtepun ounenku:

Ouenka "oTJHYHO'" CTaBUTCS, €CIIM padoTa BBIMOJHEHA B IOJHOM 00BEME ¢ COOIOIEHUEM
HEO0OXOMMOM MOCIEeI0BATEILHOCTH JICUCTBUI; B OTBETE MPABUILHO U aKKYpPAaTHO BBIMOJHEHBI BCE
3alMCH U BBIUUCIICHUS.

Ounenka ''Xopomo' CTaBUTCS, €CIM BBINOJHEHb TpeOOBaHUS K OLIEHKE "OTIMYHO", HO
JOIYILEHBI 2-3 HENOYETA.

Ouenka "yIoBJIeTBOPUTENbHO'" CTAaBUTCS, €Clid paboTa BHITIOJIHEHA HE TOJHOCTBHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAKOB, YTO MO3BOJISET MONYUYUThH MPABUIbHBIC PE3YIbTAaThl U BHIBOJIBI,
B XO/I€ MPOBEACHUS pabOThl OBLIH JTOMYIIEHbBI OLTHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CU PadOTa BHIMOIHEHA HE TIOJHOCTHIO MU
00BEM BBITIOJIHEHHOM YacTH paOOThI HE MO3BOJISAET CENATh MPABWIBHBIX BBIBOJIOB.

Tema 3.2 UnTerpaJ u ero npuMeHeHue
IIpakTHyeckas padora Ne 34

«HHTerpan u nepsoodpasnas. HaxosxxaeHue HeonpeeJileHHbIX MHTEIPAJIOB NIPH MOMOIIHU
CBONCTB HHTEIPAJIOB)»

Ieab: HayuyuTbCsd  HAXOAWUTh  HEONPEHEIEHHBIE  MHTErPAlbl  HEIOCPEACTBEHHBIM
WHTETPUPOBAHUEM IIPU ITOMOIIN CBOKWCTB HHTETPUPOBAHMS.

Borinosinus padorty, Bul Oynere:

yMeThb:

- HaxOJUTh HHTETPAJ

- BBIYHCIATH B NPOCTEHININMX CIy4asxX IUIOMAAM ¥ OOBEMBI C UCIHOIB30BAaHUEM
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OIMPCACIICHHOI'O UHTCrpaJia.

MarepunanbHoe obecrnieyeHue:
WunuButyanbHble 3a1aHNs, CIIPABOYHBIC MATEPHAJIbI, KOHCIICKTHI JICKITHH.

3aganue:
Haiitu cnepyromuye HHTETpab:

_I'Gxg —i.':r:2 + 5) dx
S a2x® — 1%
T+ 5x%dx
S+ B

. I(E‘-"F - ?’:."'F:ldx

=

g b~ N

IMopsinok BbINOJIHEHHSI PA0OTHI:

COBOKYIHOCTh BCEX IMEPBOOOPA3HBIX IS  (PYHKIUH Ha3bIBACTCS HEONPEACIIEHHBIM
HWHTETPAJIOM.

OcHOBHBIE CBOMCTBA HEOTPEIEIEHHOTO UHTETpaja

1) (i) + g(e) Ve = [ Flad doe+ [ gl dc

2) Jkfladde =k [ ) dx

HemocpencTBeHHOE HMHTETpUpPOBAHUE OCHOBAaHO Ha TMIPSAMOM HCIIOJIB30BAaHUM  TaOJIHUIIBI
HUHTErpasioB. MOTYT MpeICTaBUTHCS CICTYIONINE CIIyYau:

1) JlaHHbIi HMHTErpajl HAXOMUTHCSA HEMOCPEACTBEHHO IO COOTBETCTBYIOLIEMY TaOIUYHOMY
WHTETrpaiy.

2) JlaHHBI HHTErpajl MOCIE NPUMEHEHHsS CBOWCTB 1W2 NPHUBOAUTCS K OJHOMY HWJIH
HCECKOJIBKUM Ta6J'II/I‘-IHI)IM I/IHTel"paJ'IaM;

3) JlaHHbIii WHTErpajl IMOCTE JJIEMEHTApHBIX TOKIECTBCHHBIX MpPeoOpa3oBaHMi, HaJ
MOJIBIHTETpaIbHOM (pyHKIIMEN M MpUMEHss cBOWCTBA 1M2 MPUBOIUTCS K OJHOMY MM HECKOJIbKUM
TaOJIMYHBIM UHTETPAJIAM.

Xoa padoThI:
Ceoticmea HeonpeodenenHo2o uHmezpania

1) Imf(x)dx = mJ' f (x)dx, m-const
2) j (f(x) = g(x))dx = j f (x)dx + j g(x)dx

Ta@zuqa OCHOBHbIX UHmMecpaloe

1) Idx:x+C;
Xn+l

Z)Ix”dx: +C,n=-1;
n+1

3) _[d—: =In|x/+C;

4) Iexdx:eX+C;

5) Iaxdx=a—+C;
Ina

6) Isinxdx:—cosx+C;
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7) jcosxdx =sinx+C,;

8) Id—):=tgx+C;

COS* X
9) J' _d)2( =—Ctgx +C;
sin“ x
dx .
10) | —==arcsinx+C;
dx
11 =arctgx+C.
) J.1+ x? J

Haiitu cinenyronue nHTerpas:
1. J6x*dx —mcmonb3yeM cBOMCTBO 2 U popmyity 2.

=+
J x"dx =: + ¢ Ilomyuum:

+1

2+ 3
_rﬁxzdx=ﬁ_rx2dx=ﬁx—+c=6x—+c=2x:‘+c
241 3
2. J4(x® —x+ 2dx Hcnone3ys cBoiictBa 1 u 2 u, gopmynasl 1 u 2 mnomyyum:
3 2
4] ldr—afzdx+12far =4 —FE p12r4e=22T— 2274 12x ¢
k| 2 k]

- 1nocTosiHHas wuHTerpupoBanusi C paBHa anreOpandyeckodl CyMMe TpeX IOCTOSHHBIX
UHTETPUPOBAHHUS .

H 2
3. _r2|:3:c—lzlzdx=2_r[3x—1]|2d:r=2f|:9x2—6x—1]dx=2-9%—2-6%+2x+c=Euxg—ﬁ:c2+2x+r:

4 J- 34227 pan .
. f gr —pa3aciuM IIOYJIICHHO Ha X, IMOJIy4uM:
3 2

x xr
|:;r2+3x+4-:|dx=?+?+4-x+c

1

1
i - —_
S. ff,—; —ucnonb3yem popmyiy 2 [« zdx = 'rj_i—L+ e=F+c=2Vr+ec
2 2

®opma npeacTaBaeHus pe3yJbTaTa: BHIIOTHEHHOE 3aJaHNe

Kpurtepun onenku:

Ouenka "oTau4Ho" cTaBUTCS, eciiu paboTa BHIMOIHEHA B MOJHOM 00BEME C COOTIOACHUEM
HEO0OXOMMOM TMOCIeI0BATEILHOCTH JICUCTBUI; B OTBETE MPABUJILHO U aKKypPaTHO BBIMIOJHEHBI BCE
3allMCH U BEIYUCIICHUS.

Ounenka '"Xxopomo' CTaBUTCS, €CIM BBIIOJHEHb TpeOOBaHUS K OLIEHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 HeJloYeTa.

Ouenka "yIoBJIETBOPUTEJbHO'" CTAaBHUTCS, €ciid paboTa BBITIOJIHEHA HE TOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCTH TAKOB, YTO MO3BOJISET MONYUYUTh MPABUIBHBIC PE3YIbTAaThl U BHIBOJIBL,
B X0/JI€ MPOBEACHUS pabOThl OBLIH JTOMYIIEHBI OLTHOKH.

OueHka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU PadOTa BHIMOIHEHA HE TIOJTHOCTHIO MU
00BEM BBITIOTHEHHOM YacTH paOOTHI HE TTO3BOJISAET CAENIATh MPABHIIbHBIX BHIBOJIOB.

Tema 3.2 UHTErpas u ero npuMeHeHue
IIpakTuyeckas padora Ne 35

«HHTEerpupoOBaHue METOAOM 3aMeHbI NePEMEHHOI
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Hean padoTbl: HayuyuThest BBIYUCIISATH HHTETPAIBI CITOCOOOM MOJICTAHOBKH.

Bbinosinus padory, Bel Oynere:

yMeTh:

- HaxoJUTh UHTETPaj

— BBIYUCIIITH B HpOCTCfILHHX cilydadx IoJiomaad Hu OG'LCMBI C HCIIOJB30BaHUCM
OIpeIeICHHOTO UHTETpaa.

MarepuajibHoe o0ecnieyeHue:
I/IHI[I/IBI/II[yaJIBHLIC 3alaHuA, CIIPAaBOYHbIC MaTCPpUaJIbl, KOHCIICKTbI HCKHHﬁ.

3aganme:
Haiitu unrerpansi:
Sz — 57 dx

-J-d.r

B + 5

1

2

3. [T —Tdx
4 Ccoax
5
6

gu'iiﬁ
. [ tgxdx

J' [rEy

141617

ITopsinok BhINOJIHEHHE PAGOThI:

B ocHoBe mHTErpupoBaHHs METOIAOM 3aMEHBI MEPEMEHHOW ( MM CIOCOOOM MOCTaHOBKH)
JISKUT CBOMCTBO MHBAPUAHTHOCTU (POPMYJT HHTETPUPOBAHUS, KOTOPOE 3aKIJIIOYAETCS B CIEAYIOIIEM:
ecmn [ fldde=Fld+e | 1o [fladdu=Fd +¢c, rme u(x) npoussoguas auddepeHuupyemas
¢byHKLUSA OT X.

3amMeHa MepeMEeHHON B HEOTIPEIeIIEHHOM WHTETpajie MPOU3BOIAMUTCS C TIOMOIIBIO TIOACTAaHOBOK
JBYX BUJIOM:

1. x=w(t) , rne t-HOBas mepeMeHHas, a () HenpepslBHO AupdepeHurpyemas GyHKIus
I piddz = J f(pled Jp'le) dt

2. t=pl(x) rae t-nosas nepemennas, Toraa: [ £lul) ' (:ddx = J Fltidt

Xoa padoThI:

xS dy
L 'I.E+.rg
-T.K. 8(8 + %) = 3x¥dx , TO
JI' xidx IJ‘d{E+ 3ty
B4+x? 3 g+ x?

-nojaras 8+ x? =t , IOIy4uM: EIE = Elnliﬂl +rc =51nIE= +xY+¢c
2 J- coaxdy J- o (B

HOBTOMy, HMCIIOJIb3Ys MOJACTAHOBKY t = sinr , IPUXOJAUM K Ta6J'II/I‘-IHOMy

4+2int .r +amlx
HHTETpally: f " rz =—m"|::'tg E +c= E ooty (T.r) +rc
a¥ dx ety
3.
'r J -t 'r J -t
-BOCITOJIb30BABIINCH  MOJICTAHOBKOM t=9¢", TpPUBOANM K TaOJMYHOMY WHTErpay

X

dt 1 .8
f =mresin-4+ o= resin—4 ¢
Jg-r 1 3

Tpumeyanne: dx = > dlox + ]
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1
rox = Ed[xzjl

" dxr = dig®)
gx _
P dilnix)

cosxdr = g siny)
(I)opMa NMpeacTaBjJdCHusd pedyjabTaTa: BIIIOJIHCHHOC 3a1aHUC

Kpurtepun onenku:

Ouenka "oTJMYHO'" CTaBUTCS, €ClIM paboTa BBIMOJHEHA B IOJHOM 00BEME C COOIOICHUEM
HE0OXO0TMMOM TIOCIICIOBATEIPHOCTH JICHCTBUI; B OTBETE MPABWIBHO U aKKYPATHO BBIMIOJTHEHBI BCE
3alMCH U BEIYHCICHHA.

Ounenka ''Xopomo' CcTaBUTCS, €CIHM BBINOJIHEHB TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "yI0BJIETBOPUTEJbHO'" CTAaBUTCs, €Ciid paboTa BBHINIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAKOB, YTO MO3BOJISET MOJIYYUTh MPABUIIbHBIE PE3YIbTAaThl U BHIBOJIBI;
B XOJI€ TIPOBEACHUS PabOTHI OBLIH JIOMYIICHBI OIITHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €clid PadOTa BBHIMOJIHEHA HE TOJHOCTHIO WU
00BEM BBITTOJIHEHHOM YacTH pabOThI HE TIO3BOJISET CIEIaTh MPABUIIHHBIX BHIBOJIOB.

Tema 3.2 UHTerpaJ u ero npuMeHeHue

IIpakTnueckas padora Ne 36
«AHTEerpupoBanne pa3InYHbIMU METOTAMMD)

Hean padorbi: HayunTbcs HAXOAUTh MHTETPaAiibl PA3IMYHBIMU METOJIaMU: UHTETPUPOBAHUE
HOJACTAHOBKOM U I10 YaCTSIM.

Boinoinus padorty, Bel Oynere:

yMeTh:

- HaXOJUTh MHTErpal

— BBIYUCIIITH B HpOCTCﬁHIHX cIydadx Iuiomaain H 00BEMBI C HCIIOJb30BAaHUEM
ONPEIEIICHHOTO UHTErpaa.

MarepuajbHoe obecnedeHne:
I/IH)II/IBI/II[yaHI)HI)IC 3alaHuA, CIIPAaBOYHBIC MaTCpUajibl, KOHCIICKTbI HeKHHfI.

3aganue:

Haiitu naTErpassl
ix

e im it
I [etgx
T poelx

. f reosxdx

g

CRFNRRTN
—_
|E'
=
[~ B
&

IHopsiaok BbINOIHEHHE PA0OTHI:
1. IlepBrle fABa WHTErpaja peEIIAIOTCS METOJOM 3aMEHBl IMepeMeHHOW ( ITOT ciyyail
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paccMaTpuBacs B IpakTu4eckoit padore Ne 35).
2. Craemyrolye HHTETPAJIbl PEIIA0TCS METOIOM HHTETPUPOBAHUS TI0 YACTSIM.
WuTerpupoBaHueM 10 YacTSIM Ha3bIBAeTCA HAXOXKICHHE MHTErpaja 1o ¢opmyse:
JTudd = wd — [ du rae @u ¥ HenpepblBHO quddepeHnupyembie PyHKIUN OT X.
Wuterpupys 00¢ yactu paBeHCTBa dlad) =udd + #du |, MOIyduM

fd[maj =fm:m +f~a.:su

i =J‘udt‘.? +J‘t‘3‘du,|:|'rrq,r,qa J‘udt‘? = —J‘t‘.?du

C noMo1pio 3TOi (OpPMyIIbI BHIYMCICHNE MHTErpajla  CBOAMTCS K BBIYMCICHHIO MHTErpaia
I'#du, ecnn nocneqHuUit OKa)keTCs MPOILE UCXOJHOTO.

Xox padoThI:

Brruncnuts HHTErpal MCTOAOM UHTCIPUPOBAHUA 110 YaCTAM:
1. J{x — S)cosxdx

-rojiarast ¥ =x — 5; df = cosxdx,

-HalnéM du = dix; ¢ = [ coswdr = sinx

-CJICA0OBATCIIbHO:

Jr(x — Seosxds = (x — Slsinge = J- siprdx = [ — Slsiny + cosx 4 ¢

2. [ xoretgrds

—yCTh u =garctgyr: df = xdx,
1 xE
g.x; ==

1422 H
-Ha OCHOBAHHNHN OpMYHI)I Haxoaum
7

-TorJaa ou =

x
Jr xoretgrdy = E erotgr

J‘:cz ax 1 ” lJI'.r2+1—1d
| — —_— = gy —— | —————
2 xig1l 2o MEEETL ) Ty

" earet lfdfdx ltxzt tga)
=5 m"'c'g:::—z[ i — x2+1:|_2 pretgr — x+ arctgrl) + ¢

®opma npeacrapaeHus pe3yJbTaTa: BHIIOJHEHHOE 33aJaHHE.

Kpurtepun onenku:

Ouenka "oTau4HO" cTaBUTCS, eciiu paboTa BHIMOIHEHA B MOJHOM 00BEME C COOTIOACHHEM
HEO0OXOMMOM TMOCIIeI0BATEILHOCTH JICUCTBHI; B OTBETE MPABUIILHO M aKKYPAaTHO BBITIOJHEHBI BCE
3aIIMCU U BEIYUCIICHUS.

Ounenka '"xopomo' CcTaBUTCS, €ClAM BBINOJHEHb TpeOOBaHUS K OLIEHKE "OTIWMYHO", HO
JOMYUIEHBI 2-3 HeJloYeTa.

Ouenka "y1oBJIEeTBOPUTEJbHO'" CTAaBHUTCs, €clid paboTa BHITIOJIHEHA HE IMOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCTH TAaKOB, YTO MO3BOJISET MOJYYUTh MPABUIBHBIC PE3YJIbTAThl U BHIBOJIBI,
B XO/JI€ MPOBEACHUS pabOThl OBUIH JTOMYIIEHBI OLUTHOKH.

OueHka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €ClTU PadOTa BHIMOIHEHA HE TIOJTHOCTHIO MU
00BEM BBITIOJTHEHHOM YacTH pabOTHI HE TTO3BOJISAET CAENATh MPABHIbHBIX BHIBOJIOB.
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Tema 3.2 UHTerpaJ u ero npuMeHeHue
IIpakTnyeckas padora Ne 37
«Teopema Hprotona-Jleiitonnna. Beruuciienue onpeaeeHHbIX HHTErPaJIoB»

Lleas padoThl: HAyYUTHCS BBIUUCIATH ONpENeNeHHBbIH uHTerpan mno ¢opmyne Herorona-
JleiiGHuua.

Bbinosinus padory, Bel Oyaere:
yMeTh:
HaXOJUTh OIPEeICICHHbIN HHTErpaj

MarepuajibHoe o0ecnieyeHue:
IlHHHBHHyaHLHHEBaHaHHﬂ,CHpﬁBOHHBK:MaTepHaHH,KOHCHCKTLIHGKHHﬁ.

3aganue:
BoIunciuTe HHTErpaibl.
1. I 12 2xtdx
4
[8+2x-2*)dx

2. -2

3. J.;'ums:rdx

4. j(cos X — 3sin x)dx
3
21_X2

5. _[ 2 dx

-2
ITopsinok BbINoJIHeHUs padoOThI:
1) Ucnonp3ys Tabauily MHTErpasioB HATH UHTErpal
2) Ucnonb3ys popmyny Herorona — JleltOHuma

]
[fxdx= P = By - Fla)

HaWTH OMNPEIEICHHBIN UHTETPa

Xoa pa0doThI:
Brruncnuth onpeneneHHblii HHTErpa

2
_[ 2x dx
1
Pewrenue:
2 in 2 (2) (3)
IExjdx:Engdx:E(xz)ﬁ :3(23 1= 3(8—1) _2aM g2
] ] 3 3 3 3 3 3
(1) BerHOCHMM KOHCTaHTY 3a 3HaK HHTErpaja.
n+l
_I-;c:'d dx = +
(2) UnTerpupyem no tabiuiie ¢ HOMOIIbIO caMOil MOMyNsIpHON (popMyIIbI 2+
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1

3
HO?IBI/IBI_HYIOCH KOHCTAaHTYy 3 uenecoo6pa3Ho OTACIHNTD OT & W BBIHECTH 3a CKO6Ky. HGHaTB 9TO HE

O65133.T€JIBHO, HO JKEJIATSILHO — 3a4EM JIMIITHHUE BEIYUCIICHUS?

[ £ ax= FDf, = F&) - F(a)

(3) Ucnonwzyem dopmyny HeroTtona-JIeliOnuma 2 . CHauana

3
MoJCTaBIsieM B+ BEpXHUU TIpenen, 3areM — HWKHHNA mpenen. [IpoBoauM nanbHeHIve
BBIYMCIICHHS U TTOJIy4aeM OKOHYATEIbHbBIA OTBET.

Brrunciuts onpeneeHHblil HHTerpal

4
I(8+2x—x2)dx
2

Pemrenue:
4 4

[@+2x- x:‘).:fxfaidﬁ ijdx— J-xgcixiijﬁ(x)r + 2. l(.—ﬁ)r‘ 1 ()
] -2 5 17 -2

-2 -2 =2

= 84— (=20 + 4 - =% —%(43—(—2)3} =3 6+{16—4}—%(64+8}=

1%

=48+12-24 =36

(1) Ucnionp3yem CBOIMCTBA TMHEHHOCTH OINPEACIICHHOTO0 HHTETpaJia.

(2) Unterpupyem mno Tabnuie, MNpU STOM BCE KOHCTAHThl BBIHOCUM — OHHM He OyayT
Y4aCTBOBATh B MOJICTAHOBKE BEPXHEr0 U HUKHETO MPEJIeIia.

(3) Mna xaxmoro w3 TpEX crnaraeMblx mnpumeHsieM ¢opmyny Herootona-JleiiOnuna:

FX)2 = () - Fla)

CoBer: mepex TeM, Kak HCH0Jb30BaTh (popmyny HbproTroHa-JIeiiOHUIA, 10JIE3HO NMPOBECTH
NPOBEPKY: a caMa-To NepBoo0pa3Hasi HalileHa NPABWIbHO?

TaK, MNPUMCHHUTCIIBHO K PAaCCMATpUBACMOMY IIPUMCPY: NCPEHA TEM, KaK B nepB006pa3HyIO
%

x
Br+x -1
byHKIIMIO 3 momCcTaBIATH BEPXHUN U HIKHHUHI TPEAEIbl, KEJIaTeIbHO Ha YEPHOBUKE
MPOBEPUTH, a MPABHIBLHO ITM BOOOIE HaiiieH HeompeaeneHHbI uHTerpan? uddepenuupyem:
r

[8x+x2 —é} =8(x)'+(x2)'—%(x3)'=8-1+2x—%-3x2 =8+ 2x—x°

[TonyyeHa wucxogHash NOABIHTErpajgbHas (YHKIUS, 3HAYUT, HEONPEICNICHHBIM HHTErpasi
HaiineH BepHo. Tenepb MokHO U Gpopmynty HetoTona-JIeiiGHMIIa TPUMEHUTS.

®opma npeacTaBiaeHus pe3yJbTaTa: BHIIOIHEHHOE 3aJaHNe/

Kpurtepun onenkmn:

Ouenka "oTJIMYHO'" CTaBUTCS, €CITM padOTa BBHIMOJHEHA B IMOJTHOM 00BEME C COOJIIOICHUEM
He0OXO0TMMOM TIOCTIEIOBATENHHOCTH JICHCTBUI; B OTBETE MPABIIBLHO U aKKYPaTHO BBITIONHEHBI BCE
3aIIMCU U BEIYUCIICHHA.

Ounenka "xopomio' CTaBUTCS, €CIHM BBIIOJHEHB TpeOOBaHUS K OIEHKE "OTIWUYHO", HO
JONYIIEHBI 2-3 Hego4YeTa.

Ouenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €cld PadOTa BHITIOJHEHA HE MOJHOCTHIO, HO
00BEM BBHITIOJIHEHHOW YaCTH TAaKOB, YTO MO3BOJISIET MOJYYUTh MPABUIBHBIC PE3YIbTAaThl U BHIBOJIBI;
B XOJI€ TPOBEACHUS PabOThI OBUIH TOMYIIEHBI OIITHOKH.

Ouenka '"Hey10BJIETBOPUTEIBHO' CTAaBUTCS, €CIIM pabOTa BBIMOJTHEHA HE TOJTHOCTHIO WIIH
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00BEM BBITTOJIHEHHON YacTH padOThI HE MO3BOJISET CHIENIATh MPABUIIBHBIX BHIBOJIOB.
Tema 3.2 UnTerpaJ u ero npuMeHeHue
IIpakTnyeckas padora Ne 38
«BpIyuciieHne onpeieIeHHbIX HHTErPAJIOB MeTO0M 3aMeHbI IepeMeHH 0

Heas paGoTbl: HAYYUTHCS BBIYUCIATH ONPEACIEHHBIE HWHTErPalibl METOJOM 3aMEHbI
MEPEMEHHOM.

Bbinosinus padory, Bel Oyaere:

YMETB:
- HAXOJUTB ONPEACICHHBIN HHTETPAJl METOJOM 3aMEHbI IIEPEMEHHOU

MaTtepuajbHoe o0ecneyeHue:
I/IH[[I/IBI/I[IyaJILHBIC 3alaHuA, CIIPAaBOYHbBIC MaTCpUajibl, KOHCIICKTbI JIGKIII/II;'I.

3ananmue:

Breraucnure HUHTCI'paJibl.
6

L -[ x)z(d—XG

5

4

2. [(2x~5)"dx
3
1

3. J‘i/x + 2dx
0

1
4, I(xs +1)*x? dx
a

T

4
5. _[sin(x - Zjdx
0 4
ITopsinok BbINoJIHeHUs padoThI:
1) BBectu HOBYIO TEPEMEHHYIO
2) Haiitu nuddepenunan
3)BBIUUCINTE HOBBIEC TPAHHIIBI MHTETPUPOBAHUS

4) Cnenatb OACTaHOBKY
5) Berunciuth, MoydnBIIUNCS UHTETpal

Xox pa0doThI:
Boruncnure uHTErpabl.

B xdx
1.5 e

BBenem HOBYIO IEpPEMEHHYIO ¢ = x% — &
Huddepennman OyneT paBeH dt = 2xdx
Beruucnum rpanuiel uHTErpupoBanus 11=25-6=19, t2=36-6=30

L pb2xdy 1 ~30 dt
Brinoiaaum MMOACTAaHOBKY E'rﬁ

¥ 2"1% ¢
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- L L L k1Y
Bbraucinum, mosyunBumics uarerpan ; il 30l -2 in191="in =

®opma npeacTaBieHus pe3yJbTaTa: BHIIOJHEHHOE 3ajaHNe/

Kpurtepun onenku:

Ouenka "oTJMYHO'" CTaBUTCSA, €ClIM paboTa BBIMOJHEHA B IMOJHOM 00BEME C COOIOIEHUEM
HE0OXO0TMMOM TIOCTICIOBATEIFHOCTH JICHCTBUI; B OTBETE MPABWIBHO M aKKYPAaTHO BBIIIOJIHEHBI BCE
3aIMCH U BBEIYMCICHHA.

Ounenka ''Xopomo' CTaBUTCS, €CIHM BBINOJIHEHB TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JONYIIEHBI 2-3 HeJoYeTa.

Ounenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €CIIM paboTa BHIMOJHEHA HE MOJHOCTHIO, HO
00BEM BBHITIOJIHEHHOW YaCTH TAaKOB, YTO IMO3BOJISCT MOJYYUTh NMPABUIILHBIC PE3YJIbTAThl U BHIBOJIBI;
B XOJI€ TPOBEICHUS paObOTHI OBUTH TOMYIIEHBI OITHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €clid PadOTa BBHIMOIHEHA HE TOJHOCTHIO WU
00BEM BBITTOJIHEHHOM YacT pabOThI HE TIO3BOJISET CIIEIATh MPABUIBHBIX BHIBOIOB.

Tema 3.2 UnTerpaJ u ero npuMeHeHue
IIpakTnueckas padora Ne 39
«Bbrunciienue nmiaomajaeii puryp u o0beMoB Te»

Heas padorbl: HayuuThes BBMHCIATH Mom@and GUryp u oOBEMBI TeN, HCHOIB3Ys
OIPEJEIICHHBIE UHTETPAJIbI

Beinosinus patdory, Bel Oyaere:

YMETB:
~ HaXOJIUTh MHTErpall

~ BBIYHCIISITh B MPOCTEUIIIMX CITydYasX TUIOMIAIH U 00BEMBI C HCIIOIB30BAaHHEM OIPEICIIEHHOTO
UHTErpaa.

MarepuajibHoe o0ecnieyeHue:
WNHnuBuayanbHbIe 3a/1aHKs, CIIPABOYHBIE MATEpUAIIbl, KOHCIIEKTHI JIEKIIH.

3aganue:
1. Beruucauts miaomaab GUrypel, orpaHUuE€HHON JTUHUSIMU

a) y=—x"+4,y=0

b) y=x% y=x°

c) y=e', y=e*, y=4
2.Bprancauth 00beM TeIa

y =X, y=1, eoxpyzocu QY

IMopsaok BbINOTHEHHSI PAGOTHI:

1) moctpouth rpaduku GyHKIUI

2)  HaiTh 00JacTh, OTPAaHHUYCHHYIO ATUMH IpapuKaMu

3) cocTaBHT ONpeAeIeHHbBIN HHTETpall, Ul HAXOXKICHHS TUIONIA N HalIeHHOW 00J1acTh
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Xon paboThr:

[Tpumep 1: Haittu mutomaae o6nactu D, orpaHU4eHHOM KPUBBIMH Y = X2+ X + 11, y=2x-9,
IIpY yCIIOBUH,

x<=1

y=x2 +x 11,
D iy=2x-9
x £l

[Ipu pemeHun Takux 3amad  CleqyeT o00sd3aTeldbHO  M300pa3suTh  UCCIEIYEeMBbIid
reoMeTpuyeckuil 00bekT. J{J1s onpeneneHus HIKHETO Mpeiesia MHTETPUPOBAHUS HaJI0 HAUTU TOUKY
TepeceueHrs KPUBBIX; ypaBHeHHe X° + X + 11 = 2 X - 9 nmeer aBa kopus: X = -1 u X = 2.
[Toaxonsamuit kKopeHs - X = -1. O6nacTh orpaHnyeHa CBEpXy mapadoJioi, CHU3Y - IPSIMOM, CripaBa -
npsiMoi X = 1, kpaiiHsist 1eBas To4ka - X = -1, moaTomy

!
! L
(2x-9)-(x2+x-11)}1x= I Lt MR EL

3(D)= —.
().Il | P 3203

Ecaun o6Gmacte wumeer Ooliee

CIIO)KHYIO CTPYKTYpY, €€ ciiefyeT pa30UTh Ha MPOCTHIE YaCTH .
[Tpumep 2
Bbruuciute 00beM Tena, MOMY4YEHHOrO BpALICHHEM (QUIyphl, OrpaHMYEHHON JHMHUAMU

— - —
y=2r-x ,y_UBOprTOCI/I QX

Pemenue: Kak u B 3a7a4ye Ha HaXOXXJICHHE IUIONIA/IM, pellleHHe HAYMHAETCS € YepTerka
10ckoii ¢urypsl. To ecTb, Ha MITOCKOCTH AOY yeobxomumo MOCTPOUTH (PUTYPY, OTPAaHIUUECHHYIO

2
=2x—x
JMHHASMHA ©
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Hckomas mutockast (purypa 3aliTpuxoBaHa CUHUM LIBETOM, MMEHHO OHA M BPAaIaeTCsi BOKPYT
ocu U4 B pe3yJIbTaTe BpALCHMs IOJIy4aeTcsl Takash HEMHOTO SWLIEBHJIHAS JIETAIOIIAs TapesKa,

KOTOpasA CUMMCTPHUYHA OTHOCHUTCIIBHO OCHU X .
O0beM Te1a BpameHUusI MOKHO BBIMUC/IUTD 11O (bopMy.]Ie:

a
v =] £ (x)dx
2
Berunciaum 00BeM Tena BpaIllCHHUS, UCIIOJIB3YS JTAHHYIO dbopmyiy:

A 2 2
= ;rrjfﬂ(x).:fx = ?TI(Ex— ) dr = :-TI (4x* —4x° + x)dx =
a i} i}

3 5
] ] 3 ] 15

_16m

s 2® = 335 08°

OTtBeT:
®dopma npeacTaBiIeHUs Pe3yJIbTaTa: BHIIIOJHCHHOE 33JaHNE

Kpurepun oneHku:

Ouenka "oTau4HO" CTaBUTCS, eclii paboTa BHIMIOJTHEHA B IMOJIHOM 00BEME ¢ COOI0ICHIEM
HE0OXO0IMMOM TOCIEI0BATENBHOCTH JICHCTBUIl; B OTBETE MPABUIBHO U aKKYPaTHO BBITIOJHEHBI BCE
3aMKCy U BBIYUCIICHUS.

Ounenka ''Xopomo' CTaBUTCS, €CIAHM BBINOJIHEHB TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "y10BJIETBOPUTENbHO'" CTAaBUTCs, €ciid paboTa BBHINIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAaKOB, YTO MO3BOJISET MONYUYUTh MPABUIbHBIC PE3YIbTAaThl U BHIBOJIBL;
B XO/JI€ MPOBEACHUS pabOThl OBLIH JTOMYIIEHbBI OLTHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU padOTa BHIMOIHEHA HE MOJHOCTHIO WU
00BEM BBITIOTHEHHOM YacTH pabOThI HE TTO3BOJISET CAENATh MPABHIBHBIX BHIBOJIOB.

Tema 3.2 UHTerpaJ u ero npuMeHeHue
IIpakTnueckas padora Ne 40
«Pu3nyecKue NPUJIOKeHU HHTErPaaoB»
Heap padorbl: HayunThcs NpUMEHATh UHTETPAJIbI K pEeLIeHUI0 (U3UYECKUX 3a/1a4
Boinoanus padorty, Bul Oynere:
yMeThb:
- HAXOJUTh UHTETpa

— BBIYUCIIATH B HpOCTCﬁLHHX ClIyvdasx 1nyTb, HpOﬁI[CHHBIﬁ TCJIOM 3a MPOMCIKYTOK BPCMCHHU.

MarepunanbHoe obecniedeHue:
I/IH)]I/IBI/IHyaJ'H)HI)Ie 3alaHuA, CIIPAaBOYHBIC MaTC€pUajibl, KOHCIICKTbI .]'IGKI.II/IfI.

3aganue:
1) Haiitu nyTh, IpOWI€HHBIN TEIOM 32 4 CEKYHJbI OT Hauaja JBUKEHUS, €CITU CKOPOCTh Tela
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v(t) =10t + 2 (m/c).

2) IlycTs MaTepuanbHas TOYKA MEPEMEIIACTCs O MPSIMON C IEPEMEHHOM CKOPOCThIO V=V(t).
Haiinem nyTs S, npoiiieHHBIN €10 32 IPOMEXYTOK BPEMEHH OT t1 110 t).

3) Teno OpolieHO BEPTUKAIBHO BBEPX CO CKOPOCTHIO, KOTOpash U3MEHSETCS IO 3aKOHY
v =29.4 —9.8t M/c. HaiiTit HauOONBIITYIO BBICOTY MOABEMA.

IMopsiiok BbINOJIHEHUS PA0OTHI:
9 ta
1) 3anucath Gpopmyity, UCTIONB3Ys ONPEIECHHbIN uHTerpan § = [, * vitldt

2) Brruuciuth onpeneneHHbli HHTErpal

Xox padoThI:

1. CkopocTs sBrKerns Toukn ¥ = 9t? — 8t) w/c. Haiitn IIyTh, IPOHIEHHBII TOUKOI 3a 4-10
CEKYHLY.

Pemienue: cormacHo  yclOBHIO, f@®
s = [(9t? — 8t)dt = [3¢3 — 4]} = 83 ().

2. I[Ba TCJIa HaYaJIKM ABUTIaTbCA OOAHOBPEMCHHO M3 O,Z[HOI71 TOYKHM B OJHOM HAIIpaBJICHHUHU IIO

=ot* - 8¢, ty =352 =4 (ChenosareibHo,

npsiMoit. TIepBoe Telo ABHKETCS CO CKOPOCTBI0 ¥ = | 6t7 + 2t) \yc, BTOpPOE — CO CKOPOCTBIO V =
(4t+5) m/c. Ha kakoM paccTOSHUM JPYT OT APyra OHH OKaXKyTcs depes 5 c?

Penienne: OYEBHIHO, YTO HMCKOMas BElMYMHA €CTh PA3HOCTh PACCTOSHHMN, MPONICHHBIX
TIEPBHIM U BTOPBIM TEJIOM 32 5 C:

5= (662 + 26)dt = (267 + €15 = 275 (), 5, = [ (4t + S)dt = (262 4 5t =75 ()
§y =5, =275 =75 = 200 (u).
3. Temo OpOIIEHO ¢ TOBEPXHOCTH 3€MJIM BEPTHKAIBHO BBEPX CO CKOPOCThIO U = (39,2—9,8")
M/c. HaifTu HanGombIIyI0 BHICOTY MTOABEMA TEa.

Pemenue: Teno AOCTUTHET HaUOOMBIIEH BHICOTHI MTOJABEMA B TAKOW MOMEHT BPEMEHH t, KOTaa
v=0, 1.e. 39,2—9,8t = 0, otkyna t= 4 c. [To popmyne (1) Ha xonum h=78.4

(I)opMa NpeacTaBJICHUA pe3yabTaTa: BBIIIOJIHCHHOC 3a/laHNE

Kputepun onenkn:

Ouenka "oTJIMYHO'" CTaBUTCS, €CITU pabOTa BBHIMOJHEHA B MOJTHOM 00BEME C COOIMIOICHUEM
HE00XO0TMMOM TIOCTIEIOBATENHHOCTH JICHCTBUI; B OTBETE MPABHIBHO U aKKYPaTHO BBITIOJHEHBI BCE
3aIIMCH U BBIYUCIICHHUSI.

Ouenka "xopomo' CTaBUTCS, €CIHM BBIOJHEHb TpeOOBaHUS K OIEHKE "OTIUYHO", HO
JOMYIIEHBI 2-3 HeloYeTa.

Ouenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €cld padoTa BBHIMOJHEHA HE MOJIHOCTHIO, HO
00BEM BBITIOJIHEHHOW YaCTH TAaKOB, YTO MO3BOJISIET MOJYYUTh MPABUIBHBIC PE3YIbTaThl U BHIBOJIBI;
B XO/JI€ IPOBEACHUS PabOThI OBLIH JTOMYIIIEHBI OITHOKH.

Ouenka '"Hey10BJIETBOPUTEJIBHO'" CTAaBUTCS, €CIIM pabOTa BBIMOJIHEHA HE TOJHOCTHIO WIIH
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TIO3BOJISET ClIeaTh MPABUIHHBIX BHIBO/IOB.

Tema 4.1. KoopanHaTsl 1 BeKTOPbI
IIpakTnueckas padora Ne 41

«BekTopsbl. /leiicTBUs ¢ BeKTOpaMu. /[ekapToBa cucTeMa KOOPAUHAT B IPOCTPAHCTBE.
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Paccrosinme Mexkay TOUKaMm»
Henab padorbl: HayuynThcs NpUMEHATh TEOPETUUECKNE 3HAHUS IPU PEILICHUU 3ajau.

Beinosinus padory, Bl Oyaere:

yMeThb:

pacro3HaBaTh Ha YEPTEXkKAX U MOJIENIAX MPOCTPAHCTBEHHbIE (DOPMBI;
COOTHOCHUTB TPEXMEPHbIE OOBEKTHI C UX OIMCAHUSAMHU, U300paKEHUSMU;
IIPOBOAUTH TOKA3aTEIbHbBIE PACCYKICHHS B XO/1€ PELLICHUS 3a/1au.

MarepunanbHoe obecrnieyeHue:
WunuButyanbHble 3a1aHNS, CIIPABOYHBIC MaTEPHAIbl, KOHCIICKTHI JICKIIHH.

3aganue:

Pemmure 3amaum:

M- KOJINYECTBO OYKB B UMEHH
N- KOJIM4YECTBO OYKB B (haMUITHH
p- Mecs1 POKICHUS

—

1. Janwl nBe Touku: Almy —n; 0) u B(p —n; 2).Pa3noxure BekTop AB 1O BeKTOpaMm Oasuca u
HAWJIUTE €ro JJIMHY.

- > - - N N N

2. Jlanbl BekTOophl a=Pi—J+MK u b=ni+ pk Haiizure KoopauHaTel BeKTOpa
- - —
c=ma-nb

\

> - -
3. Beluncnure ckanspHoe mpousBeneHue BekTopos(a—2b)-a, ecom a={— m; n; p} u

b={0;—p;n}.
4. Tlpp KakoM 3HAUCHUM #x* BEKTOPBI a:{m;—n;x} n b={2m2n;p} Gynyr
KOJUTHHEAPHBIMH?

IHopsaok BbINOJIHEHUS PA0OTHI:
1. BHUMaTEbHO O3HAKOMBTECH C YCIOBHEM 3a/IaHMSI.

2. [Tonp3ysich KOHCHEKTaMH JIEKIHi, MoAOepUTe HYKHYI0 (OpPMYIy UM COOTBETCTBYIOIIEE
yCIIOBUE ISl pELICHUS 3a/1a4H.

Xoa padoThI:
3amgaga Ne 1. Jlanbr Toukm A{—3: 1; —13 mw B {2; =4 17,

—

Pasnoxxure BekTop AB 10 BeKTOpam 0a3uca M HalIUTe ero JUIHHY.
Pemenue.

1) ﬁ = {2 —(-3);4-11 —(—1)} = {5;—5;2} - KOOPJIMHATHI BEKTOPA.
2) Paznoxum AB 110 BEKTOpaM Oa3zuca:

AB=5i-5]+2k.

3) oy |AB| Haitnem mo Gpopmyse:
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N
a

SN POV
|
= /57 +(-5)% + 2% =/54 =/9-6 =36 .

Samgaua Ne 2.

AB

—

- 2 - - -
Janer  Bektopel  a=1-3j+K wm  b=2i+k.Halinute koopauHaTel  BeKTOpa

g = g— 2 B .Pemenue
a- f1.-31}.
b={-201}; 2b={ 40;2}.

¢ =a-2b = {31 - 40,2} = fL - (-4)-3-01-2}= {5i-3-1].
3agaua Ne 3

Brruncnute ckansgproe npoussenenre (2a+b)-a, ecimm a= {].;0;3} ub {2;—1;1}.
Pemenne

1) Haiiném koopauHatel 2 Z :

2a=1{2,0,6

2). Haiiném koopauHatsl 2 a+b:

2a+b=1{2,0,6}+{2-11} = {4-1,7}.

3). Haiiném ckanspHoe mpou3BeeHuE:

(2a+Db)-a=4-1+0-(-)+3-7=25.

OtBerT: 25

3amaua Ne 4.

N
4. Tlpm KakoM 3HAYeHMH «r> BEKTOPHI &

Il
>
|
o
>
——
=
ol
I
|

KOJIJTMHEApHbIMU?
VYcioBre KOIITMHEAPHOCTH BEKTOPOB:

- - Xl . yl _ Z1

a U b KOJUIMHEapHBI, €CIIM —— = —— = — .
X2 Y2 I

[Tonyunm:

4 -6
1 3
4

X
_—— 3.

2
—8=2: x=-24,
3

OtBert: X=-24.

®opma npeacraBiaeHust pe3yJabTaTa: BHIIOJHEHHOE 33 JaHHE.

Kpurepum ouenku:
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Ouenka "oTaU4HO'" CTaBUTCS, eclii paboTa BHIMOJIHEHA B MOJHOM 00BEME ¢ COOTI0ICHIEM
He0o0X0IMMOM TOCIIEI0BATENbHOCTH JIEHCTBUI; B OTBETE MPABHJIBHO U aKKYpaTHO BBIIIOJHEHBI BCE
3alUCH U BBIYUCIICHUSI.

Ouenka '"'xopomio'" CTaBUTCS, €CIM BBHIIOJHEHBI TpeOOBaHMUS K OICHKE "OTIWYHO", HO
JOMYIIEHBI 2-3 HeloYeTa.

Ouenka "yl1oBJIETBOPUTENbHO'" CTAaBHUTCs, €clid paboTa BBHITIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO IMO3BOJISET MOJYYUTh MPABUIBHBIC PE3YIbTAThl U BHIBOJIBL,
B X0JI€ MPOBECHUS PaObOThI ObUIH TOMYIIEHBI ONTHOKH.

OueHka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU PadOTa BHIMIOJHEHA HE TOJHOCTHIO HITU
00BEM BBINIOJIHEHHOM YacTH pabOThl HE TIO3BOJISET ClIeaTh MPaBUIbHBIX BHIBO/IOB.

Tema 4.1. KoopauHaTbl M BEKTOPbBI
IIpakTuyeckas padora Ne 42

«/lekapToBa cucTeMAa KOOPAHHAT HA MJIOCKOCTH. Y PaBHEHHsI MPSIMOii, OKPYKHOCTH.
Penrenue 3a1a4 Ha pacnoJiokeHne NPSIMbIX HA MJIOCKOCTH»

Heab padorbl: HayuyuThcs NpUMEHATh TEOPETUUECKNE 3HAHUS IIPU PEILICHUU 3a/au.

Boinosinus padorty, Bel Oynere:

yMeThb:

- pacTio3HaBaTh Ha YePTEKAX U MOJIEIISIX POCTPAHCTBEHHBIC (DOPMEI;

- COOTHOCHUTH TPEXMEPHBIE OOBEKTHI C X OMHCAHUAMHU, U300pAKECHUSIMH,
- MPOBOAMTH J0Ka3aTEIbHBIC PACCYKIICHUS B XOJIE PELICHUS 3a/1a4;

MarepuajnbHoe o0ecnieyeHue:
WNHnuBuayanbHbIe 3a1aHKs, CIPABOYHBIE MaTepUalibl, KOHCIEKTHI JIEKIIUH.

3aganue:

M- KOJINYECTBO OYKB B UMEHU

N- KOJIM4YeCTBO OYKB B (paMUIIHH

pP- Mecs1 poxKACHUS

1. Haiitu TOUKy nmepecedeHus MpsMbIX: mx —py+n=0 u x—vy—p=10.

2. HaiimuTe OCTPBIN YroJ MeXy IPSIMBIMH:

me+ny —p=0"nr—py—nm =10,

3. CoctaBbTe ypaBHEHHE NPSMOM, MapajuieabHON MpsiMoil pPX+ Y —m =0 u npoxoasuien
yepes TOUKy Af—mn; 1.

4. U3 touku A(m: —11 Ha npsimyto NX + py +1=0 onymen nepnenaukynsp. CocraBbTe €ro
YpaBHEHUE.

IHopsiok BbINIOJIHEHHS PA0OTHI:

1. BHUMaTenbHO O3HAKOMBTECH C YCIOBHUEM 3aJaHUS.

2. [Tonb3ysiCh KOHCTIEKTaMU JIEKINH, TOA0EepUTE HY>)KHYIO (OPMYJTy WJIH COOTBETCTBYIOIIIEE
YCIIOBHE Ul pELEHUs 3a1a4u

Xon paborhr:
3amaua Ne 1
HaiiTu TouKy nepeceueHus NpsiMbIX :
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2x+3y—-12=0un x—-y-1=

Pemmm cucremy:

0.

{2x+3y—12:0, {2(1+ y) +3y-12=0,

X—y-1=0;

X=1+y;
OtBeT: Touka M (3; 2.

3amaua Ne 2

x=1+Yy;
2+2y+3y-12=0, 5y =10,
x=1+Yy;

y=2,
X=3.

OHpe[[eJ'II/ITB YroJj MCxay InmpaMbIMU, 3aJTaHHBIMHA YPABHCHUSMU

2Xx—3y+6=0wu x+5y—-2=0.

Pemmenue
Haiinem yrnoBbie K03 GUIIUEHTHI ITHX TPSIMBbIX:
2X—-3y+6=0; X+5y—-2=0
—3y=-2Xx—6, 5y=—x+2,
y—gx+6 y——lx+Z
3 ’ 5 5’
2 1
kl = 5 k2 = —g .
TloxcraBum HaliJeHHbIE 3HAYEHUS k, u Kk,
1 2 13
K _ _-_*° i
tgo=—2—1 tgo= 5 3 __15__4
T kK, 97 1, 2 13
1+(-2)-— =
5 3 15

tgp=-1 @=135"

ITonmy4yeHHBI yron Mexay NpsSMBIMU - TYIOH

¢, =180° —135° = 45°,

3amaya Ne 3

B

dopmyay:

. CMexHbII ¢ HUM, OYyIeT OCTpBIH, TO €CTb

1. CocraBpTe ypaBHEHME IPSIMOM, MapayeNbHON npsaMod 5X +3y —7 =0 u npoxoasmein

uepe3 Touky A(-2;6).

Pemenne
CocraBum yYpaBHEHHUE Iy4Ka IPSIMBIX, IPOXOJAIINX qyepes TOYKY
A(-2;6).

y—6=Kk(x+2)
Haxonuwm yrinoBoii ko punreHT faHHOH npsaMoii:
3y=-5x+7,

5 7 5
y=——X+—; k =——.

3 3 3

5 . . .
Tak xax mpsiMble TapauIedbHbl, TO K, = — 3 YIII0BOM KO3 PHUIMEHT UCKOMOH MPSMOH.
. 5

[ToxcTaBuM HaliieHHOE 3Ha4YeHHe K, = — 3 B YPaBHEHUE IIyYKa NPSIMBIX:
y—6=k(x+2);
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nocie mpeodpazoBaHus MOTYINM:
5x+3y—-8=0.

3agaua Ne 4

W3 touku A(-3;5) Ha mpsamyo X—2y+3=0 onymeH neprneHIukyisp. Hamucate ero
YpaBHEHHE.

Pewenne
CocraBum YpaBHEHHE Imy4kKa NPSIMBIX, MPOXOIALINX uepes TOYKY
A(—3:5).
y —5=Kk(x+3).
Haiinem yriooii koadunuent k, npsmoit X —2y +3=0;
—2y=—X-3
y:lx+§'
2 2
(-1
1
VunThiBas yCIOBUE TIEPICHANKYIAPHOCTH NPAMBIX: K; = T HalileM ypaBHEHUE UCKOMOU
2
psAMON
k, =-2.
y—5=-2(x+3);
y+2x+1=0.

Otser: y+2x+1=0.

®opma npeacraBiaeHus pe3yJbTaTa: BHIIOJHEHHOE 33aJaHHE.

Kpurepuu onenkmn:

Ouenka "oTau4Ho'" cTaBUTCS, eciiu paboTa BHIMOJHEHA B MOJIHOM 00bEME ¢ COOMI0IeHIEM
HEO0OXOMMOM TMOCIeI0BATEILHOCTH JICUCTBUI; B OTBETE MPABUJILHO U aKKypPaTHO BBIMIOJHEHBI BCE
3aliCH U BEIUHUCIIEHUS.

Ounenka '"'Xopomo' CTaBUTCS, €CIM BBIIOJHEHb TpeOOBaHUS K OLIEHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "yaoBJIeTBOPUTENbHO'" CTAaBUTCS, €clid paboTa BBHITIOJIHEHA HE TOJHOCTHIO, HO
00BEM BBIMTOJHEHHOM YacTH TAKOB, YTO MO3BOJISET MOJIYUYHUTh NMPABUWIbHBIE PE3yJbTaThl U BBIBOJIBI;
B XO/I€ MPOBEACHUS pabOThI OBLIH JOMYIIEHbBI OLTHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU pa0OTa BHINOJHEHA HE TMOJHOCTHIO MU
00BEM BBITIOTHEHHOM YacTH pabOTHI HE TTO3BOJISAET CAENIATh MPABHIBHBIX BHIBOJIOB.
Tema 4.2. [IpsiMble U JIOCKOCTH B IPOCTPAHCTBE
IIpakTHyeckas padora Ne 43

«PerieHue 32124 HA NAPAJVISIbHOCTD NPSIMOM U IVIOCKOCTH»

Heap padorbi: HayuuTbcs pemarh 3aadudl Ha MapauieIbHOCTh MPAMOM M TUIOCKOCTH,
KCIIOJIb3Ys IPU3HAK MMAPAJIIETBHOCTH NMPSAMOU U TUIOCKOCTH.
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Beinosinus padory, Bl Oynere:

yMeThb:

- pacmo3HaBaTh Ha 4YEpTEXkKAaX U MOMAEIAX IMPOCTPAHCTBEHHBIE (HOPMBI; COOTHOCUTH
TpeXMepHbI€ OOBEKTHI C UX ONMUCAHUSIMU, U300PAKEHUAMHU;

- ONHUCBIBATH B3aWMHOC PpPACIIOJIOKCHHUEC IMPSAMBIX U MIOCKOCTEHl B IMPOCTPAHCTBE,
apryMEHTHPOBaTh CBOM CYKJEHHs 00 3TOM pacIioyIOKEHNUH;

- aHAJIM3MPOBAaTh B MPOCTEHINMX CIIlydyasX B3aWMHOE pACIOJOXKEHHE OOBEKTOB B
IIPOCTPAHCTBE;

- CTPOMTD MPOCTEUIINE CEUYCHHS Ky0a, TPU3MBbI, THPAMHU/IBL;

- HCIOJIb30BaTh IPH PELICHUH CTEPEOMETPUYECKHX 3a/ad IUIAHUMETpUuYeckue (akThl U
METO/IbI;

- IPOBOJIUTH J10Ka3aTeIbHbIE PACCY)KCHUSI B XOJI€ PELIeHUs 3ajau.

MarepuanbHoe obOecniedenue: VHauBuayalbHble 3aJaHus, CHOPaBOYHBIE MAaTEpHUAIIbI,
KOHCHEKTHI JIEKIIHN.

3aganue:

M- KOJMYECTBO OYKB B UMCHHU
N- KOJIM4YECTBO OYKB B (haMUITHH
P- MeCSII POXKICHUS

3agauaNel

Touka K He nexut B miockoct kBajgpara ABCD. Touku M u P - cepenunsl otpe3koB KB u
KC.

1). Kak pacnionosxensl npsimeie AD u MP?

2). Beruncaure quny orpeska MP, eciiu cTopoHa KBajipara paBHa 7 CM.

3amaua Ne2

OcnoBanne AD tpanenuu ABCD naxomutcs Ha miockoct P, a ocHoBanue BC otcrout ot

Hee Ha P cM. Haiinure paccTosHuMe OT TOYKHM NEpecedeHus AUaroHanen 1o Iiockoctd P, ecin
DA m+1

5 om

3amauga Ne3

[Tnockocte P mepecekaer ctoponst AB u AC tpeyronpHuka B Toukax Bi1 u C;
cootBeTrcTBeHHO. B1C1 mapannensna BC u paBHa ¢ cM, a AC: G, C = min. Haiitu BC.

IHopsaok BbINOJIHEHUS Pa0OTHI:

1. BHMMaTENbHO MPOYUTANTE YCIOBUE 3a4a4H.

2. 3anuiuuTe, 4TO B 33/1a4€ JAHO, CACIANTE PUCYHOK.

3. IIpoananu3upyiTe ycJIOBHE 3aJa4yM, paccyxaas OT TOro, 4YTO HYKHO HalTh. BcrioMmuwuTe,
KaKue TeopeMbl i PopMyJIIbl TOHATO0ATCS MIPH PEIICHUH 3a]1a4H.

4. Pemnre 3a1a4y. 3anuIlInuTe OTBET.

[Ipu pemeHuu 3agady Ha 3Ty TEMY HMCHOJIB3YETCs ONpeNeNieHHWe MapajUIebHBIX MPAMOU M
IJIOCKOCTH, TPU3HAK TMMApaUIeIbHOCTH TPSMOW W IIJIOCKOCTH, a TaKXe Balld 3HAHUS U3
MJIAHUMETPUH.

Xon paborsr:

3amauga Nel

Touku A, B, Cu D ne nexar B oxHoii mnockoctu. K u M — cepeaunst orpeskoB BD u CD.
1) Umerot au oOmmme Touku npsiMasi KM # TI0CKOCTh, B KOTOPOIA Jiexat Touku A,B u C?

2) Beruucnure nepumetp tpeyroipHuka AKM, eciiu paccTossHUE MEXKIY KaKIOW — mapou
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JAHHBIX TOYEK PaBHO § CM.
Jano: =, Aew, Bew CE
BK=KD, CM=MD,
AB=AC=BC=AD=BD=CD=8 cm

K / M 1) nepecekarorcss u KM u
2) Haiitu Papy
%V\ c
oc A
Pemenue:

1) Touka K sBmsiercs cepeaunoit otpe3ka BD, Touka M- cepenuna orpeska CD. 3nauut
otpe3ok KM - cpeansis munus tpeyrosnbauka BCD.

o o 1
IIo CBOMCTBY CpPEIHEH JIMHUU TpeyrojbHuka KM||EC, KM =EBC . CnenmoBaTtennHO, OTPE30K
KM mnapamtenen npsMmom, Jekamed B INIOCKOCTH. Ilo mpu3Haky napajuieIbHOCTH INPSMOM U

IIOCKOCTH, OTPE30K KM u mi1ockocThb ImapauiCjibHbI, T.C. HC IICPECCKAOTC.
2)Puzse = AK + AM + EM

K =§Br: KM =4 au.

Paccmorpum tpeyroasauku ACD u ABD: AC=AD=AB=CD=BD, t1.e. ACD u ABD- paBnble

PaBHOCTOPOHHUE TPEYroJbHUKHU, a 0Tpe3ku AM u AK- MeauaHbl U BBICOTHI 3TUX TPEYTOJIbHUKOB.
Haiinem 3Ti oTpesku:

AK = AM = JACT —MC?

MC =4 cwMm.

AK = AM =+/82 —4% = 64 — 16 = /48 = 43 cM
P =4+ 43 + 43 =44 83 m

3anaya Ne 2
OcnoBanne AD tpanenuu ABCD naxomutcs Ha miockoct P, a ocHoBanue BC otcrout ot

Hee Ha 5 cM. Haligure paccTostHME OT TOYKM IEpECedYeHMsl TUAaroHaJed 10 IIIOCKOCTH P, ecim
oA T

1
Jano:
ABCD - Tpamnenus,

oA 7 _
i BB;=5cwMm, BE1L P

Haiitu: paccrosiaue or M o mmockoctu P

Pemenne

1) U3 toukn M mnposenem k miockoctd P mepnenaukynsip OM. CnenoBarensHo, OM-
paccrosgaue oT M 10 miockoctu P.

2) Paccmotpum AADM u ACEM

£BMC = £DMC Kak BepTUKaJIbHBIE

<CBM = £ADM Kak HakpecTJIexalue npu napaienbHbix npsmsix BC u AD u cexymieit BD.

oA Fatiy Al
3nauut, AADM y ACEM ogoOHBI U ==
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DA

CE
oM
BM

3) Paccmotpum AEE, D u AMOD
£0 — ofmu#, 2BB,D = 2M0D = 90% = ABB,D ~ AMOD

DA _ DM _am _ 7
€ EM M 1

I=pm=21gDEM=2ED
3 ic ic

=
1

BE _ BX
Mo MD
FF, _ ED _ 1D
MC  L7ED 7
7
MO =—ED
10

MO =—.5=35em.
ic

OrtBerT: 3,5 cm.
®opMma npeacTaBJIeHNs Pe3yJbTAaTa: BHIOJTHCHHOE 3a/I1aHHUC.

Kpurtepun ounenku:
Ouenka "oTJHYHO'" CTaBUTCS, €CIIM padOTa BBIMOJHEHA B IOJHOM 00BEME ¢ COOIOICHUEM

HEO0XOAMMOI TIOCIIEI0BATEILHOCTH JICHCTBUI; B OTBETE MPABHIBHO M aKKYpaTHO BBHIIIOJHEHBI BCE
3aIMCHU U BBIYUCIICHUA.

Ounenka ''Xxopomo' CTaBUTCS, €CIM BBIIOJIHEHbl TpeOOBaHUSA K OIEHKE "OTIWYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "y10BJIeTBOPUTENbHO' CTAaBUTCs, €Ciid paboOTa BBHINIOJIHEHA HE TOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAKOB, YTO MO3BOJISET MOJYUYUTh MPABUIbHBIC PE3YIbTAaThl U BHIBOJIBL,
B X0/JI€ NMPOBEACHUS PabOThI ObUIH TOMYIIEHBI OTUOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €cld PadOTa BBHIMOJIHEHA HE MOJHOCTHIO MU
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TTO3BOJISET ClIeaTh MPaBUIbHBIX BHIBO/IOB.

Tema 4.2. [IpsivMble U JIOCKOCTH B POCTPAHCTBE
IIpakTnyeckas padora Ne 44
«Pemenne 3a1a4 Ha NePNEHAUKYJIAPHOCTD NPSIMOM M IJIOCKOCTH

Heas padorbi: HayuuThcs HCHONB30BaTh NPU3HAK MNEPHEHAUKYISIPHOCTH MPSIMOM u
IJIOCKOCTH, TEOPEMY O TPEX MEPHNEHAUKYISApax IMpHU PEeLICHUH 3a/1a4.

Boinosinus padorty, Bl Oynere:
yMeTh:

pacrno3HaBaTh Ha YepTekax M MOJEJNAX IPOCTPaHCTBEHHbIE (JOPMBI; COOTHOCUTH TPEXMEPHBIE
OOBEKTHI C UX ONUCAHUSIMHU, H300PaKESHUIMH;

OMKCHIBATH B3aUMHOE PpACIOJIOKEHHE TMpPSMBIX UM IUIOCKOCTEM B  MPOCTPAHCTBE,
apryMEHTHPOBATh CBOM CYXKJEHHS 00 3TOM PacIioyIOKEHUH;

aHAJIM3UPOBATh B MPOCTEUIINX CIIy4asX B3aMMHOE PacIoIoKeHNE 00BEKTOB B IIPOCTPAHCTBE;

CTPOUTH MpocTeiiine cedeHus Ky0a, MpU3Mbl, MTUPaAMUIbL;

WCIOJIb30BaTh MPH PEHIEHHH CTEPEOMETPHUYECKUX 3aj]ad IUIaHUMeTpudeckue ¢GakTbl U
METO/IBI;

MIPOBOAUTH TOKA3aTEIbHbBIE PACCYKICHHS B XO/1€ PEILICHUs 3a/au.

MarepuanbHoe o0ecnieyeHme:
NHauBuayanbHble 3aaHNs], CIPABOYHBIE MAaTEpUabl, KOHCIIEKTBI JIEKIIH.
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3aganue:

M- KOJINYECTBO OYKB B UMEHU
N- KOJIMYECTBO OYKB B (haMUJTUHU
p- Mmecsn poXIaACHUS

3anagaNel

Han pom6 ABCD. U3 Touku nepecedeHus ero auaronanei mposeneH orpe3ok OF, tak, uto
AF =CF, BF=DF. ]Jlokaxure, uyto OF mnepneHauKyaspeH IUIOCKOCTH pomba, otpe3ok AC
neprneHIuKyIsipeH miockoctu BDF.

3anaya Ne2

Jlan paBHOOenpeHHbI TpeyronbHUK ABC. AC = BC= = cM, AE = m+ 5 cm. M3 BepmmHbl
yria C npoBeieH K miockocTu nepnenaukyisip CD, paBubiid ¢ cM. Haiigute paccTosiHue OT TOYKH
D no croponst AB.

3amaua Ne3

Toukun Au B nexxar B miockoct &, M— Takas Touka B MPOCTPAHCTBE, JJIA
KOTOpOil AM = m , BM = n ¥ OpTOrOHaJbHAs MPOEKLMs Ha IUIOCKOCTH @ oTpe3ka BM B Tpu pasa
OoJbllle OPTOTOHAJIBFHOW MPOEKIMH Ha 3Ty IUIOCKOCTH oTpe3ka AM . Haiimute paccrosHEE OT
Touku M 110 mIocKoCTH O .

3anaga Ne 4

Bricora npsimoyronsHOro TpeyronbHuka ABC, omyiienHas Ha TUnoTeHy3y, paBHa p cm. U3
BepmuHbl C mpsIMOTO  yrila BOCCTaBJIEH K IUIockocTd Tpeyroibauka ABC nepnennukymsp CM,
npudem M = m+n cm. Haitnure paccrosinue ot Touku M 110 runorenyss AB.

Ilopsinok BbINOJHEHHS PadOThHI:

1. BHUMaTeNnbHO IpOYUTANTE YCIOBHE 3a/IaUH.

2. 3anuiunTe, 4TO B 3a/1a4e JaHO, CAeNaiTe PUCYHOK.

3. IIpoaHanu3upyiTe ycioBHE 3a7auu, paccykJaas OT TOro, YTO HY)KHO HaiiTh. Bcnomuure,
KaKue TeopeMbl U (pOpMyJIbl TOHAI00ATCS IPU PEIICHUH 3a/JauH.

4. Pemnte 3amauy. 3anyIINTE OTBET.

[Ipu pemennn 3aa4 Ha 3Ty TEMY UCIOJIb3YETCs ONpeesieHUue NepIeHIUKYIIPHBIX IPIMON U
IUIOCKOCTH, TIPU3HAaK MEPHEHIUKYISAPHOCTH  NPSIMOM M IUIOCKOCTH,  TEOPEMBI O Tpex
NEPIEeHIUKYIIApaX, a TAKXKe Ballld 3HAHUS U3 TUTAHUMETPUU

Xoa paGoTsI:

3anauva |

N3 Touku mepeceyenus: nuaronanen napamienorpamma ABCD nposenen orpezok OM Tak,
yro MaA=MCME=MD. Jlokaxure, uto oTpe3ok OM mepneHauKyIsapeH IIOCKOCTU
napauiesiorpaMma.

Jano:
M ABED - maparnmenorp aMm
ACNMED =0
D c MA=MCO,ME =MD
0 Jloka3zath: GM-L-{ABCD)
A E
I[OKaBaTC.HBCTBO

1) Paccmorpum Ttpeyronmbhukn AOM u COM. OM - obmas cropoHa, MA =MC mo
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YCJIOBHIO, A0 = (C [0 CBOMCTBY AMAaroHajleil mapajyiesorpaMma. 3Ha4uT, TPEYTOJIbHUKHN PaBHBI 10
TpeM CTOpOHaM, T.e. AAOM = ACOM. CnenoBarenbHo, £AOM = £COM,

T. K. 9TH yIJIbl CMEXXHBIE U PABHBIE, TO OHU PABHBI 10 90°, T.e. OM L AL,

2) Paccmotpum tpeyronsauku BOM u DOM. OM - o6mast ctopona, ME =MD 1o ycnoBuio,
BO=0D mo CBOMCTBY JAMaroHajieil mapajiesorpamMma. 3HAYUT, TPEYTOJbHHKUA PaBHBI MO TpPEM
CTOpOHaM, T.e. AE0M = ADOM. CinegoBaTenbHO, £EOM = »DOM,

T. K. 9TH YIIIBI CMEKHBIE H paBHbIE, TO OHH paBHbl 1o 90°, T.e. OM LBD.
3) Ol 1L AC,
oM 1L ED

} = (M L (ABCD ) oo mps a8 ary Oep e HARKFAPHOCTH OPAM 0 H II10CHOCTH,

3agaya 2

Croponbl TpeyronpHuka 10 cMm, 17 cm u 21 cm. W3 BepmmHbl OOJBIIEr0 yria 3TOTO
TpeyroJibHUKa MPOBEJICH MNEPIEHIUKYIAP K €ro IIOCKOCTH, paBHbIA 15 cM. Halinmure paccrosinue
OT €r0 KOHIIOB JI0 OOJIBIIIEH CTOPOHBI.

JlaHo:
e o AABC,AE = 10 o, BEC = 170, AC = 21l

BDL(ABC), BD = 15
Haiitu paccrosaue or B u D no AC

M

Pemienue
1) JdomomHuTenbHOE MOCTpOeHUe: mpoBeaem BM L AC,

3nauut, BM- paccrosnue ot B 1o AC.
DM — mawmomHas
BM — mpoekIpd HasmoHHEOH } = DM L AC = DM — paccroanne oT D go AC,
EM L AC,

2) Jns Toro, 4ytoObl HaiiTu BeicoTy BM Ttpeyronpauka ABC, BblUMCIMM CHayajga €ro
TUIOMA (b, HCTTONB3Ys hopMyity [epoHa 5, =4/p  (p—06) g — b1 - (p—¢), p =T3¢

H
L0 +17+31
== = 24 oM

Sapg =+ 24 (24 —10) - (24 —17) - (24 — 21) =24 12 T - 3 = Bden?
3) 3anumem Gopmyiy ISl BBIYUCICHUS IUIOMANA 5, = i fuft

[Ipumenum 31y HopMynny K HallleMy TPEYTOJIbHUKY: S, amr = %P‘C - BM,
Beipaszum u3 stoit popmynst BM:  EM = %
B =2 =8om

21

4) Paccmotpum TpeyrosibHUK BDM- npsMoyronbHblid, T.K. BD L (ABL),

ITo Teopeme [Mudaropa naitnem DM:

DM® = BD? + BM®

DM? =157 + 8% = 289

DM =280 = 17 em

OTBeT: pacCTOsIHUS OT KOHIIOB NEpPIEeHINKYspa 10 cTopoHbl AC paBHBI 8 cM 1 17 cwM.

®opma npeacraBiaeHus pe3yJabTaTa: BHIIOJHEHHOE 33 JaHHE.

Kpurepum ouenku:

Ouenka "oTau4HO'" CTaBUTCS, eclii paboTa BHIMOJIHEHA B MOJHOM 00BEME ¢ COOTI0IeHIEM
HEO0OXOMMOM TMOCIIeI0BaTeILHOCTH JICUCTBHUI; B OTBETE MPABUJILHO U aKKypaTHO BBITOJTHEHBI BCE
3aITMCH U BBEIYMCIICHMS.
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Ounenka "Xxopomio' CTaBUTCS, €CIM BBIOJHEHB TpeOOBaHUS K OIEHKE "OTIWUYHO", HO
JTONYIIEHBI 2-3 HEe0YeTa.

Ounenka "yI0BJIETBOPUTEIBHO'" CTAaBUTCS, €CIU pabdoTa BBHIMOJTHEHA HE TOJHOCTHIO, HO
00BEM BBITIOJTHEHHOM YaCcTU TAKOB, YTO MO3BOJISET MOJYUYUTh MPAaBUIbHBIC PE3YyIbTAaThl U BHIBOJIBL;
B XOJI€ TPOBEICHUS paOOTHI OBUTN TOMYIIEHBI OITHOKH.

Ouenka '""Hey10BJIETBOPUTEJIBHO'" CTAaBUTCS, €CIIM pabOTa BBIMOJIHEHA HE MOJHOCTHIO WIIH
00BEM BBITTOJIHEHHON YacTH Pa0OTHI HE TMO3BOJISIET CIIENIAaTh MPABUIIBHBIX BHIBOJIOB.

Tema 4.2. [IpsiMble U JIOCKOCTH B IPOCTPAHCTBE
IIpakTuyeckas padora Ne 45
«Pemenue 3a1a4 Ha IPUMeHeHHE TeOpeM 0 TPEX NMepHeHTUKYIAPAX>

Leap padorbl: HayuuTbcs uCHONB30BaTh NpPU3HAK NEPICHIUKYISIPHOCTH NPSIMONH U
IJIOCKOCTH, TEOPEMY O TPEX MEPIEHAUKYISAPAX MPU PELICHUH 3a/a4.

Boinosinus padorty, Bel Oynere:

yMeThb:

pacro3HaBaTh Ha YEPTEkKax U MOJACIISAX MPOCTPAHCTBEHHBIE (POPMBI; COOTHOCUTH TPEXMEPHBIE
OOBEKTHI C UX OMUCAHUSIMH, U300paKECHUSIMHU;

OMHUCHIBATh B3aUMHOE PACMOJIOKEHHE TPSAMBIX M  IUIOCKOCTEM B  MPOCTPAHCTBE,
apryMEeHTHUPOBATh CBOM CYXKJIEHUS 00 ITOM PACIIONOKECHHH;

aQHAIM3UPOBATH B MIPOCTEUIIINX CIIyYasiX B3aUMHOE PACIOI0KEHHE OOBEKTOB B IIPOCTPAHCTBE;

CTPOUTH MPOCTEUIIINE CeUeHHsI Ky0a, MPU3MBI, TUPaAMUJIbI;

WCIIONB30BaTh TPU PEUIEHUH CTEPEOMETPUUECKHX 3a1ad IUIaHUMETpUYeCKrue (akTbl U
METO/BL;

MIPOBOJIUTH JTIOKA3aTEIIbHBIC PACCYKACHUS B X0J1€ PEIICHHS 3a/1a4.

MarepuajnbHoe o0ecnieyeHue:
WNHnuBunyanbHbIe 3a1aHKs, CIIPABOYHBIE MATEpUAIIbl, KOHCIIEKTHI JIEKIIHI.

3aganue:

M- KOJIMYECTBO OYKB B UMEHHU
N- KOJIM4YeCTBO OYKB B (paMUIIHH
p- Mecs1 poxKACHUS

3amagalNel

Han pom6 ABCD. U3 Touku nepecedeHus ero auaroxaneil nposenaeH orpe3ok OF, Tak, uto
AF =CF, BF =DF. Jlokaxure, uro OF mnepnenaukymnsapeH miockocTu pomba, otpezok AC
neprneHauKynsapeH miockoctu BDF.

3anauga Ne2

Jlan paBHOOenpeHHbINH TpeyronbHUK ABC. AC = BC= = cM, AE = m+ 5 cm. M3 BepmuHbl
yrina C mpoBefieH K miiockocty neprneraukyisip CD, paBHbiit ¢ cM. Haiinure paccTossHre OT TOUKH
D no croponsr AB.

3agaua Ne3

Toukn Au B nexxar B miockocth o, M — Takas Touka B TPOCTPAHCTBE, IS
KOTOpOil AM = m , BM = n ¥ OpTOrOHaJbHAs MPOEKIMs Ha IUIOCKOCTh o@ oTpe3ka BM B Tpu paza
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OoJbllle OPTOrOHAJIBFHOW TMPOEKLIMH Ha 3Ty IUIOCKOCTh oTpe3ka AM . Haiimute paccrosiHHe OT
TOYKA M 10 IIJIOCKOCTH « .

3anaga Ne 4

Beicota mpsimoyrosibHOro tpeyronbHuka ABC, omylieHHas Ha TUIOTEHy3y, paBHa P cMm. U3
BepiuHbI C IpSIMOTO  yIila BOCCTaBJIIGH K IUIOCKOCTH TpeyroinbHuka ABC neprnenaukysap CM,
npuueM M = m+n cMm. Haligute paccrosHue ot Touku M 1o runorenyssl AB.

Iopsinok BbINOJIHEHHSI PAa0OTHI:

1. BHUMarenbHO IPOYUTANTE YCIOBHE 3a/1a4H.

2. 3anummTe, 4YTO B 33/1a4€ JJaHO, CAEIaNTe PUCYHOK.

3. Ilpoananu3upyiiTe ycioBue 3aJaud, paccykjas OT TOro, YTO HYXKHO HaWTu. Bcomuure,
KaKue TeopeMbl U (POpMyJIbl MOHAT00ATCS MPU PEIICHUH 3a]auH.

4. Pemmte 3aga4y. 3anuiiuTe OTBET.

[Ipu pemennn 3aa4 Ha 3TY TEMY UCIIOIb3YETCS ONPENEIECHUE MEPIEHIUKYIISIPHBIX TPSIMOM 1
IJIOCKOCTH, TPU3HAK TEPIEeHIUKYISIPHOCTH OpsIMOMl M TUIOCKOCTH,  TEOPEMBI O Tpex
MEePIEHAUKYIISIPAX, @ TAKKE BAIM 3HAHUS U3 TUIAHUMETPUU

Xoa paboThbI:

3anaua

Beicota mpsimoyrosibHoro tpeyronbHuka ABC, omyiieHHas Ha TMNOTeHy3y, paBHa 9.6. U3
BepmuHbl C psIMOTO  yrila BOCCTaBJIEH K IUiockocTd Tpeyroibauka ABC nepnennukymsp CM,
npuueM CM = 28. Haiiaute paccrosiaue ot Touku M g0 runotenysst AB.

Pemenne

[IpumenuTe TeopeMy o0 Tpex HepHEHANKYIAPAX.

[Tycts CK - BBICOTa MAaHHOTO MPSIMOYrodbHOrO TpeyroidpHuKa. Torma MK - HakimoHHas k
wiockoctu TpeyroiabHuka ABC, a CK - opTroroHanpHas npoeKIMs 3TOM HAKJIOHHOW Ha IMJIOCKOCTb
tpeyronpHuka ABC. Tak kak €KL AE, To MO TeopeMe O TpeX MepHeHIuKyispax MK - AE. 3HauuT,
anmuHa  oTpe3ka MK paBHa paccrosHuio oT Touku M no mnpsimoit AB. M3 mpsimoyrosbHOTro
tpeyromsauka MCK 1o Teopeme ITudaropa Haxoaum, 9To

ME = VK +0M? = 967 +28° = 29.6,

OtBet: paccrosiHue oT Touku M 1o runorenyssl AB pasHo 29.6.

(I)opMa npeacTaBJICHUs pe3yabTaTa: BhIIIOJTHCHHOC 3aJlaHUE.

Kputepun onenkn:

Ouenka "oTJM4YHO'" CTaBUTCS, €clU padOTa BBHIMOJHEHA B MOJTHOM 00BEME C COOIIOICHUEM
HE00XO0TMMOM TIOCTIEIOBATENBHOCTH JIEHCTBUI; B OTBETE MPABHIBHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aIIMCH U BBIYUCIICHHUSI.

Ounenka "xopomo' CTaBUTCS, €CIHM BBIOJHEHB TpeOOBaHUS K OIEHKE "OTIUYHO", HO
JONYIIEHBI 2-3 HEeo4YeTa.

Ouenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €clid padoTa BBHIMOJHEHA HE MOJIHOCTHIO, HO
00BEM BBITIOJIHEHHOW YaCTH TAaKOB, YTO MO3BOJISIET MOJYYUTh MPABUIBHBIC PE3YIbTAaThl U BHIBOJIBI;
B XO/I€ POBEACHUS PabOThI OBUIH JTOMYIIEHBI OIITHOKH.

Ouenka '"Hey10BJIETBOPUTEIBHO'' CTABUTCS, €CIIM pabOTa BBIMOJTHEHA HE TOJTHOCTHIO WIIH
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TIO3BOJISET CIeaTh MPABUIHHBIX BHIBO/IOB.

Tema 4.2. [IpsiMble U JIOCKOCTH B IPOCTPAHCTBE

IIpakTHyeckas padora Ne 46
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«Pemenne 3a1a4 HA MaPaNIEIbHOCTD IJIOCKOCTEN»

Heabr pabdorbl: Hayuntbecs HCHOib30BaTh NpPU3HAK — MApaUIEIbHOCTH IJIOCKOCTEH U
CBOMCTBA MapaUIeIbHbIX JIOCKOCTEH NIPU PEIICHUH 3a]1a4.

Bbinosnus padory, Bl Oyaere:

yMeThb:

pacro3HaBaTh Ha 4YepPTekKaxX U MOJEIISAX MPOCTPAHCTBEHHBIE (DOPMBI; COOTHOCUTH TPEXMEPHBIE
OOBEKTHI C UX ONUCAHUSIMHU, U300PAKEHUAMHY;

ONMCHIBATh B3aUMHOE PpACIOJIOKEHHE MpPSIMBIX U  IUIOCKOCTEM B  IMPOCTPAHCTBE,
apryMEeHTHPOBaTh CBOM CYKIEHHs 00 3TOM pacIoyIOKEHUH;

aHAJIM3UPOBATh B IPOCTEHUIINX CIIy4asiX B3aMMHOE PaCIIOJIOKEHUE OOBEKTOB B IIPOCTPAHCTBE;

CTPOUTBH MpocTeiine cedeHus Kyoa, Ipu3Mbl, MTUPaMU/IbL;

WCTOJB30BAaTh NPU PEUICHUH CTEPEOMETPUYECKUX 3a/ad IJIaHUMETpudeckue (GakTel U
METO/bI;

IIPOBOJUTH TOKA3aTEIbHbBIE PACCYKICHUS B XO/1€ PELLICHUS 3a/au.

MaTepnaﬂbnoe odecmeyeHue:
I/IHI[I/IBI/II[yaJ'IBHBIC 3a/laHus, CIIPABOYHBIC MaTCpUaJibl, KOHCIICKTDBI HeKHHﬁ.

3aganme:

M- KOJIMYECTBO OYKB B IMCHH
N- KOIWYecTBO OYKB B (paMHIIUU
p- Mmecsn poKIaACHUS

3anmaga Ne 1

Mexnay nByMsl NapajuUIeIbHBIMU IUIOCKOCTSIMU 3aKJIIOYEH OTpPE30K, JJIMHOM i+ CM.
Haiimnre npoekuu 3Toro orpes3ka Ha Kakayro IUIOCKOCTb, €CIIM PACCTOSTHUE MEXKY INIOCKOCTSIMU
PaBHO ¥ CM.

3anaya Ne 2

IInockoctu M u P napamiensuel. 13 Touek A u B nnockoctu M npoBefieHs! K MIIOCKOCTH P
HakJIOHHble AC=m+4+n cM u BD=m+n-3 cm. Ilpoekuus nHakimonHot AC Ha oaHYy U3
IUIOCKOCTEH paBHa 1 cM. Yemy paBHa Ipoekuus HakioHHOW BD?

3anmaga Ne3

Mexny NByMs TTapajutelIbHBIME 1tockocTssMu P 1 Q mipoBenens! orpe3ku AC u BD (Touku
A u B nexar B miockoctu P), AC =m +n+p oM, BD = m+n 1M, pazHocts npoekiuii AC u BD na
OJHY M3 IUIOCKOCTEH paBHa m AM . Halaure [UIMHBI 3TUX IPOEKIUH U PACCTOSHHUE MEKIY
IIJIOCKOCTSIMHU.

Ilopsinok BbINOJHEHHSI padOThHI:

1. BHMMaTeabHO MPOYUTANTE YCIOBHUE 3a/1aUH.

2. 3anummTe, YTO B 33/1a4€ JJAHO, CAEIaNTe PUCYHOK.

3. IIpoaHanu3upyiTe ycioBHE 3a7aduu, paccykjas OT TOro, YTO HY)KHO HailTh. BeriomuuTe,
KaKue TeopeMbl U (POpMyYJIbl TOHAI00ATCS MPU PEIICHUHN 3aJauH.

4. Pemnte 3aauy. 3anyIINTE OTBET.

[Ipu pemeHun 3a1ad Ha ATy TEMY UCIOJB3YETCsl ONpeesieHne MapajlieNIbHbIX IIOCKOCTEH,
IIPU3HAK MapajUIeIbBHOCTH IIOCKOCTEH, TEOPEMBI O MAPAJUIENBHBIX INIOCKOCTAX, a TaK)KE Ballu
3HAHUA U3 JIAHUMETPUU
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Xox padoThI:
3amaua Ne |
Mexny nByMsl apajuielIbHBIMU IJIOCKOCTSIMU 3aKJIIOYEH OTpe30kK, ainuHor 10 m . Haitaute

MMPOCKIHU ITOr0 OTPC3Ka HA KAXAYIO INIOCKOCTbH, €CJIM PACCTOAHUC MCKAY ITJIIOCKOCTAMU PABHO 8

Hano:

o
/ Haiitu npoexniun AC

-

AN

Pemenue
1) Tak Kak MJIOCKOCTH MapaslielbHbl, TO PACCTOSHUE MEXAY HUMU - 3T0 nepneHaukyssp AC.

[Toctpoum npoekiuio orpe3ka AB Ha muiockocts £. 310 oTpe3ok BC.

2) Paccmotpum tpeyronbHuk ABC- npsaMoOyronbHBIil.
ITo Teopeme [Mudaropa 4B* = AC? + BC?

ACY = AR? —BC®
ACT =10%F —8f =100 — 64 = 36
AC=6 cMm.

Tak Kak II0CKOCTH mapaJiyiCJIbHbI, TO MPOCKIHUU OTPE3Ka HAa O3TH IJIIOCKOCTH 6YI[yT PaBHBI.

3amaya Ne 2
[Tnockoctn M u P mapannensnsl. 13 Touek A u B miockoctu M npoBeneHs! K miI0ckocTH P

HaksionHble AC= 37cm u BD=125 cm. Tlpoekmus nakimonHoit AC Ha OJHY M3 IUIOCKOCTEH paBHa
12 cm. YeMy paBHa mpoekuus HakJIOHHON BD?

Jano: M | F,Ae M,BEeM

o AC =37 o, BD = 125
/A B / AE LP.BE 1P CF =12 em
Haiitu: KD

prisied

Pewenne

1) Paccmotpum tpeyronbHuk ACE- npsMoyroiabHbIi.
ITo Teopeme IMudparopa A* = AE* + CE?

AF? = AC* — CE®  AF® =372 — 127 = 139 — 144 = 1225
AE=35 cm.
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2) Paccmotpum tpeyrosnbHUK BKD- npsiMoyrosibHbIil.

ITo Teopeme I[Tucdaropa E0? = K0*® + E&®

KD =BD? —BK* AE=BK, kak paccTosHUS MEXAy NapaieIbHIMH TUIOCKOCTSIMH.
KD? =125% — 357 = 15625 — 1225 = 14400

KD= 120 cm.

Otset: poekuusi BD paBua 120 cwm.

3amaua Ne3

Mesxny nByMs napajuiebHbIME TUIocKocTssMu P 1 Q mpoBenenst orpe3kn AC u BD (Touku
A u B nexar B mockoctu P), AC=13 cm, BD=15 cMm, cymma npoeknuii AC u BD Ha ogny u3
1ockocTell paBHa 14 cm . Haliaure JUIMHBI 3TUX NPOEKIUI U pacCTOSHUE MEXKIY MIIOCKOCTSIMHU.

w2

S

Hano: @Il P,.AEP.EEF
AC =13 e, ED=15em
AE LQBE LQCE+ DK =14

Haiitu: CE, AE, DK
iy

Pemenue
1) Paccmorpum tpeyronbHuk ACE- npsiMOyroyibHbIH.
ITo Teopeme [Mudaropa A2* = AE* + CE?
AF? = AC? — CEP
[Tycts CE = %, Torna DK=14-x.
AF? =169 — «F
2) Paccmotpum Tpeyronbauk BDK- npsimoyronsHbIi.
ITo Teopeme ITudaropa ED? = BE? + DE?
BK? = BD® — DK?
BR? =225 — (14 —x)® = 225 — 196 + 28x — x? = 29 + 28x — «*
AE=BK, kak paccTosiHus MeX1y NapayielbHbIMU IUIOCKOCTSIMHU
3HauwT,
169 — % =20 4 28x — ¢
28xr = 140
X=5
CE=5 cm, DK=14-5=9 cm
AE =-/160 — 25 = V144 = 12 em

Ortser: pacCToOAHNUC MCKAY INIOCKOCTAMUA 12 CM, IPOCKIUH HAKJIOHHBIX 5cmu9cem.
(I)opMa npeacTaBJICHUsA pe3yabTaTa: BhIIIOJTHCHHOC 3aJlaHUE.

Kpurtepun onenkmn:

Ouenka "oTJIMYHO'" CTaBUTCS, €ClTM pabOTa BBHIMOJHEHA B MOJTHOM 00BEME C COOIMIOIEHUEM
He0OX0TMMOM TIOCTIEIOBATENHHOCTH JICHCTBUI; B OTBETE MPABIIBLHO U aKKYPaTHO BBITIOJHEHBI BCE
3aIMCH, BEIYUCIICHUS, PUCYHKH U TPaQUKH.

Ounenka "Xxopomio' CTaBUTCS, €CIHM BBIOJHEHB TpeOOBaHUS K OIEHKE "OTIWUYHO", HO
JONYIIEHBI 2-3 Hego4YeTa.
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Ounenka "yI10BJIETBOPUTEJIBHO'" CTAaBUTCS, €ClM padOTa BBHIMOJHEHA HE MOJHOCTHIO, HO
00BEM BBITIOJTHEHHOM YaCcTH TAaKOB, YTO MO3BOJISET MOJYUYUTh MPaBUIbHbBIE PE3YJIbTAaThl U BHIBOJIBI;
B XOJI€ TPOBEICHUS paObOTHI OBUTH TOMYIIEHBI OITHOKH.

Ouenka '""Hey10BJIETBOPUTEJIBHO' CTAaBHUTCS, €CIIM pabOTa BBIMOJIHEHA HE MOJHOCTHIO WIIH
00BEM BBITTOJIHEHHON YacTH PadOThI HE TIO3BOJIAET CIENIATh MPABUIIbHBIX BHIBOJIOB.

Tema 4.2. [Ipsimble M IVIOCKOCTH B IPOCTPAHCTBE
IIpakTnyeckas padora Ne 47
«Pemenune 3a1a4 Ha IByTpaHHbIE YIJIbD)

Heas padorsi: HayunThes pemaTs 3a1a4u Ha IPUMEHEHUE TOHATUM yIila MEKAy NpsAMOM U
IJIOCKOCTBIO, ABYTPAHHOTO YIJIA, YIJIa MEXIY INIOCKOCTSMH.

Boinosinus padorty, Bl Oynere:

yMeThb:

pacro3HaBaTh Ha 4epTekax M MOJCIISAX IPOCTPAHCTBEHHBIC (DOPMBI; COOTHOCHTH TPEXMEPHBIC
OOBEKTHI C UX ONMUCAHHSIMH, U300PaKCHUSIMH;

ONKCHIBATh B3aMMHOE PACIOJIOKCHHE MPSAMBIX M IUIOCKOCTEH B  MPOCTPAHCTBE,
apryMEHTHUPOBATH CBOM CYXKJICHHUS 00 3TOM PACIIOIOKCHHIH,

aHAJM3UPOBATh B MPOCTCUIIHMX CIy4YasiX B3aMMHOE PaCIOI0XKEHUE 00BEKTOB B POCTPAHCTBE;

WCIIOJIb30BaTh MPH PEHICHHH CTEPEOMETPHUYSCKHUX 331a4 IUIAHUMETPUYeCKUuEe (aKkThl |
METO/IBL;

MIPOBOMTH JTIOKA3aTEIbHBIC PACCYKICHHS B XOJI€ PCIICHUS 3a/1ad.

MarepuajnbHoe o0ecnieyeHue:
WNHnuBuayanbHbIe 3a1aHKs, CIIPABOYHBIE MaTEpUaIIbl, KOHCIEKTHI JICKITUH.

3aganue:

M- KOJINYECTBO OYKB B UMEHU

N- KOJIM4YeCTBO OYKB B (paMUIIHH

pP- Mecs1 poxKACHUS

1) U3 Toukn A BHE IJIOCKOCTH TMPOBEIAEHBI K IJIOCKOCTH TMEPIEHIUKYIsp AE = n cM u
naxnonnsie AC 1 AM, obpasyromue ¢ miockoctsio yrusr 30°. Haifure yron Mex1y HaKJTOHHBIME
npsmoi. Haitnure CM.

2) Katetsl mpsIMOYTOJIBHOTO TPEYTOJIbHUKA PaBHBI #1 M U # 4 m cM. Onpenenure paccTosHue
OT BEPIIMHBI MPSMOT0 YIJla A0 IUIOCKOCTH, KOTOpas MPOXOAMT Yepe3 TMIIOTEHY3y U COCTaBISET
yroma 30° ¢ mI0CKOCTHIO TPEYTOJIbHUKA.

3) Touku A u B nexat Ha pebpe nmpsiMoro AByrpaHHoro yria. AA; u BB1- neprnenaukynspsi
K peOpy, MPOBEACHHBIE B Pa3HBIX TpaHsX, mpuueM AB = m cm, AL =a4m cMm, BB, =n -1 cm.
Haitnnre A1B;.

Ilopsinok BbINOJHEHHS Pa0OTHI

1. BHMMaTeapHO MPOYUTANTE YCIOBUE 3a4aUH.

2. 3anummTe, YTO B 33/1a4€ JAHO, CAEIaNTe PUCYHOK.

3. IIpoananu3upyiTe ycioBHE 3a7auu, paccykjas OT TOro, YTO HY)KHO HailTh. BeriomuuTe,
KaKue TeopeMbl 1 (OpMyJIbl TOHA00ATCS MPU PEIICHUH 3a/Jauu.

4. Pemnte 3aauy. 3anyIINTE OTBET.
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IIpu pemenuu 3amay Ha 3Ty TEMY HMCIHOJB3YIOTCS ONPEIENICHUS YIia MEXIy NpsSAMON U
IIJIOCKOCTBIO, ABYTPAHHOTO yIja, JUHEWHOrO yria ABYTPAaHHOTO yIja, a TAaKKe Ballll 3HAHUS U3
IJIAHUMETPUH.

Xon padoThl:

3agaua 1

Han tpeyronsuuk ABC co croponamu AB=9 cm, BC= 6 cm u AC= 5 cMm. Uepe3 MeHbIIyI0
CTOPOHY HPOXOIHT IUIOCKOCTb, COCTABISIOMIAs C IUIOCKOCTBIO Tpeyroibhuka yron 45°. Haiixure
paccTosiHue MEeXAy IJIOCKOCTBIO U BEpLIMHON B.

B
o JlaHo: AABC, AB = 9 om
B =0 AC =5
Ay D AT E oot = 457

Haittu: Paccrosinue ot B 10 a

Pemenne
1) JlomoaHUTENBHOE MMOCTPOCHUE: MPOBeaeM ED L et = BD — paceToanse oT B oo miocKocTH &,
EM 1 AC = DM 1L AC o TeopeMe 0 TpeX NepIe HARKY A DX,
3HauyuT, £BMD — mamefinnd yron gEyTpadHoro yroa, SBMD = 458,
2) B tpeyronsauke ABC naiinem BeicoTy BM.
CHayasna BBIUMCIINM IJIOAAb TPEYroabHuKa 1o popmysne ['epona:
Sa=yplp—cl-lp-8l-(p—c)
__ F+B+5

p—T=1EIc:r-I

Supe =10 145 = 10+ Zex?

Sapc = AC - BM = B =2

10T
BM = * = 432

3) Paccmorpum tpeyroapHuk BMD- npsiMoyrosibHbIN 110 TOCTPOEHUIO.
2 = sinzEMD

EM

ED = EMsinsBMD

-
anm-sm%“:m-f:crm.

OrtBer: pacCcTossHuEC OT B 1o mnockoctn 4 cMm.

3anava 2
Konusr orpeska MK nexxar Ha rpaHsax mnpsmoro asyrpadHoro yrina. MMi; m KKi-
MEePIEeHIUKYIAPHI K pedpy, mpuueM MK=13 cm, MM1=12 cm, MK =3 cm. Haitnute KKj.

M u
Hano: < ref = 90°

ME =13 o, MM, = 12 e, MK, = 3 1

MM, 1o, KE, Lo

M, K oa
Hatitu: KK,
E K
§
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Pemenue

1) IlocTtpoum nuHEHHBIN yroy AByrpaHHoro yria. Jljis sToro 4epe3 Touky Mj mpoBeaem
orpe3ok M1 E, napamtensHsiil u pasubii KKj.

KK, 1a, cnenoBarenbHo, M E L a,

= MM, E — misefisnf yToa gEFTDAMHOT0 YIa, sHa=mT = MM, E =90¢,

2) PaccmoTpum AMEK

ME- naknoHHas k 1iockoctH £, EM; — ee mpoekius Ha 3Ty IUIOCKOCTh, EM; L EE ( T.K.
EM;K;K — mpsmoyronpauk mo moctpoennio). CiemoBarensHo, ME L EK (o Teopeme o Tpex
neprneHuKysipax) u AMEK — mpamoyromHb,

ITo Teopeme Iudaropa ME? = ME® + EK?

ME* = MK? — EK? EK=M;K;=3 cm

ME? =13 —3% =169 — 9 = 160

ME = /160 = 4~/10 em

3) Paccmotpum AMM, K — npamoyromsse, T, < MM, E = 908,

ITo Teopeme ITudaropa ME* = MM, * + M, E?

M, E = ME® — MM, *

M, E? = 160 — 144 = 15

M.E=4 cm.

3naunt, KK1=4 cm.

OtBet: KK1=4 cm.

(I)opMa NMpeacTaBJaCHUsA pe3yjabTaTa: BbIIIOJIHCHHOC 3aJaHKC.

Kpurtepun onenku:

Ouenka "oTJHYHO'" CTaBUTCS, €CIIM padoTa BBIMOJHEHA B IOJHOM 00bEME ¢ COOIOIEHUEM
HEOOXOMMOM MOCIEeI0BATEILHOCTH ICUCTBHI; B OTBETE MPABUJILHO U aKKypPaTHO BBIMTOJHEHBI BCE
3aMucH, BEIYUCICHUS, PUCYHKU U TpadUKU.

Ounenka ''xopomo' cTaBUTCS, €CIM BBIOJHEHbl TpeOOBaHUS K OIEHKE "OTJIWYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "yIoBJIeTBOPUTENbHO'" CTAaBUTCS, €Clid paboTa BHITIOJIHEHA HE TOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCTH TAKOB, YTO MO3BOJISET MONYUYUTh MPABUIbHBIC PE3YIbTAaThl U BHIBOIBL,
B XO/I€ MPOBEACHUSI pabOThI OBLIN TOMYIIEHBI OLIUOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CU PadOTa BHIMOIHEHA HE TOJHOCTHIO WU
00BEM BBITIOJTHEHHOM YacTH pabOThI HE MTO3BOJISAET CAENATh MPABHIBHBIX BHIBOJIOB.

Tema 4.3 MHOrOrpaHHMKH M KpPyIJble Tesa
IIpakTnueckas padora Ne 48
«Permenue 3a1a4 Ha mapaJjiesenumnen u Kyo»
Hean padorbl: HayunThes pemaTh 3a1a4u ¢ MapauleenunesoM 1 Kyoom
Beinosnus patdory, Bel Oyaere:
YMeETh:

—paclo3HaBaTb Ha YCPTCKAX W MOIACIAX MNPOCTPAHCTBCHHBIC (I)OpMLI; COOTHOCHUTH
TPEXMCPHBIC 00BEKTHI C UX OIIMCaHUAIMMU, I/I306pa)KeHI/I${MI/I;
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—OMNUCHIBATh B3aMMHOE pACIHOJIOKEHUE TPSAMBIX U IUIOCKOCTEH B  IPOCTPAHCTBE,
apryMEHTHPOBATh CBOM CYXICHHUS 00 3TOM pacIio0KECHUH,

—aHAIM3WPOBATh B MPOCTEHINMX CIIy4asx B3aMMHOE pACIOJIOXKEHHE OOBEKTOB B
MIPOCTPAHCTBE;

—un300pakaThb OCHOBHBIE MHOTOI'PAHHUKHU U KPYTJIbIE€ TEJa; BBIOJIHATH YEPTEXKH MO YCIOBUSIM
3ajad4,

—CTPOUTH MPOCTEUIITNE CeUCHHSI Ky0a, MPU3MBI, TUPAMU/IBI;

—pemarh MJIAaHUMETPUYECKHUE M TMPOCTEHUINNE CTEPEOMETPUYECKHE 3aJayl Ha HaXOXKICHUE
TE€OMETPUUYECKUX BEJIIMYUH (IUIHH, YTIIOB, TUIOIMIAEH, 00bEMOB);

—HUCIIOJIB30BaTh TMPU PEUICHUH CTEPEOMETPUUCCKUX 3a]ad IUIaHUMETPUYeCKHue (akKThl U
METO/IbI;

—IIPOBOJIUTH JIOKA3aTeIIbHBIC PACCYXKICHUS B X0JI€ PEIICHUS 3a/1a4;

MarepuajibHoe o0ecnieyeHue:
I/IH[[I/IBI/IZIyaJILHBIC 3alaHuA, CIIPAaBOYHBIC MaTCpUajibl, KOHCIICKTbI JIGKIII/II;'I.

3aganue:

1.Pe6po xyba paBHO 6 cM. HaiiT ero 06beM U miIomasr moJIHONW MOBEPXHOCTH.

2. B mpsmMoyronsHOM mapaieNienuie e 1uaroHaib ocHoBaHus 12 cm, a 6okoBoe pedpo 15
cM. Haiitu tutomaap quaroHaIbHOTO CEYCHUSI.

ITopsinok BbINoOJIHeHUs padoOThI:
1)BbInonHUTE YepTex

2)3anucaTh KpaTKO yCIOBHE 3aJjauu
3) OdopMuTs pemeHue 3a1a9u

Xoa paGoTsI:

3agaya 1: VYron wmexnay guaroHanslo AC, npsAMOYroibHOrO — Napajulelenunena
ABCDA;B;C1D;, u mnockocteio ocHoBarusi ABCD pasen 30°, a auaronans 6okoBoi rpanu DC,
HaKJIOHEHA K IJIOCKOCTH OCHOBaHMs MoJ yrioM 45°. Beicota napautenenumena pasHa 3 cM. Haitnure
ero oobeM.

Pewenne:

LCDC = 4DC,C=45°=>DC=CC, =3
) AC, =2€CC, =6
AC=6 -F =343
BC=AAC - 4B =37 -9 =32
Viscoancn = AB-BC-CC, =3.3J2.3=272

OreeT: 272 o’

102



3amaua 2: CTOpOHBI OCHOBaHUSI NPSIMOYTOJILHOTO TMapauiesienuIea paBHbl 6 Mu 8 M, GOKOBOE
pedpo pasHo 10 M. HaiiuTe yron Mexmy AuaroHalibIo mapajviesierue/a U INIOCKOCTBIO €T0 OCHOBaHMS.
Pemenue:

AC =6 +8° =10

AC = CC, = AACC, paBHOGeRpeRWLK, 2 IRANHT ot = A5 ,
Orgert: 45°,

®opma npeacTaBaeHus pe3yJabTaTa: BHIIOJHEHHOE 3aJaHHE.

Kpurtepun ounenku:

Ouenka "oTJM4YHO'" CTaBUTCS, €CIIM padoTa BBIMOJHEHA B IOJHOM 00BEME ¢ COOI0IEHUEM
HE0OXO0TMMOM TIOCTICIOBATEIFHOCTH JICHCTBUI; B OTBETE MPABWILHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aIllMCH U BEIYUCICHHA.

Ounenka ''Xopomio' CTaBUTCS, €CIHM BBINOJIHEHB TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 Helo4eTa.

Ouenka "y10BJIETBOPUTEJbHO'" CTAaBUTCs, €ciid paboTa BBHINIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TAaKOB, YTO MO3BOJISET MOJYUUTh MPABUIbHBIC PE3YyIbTAaThl U BHIBOJIBL,
B XO/JI€ MPOBEACHUS pabOThl OBLIH JTOMYIIEHbBI OLTHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU PadOTa BHIMOIHEHA HE TOJHOCTHIO MU
00BEM BBITIOTHEHHOM 4acTH pabOThI HE MTO3BOJISAET CAENATh MPABUIBHBIX BHIBOJIOB.

Tema 4.3 MHOrorpaHHMKH U KPyrJjble Teja
IIpakTnueckas padora Ne 49
«Perenue 3a1a4 Ha PU3MY»
Hean pabdorbi: HayuuThes pemars 3aa4u ¢ MpU3MoOn

Boinosinus padorty, Bul Oynere:

yMeThb:

—pacrio3HaBaTh Ha dYepTexax M MOJEIAX IPOCTPAHCTBEHHBIE (OPMBI; COOTHOCHUTH
TpeXMepHbIE OOBEKTHI C UX OMUCAHUSIMH, U300PaAKCHUSIMH,

—OIKCHIBATh B3aMMHOE PACIOJIOKCHHE TMPSAMBIX W IDIOCKOCTEH B MPOCTPAHCTBE,
apryMEHTHPOBATh CBOM CYXKJICHUS 00 TOM PacCIOIOKEHUH;

—aHAJIM3WPOBATh B MPOCTEHINMX CIIy4asXx B3aMMHOE pPAacIoOJOXEHHE OOBEKTOB B
MIPOCTPAHCTBE;

—U300paxkaTh OCHOBHBIE MHOTOIPAHHUKH U KPYTJIBIE TEJIa; BBIMOIHATH YEPTEIKH 110 YCITOBUSAM
3ajady;

—CTPOUTH MPOCTEUTITNE CeUCHHSI Ky0a, PU3MBI, ITUPAMHIBI;
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—pemaTh MJIAaHUMETPUYECKHEe U MPOCTEHIINE CTePEOMETPUYECKHE 3aJaud Ha HaXOXKICHUE
T€OMETPUYECKHUX BEJTMYUH (JIJTUH, YIJIOB, IJI0MAaeH, 00bEMOB);

—HUCIIOJIB30BAaTh IIPpHU PCIICHHU CTCPCOMCTPUUCCKUX 3alad INIaHUMETPHUICCKUC q)aKTbI u
METOJIbI;

—IPOBOJAUTH JOKA3aTEIbHBIE PACCYKIECHUS B XOA€ PELICHUs 3a4aY;

MarepunanbHoe obecrnieyeHue:
WunuButyanbHble 3a1aHNs, CIIPABOYHBIC MaTePHAIbl, KOHCIICKTHI JICKIIHH.

3aganue:

1.0cHoBaH#e MPSMO MPU3MEI - TPEYTOJIBHUK, CTOPOHBI KOTOPOTO paBHBI 4 M, 0KOBOE PeOpo
npu3Mbl paBHo 8 M. HaliuTe ruionaab moaHOW MOBEPXHOCTH TPU3MBI.

2.0OcHOBaHUE TIPSMOU TPU3MBI — TAPALIETIOrPAMM CO CTOPOHAMH 4 CM U 6 CM U YTJIOM MEXKITY
anmu 60°. Beicota npu3Mbl 12 cM. Haiiti mosmHyro moBepXHOCTh 1 00BEM.

IMopsiiok BbINOJTHEHHSI PA6OTHI:

1) BbIIOTHHUTE YePTEK

2) 3ammcarth KpaTKo yCIOBUE 33a4u
3) OdopmuTs pelieHue 3aaauu

Xoa paGoTsI:

MHOrorpaHHMKOM Ha3bIBACTCS TEJIO, OTPAHUUCHHOE TUIOCKMMHU MHOTOYroJbHUKamMu. OO0rmmune
CTOPOHBI CMCKHBIX MHOI'OYI'OJIbHMKOB HAa3bIBAIOT peﬁpaMn MHOI'OrpaHHHKa. MHOFoyFOJII)HI/IKI/I,
KOTOpbIE OrPAaHWYMBAIOT MHOTOTPAaHHUK, HA3bIBAIOTCS €ro TPaHSAMH. [paHM MHOTOTpaHHUKA,
cXopsIuecs B OJHOW TOYKE, 0O0pa3ylOT MHOIOIPAaHHBIM yroj; BEPLIMHBl TaKUX MHOTOIPaHHBIX
YIJIOB HA3bIBAIOTCSI BEPIIMHAMH MHOTOrpaHHUKa. [IpsMele, coenuHsone IBe Kakue-HHOYAb
BEPIIMHBI, HE JICXKAINE HA OJHON TPaHu, HA3BIBAIOTCS AUATOHAJISIMH MHOTOTPaHHUKA.

IIpu3ma — MHOTOTpaHHHMK, /IB€ TPaHW KOTOPOTO SBIIAIOTCS PAaBHBIMH MHOTOYTOJIbHUKaMH,
JICKAIIMMHU B TApaJlJICJIbHBIX IINIOCKOCTAX, @ OCTAJIBHBIC I'PAHU — MapajljicjiorpaMMaMi, UMCIOIIUMHAU
00I111e CTOPOHBI C STUMU MHOTOYTOJIbHUKaMH.

[Ipsimass mpu3mMa Ha3bpIBaeTCs NPABMJIbHON, €CIM €€ OCHOBaHUS — MPaBUJIbHBIC
MHOTOYTOJIbHUKH.

Inomanb10 NoJHON MOBEPXHOCTH MTPU3MBI HA3BIBACTCS CyMMa TUIOMIAICH BCeX ee rpaHei, a
IJI0IA/IbI0 0OKOBOI MOBEPXHOCTH IPU3MBI — CyMMa IUIONIA/Iel ee OOKOBBIX IpaHel.

Spor = 2900, T3

IInomanbs 00KOBOW MNMOBEPXHOCTH MPSIMOM NPU3MBI paBHA MPOM3BEACHHUIO IEPUMETpa
OCHOBAHHS Ha BBICOTY IPU3MBI.

60k

Sﬁox = P ) h
O0BbEéM npsiMOi PU3MBbI PaBEH MPOU3BEICHUIO IUIONAU OCHOBAHUS HA BBICOTY.
V=S _-h

OCH

3anaua 1: OcHoBaHME TPSMON TIPU3MBI - pOMO ¢ BbICOTOM 2 M. [ 1701118715 G0KOBOM TTOBEPXHOCTH
IIpU3MBI paBHa 96 M2, @ TUTOIA/Tb TIOJTHOM MIOBEPXHOCTH paBHa 128 av’. Haiiure BBICOTY ITPU3MBI.

Pemenue

O003HauMM CTOpPOHY OCHOBaHMS g, a OokoBoe peOpo DPaszHuIly Mexmy ImIomanplo MONHOM
MOBEPXHOCTH MPU3MBI U IUIOIIA]IbI0 OOKOBOM MTOBEPXHOCTH IMPU3MBI — 3TO YABOSHHAS

IUIONIA/Ib OCHOBAHUS IIPU3MBI.




L Sem2a > 2a~128-96=32 = a~16

 Suwmdah=96= h=Dors oy
Omer:1L5mm. %
3agaua 2: OcHoBaHME NPSMOM MPHU3MBI - IPSIMOYTOJIBHBIA TPEYTOJbHUK, KATEThl KOTOPOTO
paBHBl 5 M 1 12 M, 6okoBoe peOpo npusMel paBHo 10 M. Haiinute miomanb 1mogHONH NOBEPXHOCTH
MIPU3MBI.

<.

Pemrenne

AC =~5 +12% =13

S = 25, 5 + SAA. a5t SBB.CIC' + S“MC'C

S =2%*(0,5*%5*12+5*10+12*10+13*10=60+300=360 M
Otser: 360 M°.

®opma npeacTaBaeHus pe3yJbTaTa: BHIIOTHEHHOE 3aJaHNe

Kpurtepun onenku:

Ouenka "oTau4HO" cTaBUTCS, eciiu paboTa BHIMOIHEHA B MOJHOM 00BEME C COOTIOACHUEM
HEO0OXOMMOM TMOCIEeI0BATEILHOCTH ICUCTBHI; B OTBETE MPABUJILHO U aKKypPaTHO BBIMOJIHEHBI BCE
3allMCU U BEIYUCIICHUS.

Ounenka '"'Xopomo' CTaBUTCS, €CIM BBIOJHEHbI TpeOOBaHUS K OLIEHKE "OTIMYHO", HO
JOMYUIEHBI 2-3 HeJloYeTa.

Ouenka "yIoBJIETBOPUTEJbHO'" CTAaBHUTCS, €ciid paboTa BBITIOJIHEHA HE TOJHOCTHIO, HO
00BEM BBITIOTHEHHOM YaCcTH TaKOB, YTO MO3BOJSET MOJYYUTh MPABUIBHBIC PE3YIbTATHl U BBIBOIBL;
B XO/JI€ MPOBEACHUS pabOThl OBLIH TOMYIIEHBI OLTHOKH.

Ouenka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CIU PadOTa BHIMOIHEHA HE TIOJHOCTHIO WU
00BEM BBITIOTHEHHOM YacTH pabOTHI HE TTO3BOJISET CAENATh MPABHIBHBIX BHIBOJIOB.

Tema 4.3 MHOrorpaHHMKH U KpyrJjble Teja

IIpakTuyeckast padora Ne 50
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«Peienue 3a7a4 Ha NUPaAMHUAY»
Henab padorbl: HayunThes pemars 3a1a4u ¢ IUpamMuI0i

Beinosinus patdory, Bel Oyaere:

yMeThb:

—pacrio3HaBaTh Ha dYepTexax M MOJENSAX MPOCTPAHCTBEHHBIE (OPMBI; COOTHOCHUTH
TpeXMEpHbIC OOBEKTHI C UX ONMUCAHUSIMH, H300PAKCHHSIMH,

—OMHCHIBATh B3aMMHOE PACIOJIOKCHHE TMPSMBIX U IJIOCKOCTEH B MPOCTPAHCTBE,
apryMEHTHPOBATh CBOM CYXKJICHHUS 00 3TOM PACIIOIOKCHHH;

—aHAIM3WPOBATh B MPOCTEHINMX CIIy4asxX B3aMMHOE pACIOJOXKEHHE OOBEKTOB B
IIPOCTPAHCTBE;

—un300paxaTh OCHOBHBIE MHOTOTPAHHUKH U KPYTJIbIE TEJIa; BBITIOTHATH YEPTEKH 10 YCIOBUIM
3a1ad4;

—CTPOUTH NMPOCTEUIITNE CEUCHHSI Ky0a, PU3MBI, TUPAMHJIBI;

—pemiaTh IJIAHUMETPUYECKHE U IMPOCTEHINME CTEPECOMETPHUYECKHE 3ajaud Ha HaXOKJICHHE
F€OMETPUUYECKUX BEJTMYUH (JIJIUH, YIJIOB, IJI0MIa e, 00bEMOB);

—HCIOJb30BaTh IPH PEHICHHH CTEPCOMETPHUYCCKHUX 3aJiad IUITAHHMETpHuYeckue (akTel U
METO/IBL;

—TIPOBOJIMTH JOKa3aTEIbHBIC PACCYXKICHUS B XOJIC PEIICHUS 3a/1a4;

MaTtepuajbHoe o0ecneyeHue:
I/IH[[I/IBI/IZIyaHLHBIC 3alaHuA, CIIPAaBOYHBIC MaTCpUajibl, KOHCIICKTbI JIGKIII/II;'I.

3aganue:

1.Haiinute o0beM NpaBUIBHONW YETHIPEXYTONBHON MUPAMHIBI, BbICOTA KOTOpoil 4 cMm, a
NMaroHaJIb OCHOBAHUA & CM.

2. HaiiTh mNONHYI0 MOBEPXHOCTh NPSAMON MUPAMUIBI, B OCHOBAaHUHU, KOTOPOW JIEKHUT
paBHOOEPEHHBIN TPEYroJIbHUK C OCHOBAaHUEM 5 CM M OOKOBBIMH CTOpOoHaMHu 6 cM. bokoBeie pebpa
nupamusl 12 cm.

IMopsiniok BbINoOJIHEHUS padOTHI:
1)BBINONHUTE UyepTex

2)3amnucarb KpaTKo YCJIOBHE 3a7a4u
3) Odpopmurts penieHue.

Xoa pa0doThI:

ITupamuaa — 570 MHOTOTPaHHUK, COCTABIEHHBIN U3 N—YT'OJbHHUKA U N TPEYTOJIBHUKOB.

MHOroyrojJbHUK - OCHOBaHHWe IHPAMU[bl, TPEYTOJILHUKA - OOKOBbIe IPaHU C OOuIeii
BEPUIMHOM, HA3pIBA€MONM BepPIIMHONM NUpaMuibl. [leprneHaukynsp, ONyIIEeHHBIH W3 BEPIIMHBI
IApaMU/Ibl HA €€ OCHOBAHUE, HA3bIBACTCA BBICOTOM MUPAMM/BI.

[Tnomaapb MOTHOM MOBEPXHOCTH MAPAMUIBL:  Spom = Sgox T Soc

V =£S()CH'H

O6beM nmupamuIbL:

Ilpasunvnaa nupamuoa

[Mupamuna Ha3pIBaeTCS MPaBUJIbHOM, €CITM €€ OCHOBAaHUE — MPABUIbHBI MHOTOYTOJIBHUK, a
OTPE30K, COEAUHSIONINNI BEPIIMHY MUPAMUBbI C LIEHTPOM OCHOBAHUS, SIBIISIETCS €€ BBICOTOM.

Bce OokoBble pebpa nmpaBuiIbHON NMUpPaMHUAbI PaBHBI, & OOKOBBIE IPAaHU SIBISIOTCS PABHBIMU
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paBHOOEPEHHBIMH TPEYTOILHUKAMHU.

Bricota 60k0BOI1 rpaHy MpaBWIbHON MUpaMUIbI, IPOBEIEHHAS U3 €€ BEPIIUHbI, Ha3bIBACTCS
anogemoi.

Iliomaas 0OOKOBOM TNOBEPXHOCTH NPAaBWJIBHOM NUPaMHUAbI paBHA  IOJIOBUHE
MIPOU3BEACHNUS TIEpUMETPa OCHOBAHMS Ha arogemy.

1
860K = E ocn g
HJIOIIIalIL HOJIHOﬁ HOBerHOCTI/I HpaBI/IJILHOﬁ HI/lpaMI/lL[LI:
1
Snoxm = SUCH + E P : I

3anaua 1: CtopoHa OCHOBaHUSI MPABHIILHON YETHIPEXYrOJIbHOM MUPaMHUIbl paBHA 4 cM, a arodema
00pa3yer C II0CKOCTHI0 OCHOBAHHUS yrojl B 60°. HaiizwTe miolap moHoit MOBEPXHOCTH MUPAMHU/IBI
Pemenue:

B =Ypc-2
2
 LESH =90° - 60° = 30° = SE = 2EH = 4
S =4-4-%AB+ABZ =2-4.4 147 =48 (cmh)

Oteet: 48 cM®, -

3agaua 2: OcHoBaHMe MupamMuabl —poMO, quaroHam kotoporo pasHbl 30 cM u 40 cM. BbicoTsl
GOKOBBIX IPAHCHi, MPOBEICHHBIE W3 BEPLIMHBI TIHPAMIJIB], 00PA3yIOT C BHICOTO IHPAMIIB! yrTbL, pasHbie 30°.

Haiinmure o0bem rmapamuspL.
Perenue:
AC=40 = AH=FHC~20

BD =30 = BH=HD = 15
AB=A207 1157 2 g5
HE=%BC=12,5

SE = 2HE = 25

SH:VSEZ—HEZ =

. .
=‘f252 —ish.:zs...‘/i
4 2

' Nl
'T =5000- -é_ = 2500\/5 (CMS)

Orret; 250043 om’.

(I)opMa NpeaACTaBJICHUA Pe3yabTaTa: BEIIIOJIHCHHOC 3a/laHNE

Kpurtepun onenkmn:
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Ouenka "oTaU4HO'" CTaBUTCS, eclii paboTa BHIMOJIHEHA B MOJHOM 00BEME ¢ COOMI0ICHIEM
He0o0X0IMMOM TOCIIEI0BATENbHOCTH JIEHCTBUI; B OTBETE MPABHJIBHO U aKKYpaTHO BBIIIOJHEHBI BCE
3alUCH U BBIYUCIICHUSI.

Ouenka "xopomio'" CTaBUTCS, €CIM BBHIIOJHEHBI TpeOOBaHMUS K OICHKE "OTIWYHO", HO
JOTYIIEeHBI 2-3 HeoYeTa.

Ouenka "yl1oBJIETBOPUTENbHO'" CTAaBHUTCs, €clid paboTa BBHITIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO IMO3BOJISET MOJYYUTh MPABUIBHBIC PE3YIbTAThl U BHIBOJIBL,
B X0JI€ MPOBECHUS PaObOThI ObUIH TOMYIIEHBI ONTHOKH.

Ouenka '"Hey10BJIETBOPUTEJIBHO' CTABUTCS, €CJIM padOTa BBHINOJHEHA HE MOJTHOCTHIO WU
00BEM BBINIOJIHEHHOM YacTH pabOThl HE TIO3BOJISET ClIeaTh MPaBUIbHBIX BHIBO/IOB.

Tema 4.3 MHOrorpaHHMUKHU M KPYIJible TeJia
IIpakTnyeckas padora Ne 51
«Pemenue 3a1a4 Ha BbIYHCJIeHUE 00bEMOB M IOBEPXHOCTEl MHOTOrPpaHHUKOB)
Heab padotbl: HayuuTcs pemnarh 3a1a4i Ha CEYSHHUSI MHOTOTPAaHHUKOB

Brinosinus padorty, Bl Oynere:

yMeThb:

—pacmo3HaBaTh Ha 4YepTeXkax M MOJENAX MPOCTPAaHCTBEHHbIE (DOPMBI; COOTHOCHUTH
TPEXMCPHBIC 0O0BEKTHI C UX OIIMCaHUuAMMU, I/I306pa)K€HI/I$IMI/I;

—OIMCBIBaTh B3aUMHOE pACIONOKEHUE MPSAMBIX M IUIOCKOCTEH B  IPOCTPAHCTBE,
apryMEeHTHPOBATH CBOM CYKJIEHUS 00 ITOM PACIIONIOKEHHH;

—aHaJM3UpPOBaTh B MPOCTEHIIMX CIy4yasX B3aUMHOE pACHOJOXKEHHE OOBEKTOB B
MIPOCTPAHCTBE;

—1300paXkaTb OCHOBHBIE MHOTOTPAHHUKHU U KPYTJIbIE TEJa; BBIMOJIHATH YEPTEXKHU MO YCIOBUAM
3ajady;

—CTPOUTH MpocTeiiiue cedeHus Ky0a, Mpu3Mbl, MTUPaMUIbI;

—pemaTh IJIaHUMETPUUECKHE U IMPOCTEHIINE CTEpEOMETPUUECKHE 3ajjauld Ha HaXO0)KJIEHUE
reOMETPHUECKUX BEIUYHMH (JJIMH, YIJIOB, IUIOIIAJeH, 00bEMOB);

—HCIIOJIB30BAaTh IIPHU PCIICHHU CTCPCOMCTPUUCCKUX 3adad IMIaHUMETPHUICCKUC q)aKTI)I u
METO/IBI;

—IIPOBOANUTH AOKA3aTCIbHBLIC PACCYKACHWA B X04€ PCUICHUA 3a1a4;

MarepuajnbHoe o0ecnieyeHue:
WNHnuBuayanbHbIe 3a/1aHMs, CIIPABOYHBIE MATEpUaIbl, KOHCIIEKTHI JIEKIIHI.

3aganme:

1. Onpenenute Bua W HaWgute mnepumerp cedeHus kydoa ABCJ/IA;1B1CiJ/l; mmockocThio,
npoxoasuiei yepe3 pedpo A1/l u cepenuny pedpa BB, ecnu nnuna pebpa kyba paBHa § cM.

2. Ompenenute BUI W Haiaute mepuMmeTp cedeHust kyoa ABCJIA1B1Ci/l; miockocTsio,
npoxoaduiei yepes  Touku A, /] u cepeauny pedpa CCq, ecnu anunHa pedpa Kyda paBHa 4 cM.

IMopsaaok BbINOTHEHHSI PA0OTHI:

1) BbINOTHUTE YePTEK

2) 3amumcarhk KpaTKO yCIIOBHE 33/1a41
3) Odopmuts pereHne 3aaa4n
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Xon paboThr:
3anaua 1: [lan xy6 ABC/[A1B1C1/[1. JokaxuTe, yTo ceueHne kyoa miockocteio A1C1K, e
touka K - cepenuna /[C - Tpanernusi.
B
1 CI

A D
Pemenne: MK||A1C1, moromy urto (A1/{1C1) mapamnensHa (A[C), a MK u A;C; - nuHuK
nepecedyeHust dTux rockoctet. MK||A1Cy, AlM*H' C1K, MK*A,C1, 3uaunt MA,C1K - Tpamemus.
3agaua 2:
Haun ky0 ABCHA1B1C/fi. Jlokaxute, 9TOo cedeHHe Kyba TuIocKOCThio A1B1K -
napajuiejorpamMmm.

Pemenue: (AA41B1)||(1/[LC), To A1B1||AC v A1B1=/]C. (A4A1/[1)||(BB1C1), T0 A1 /{||B1C, 3HauuT
A1B1C/] - mapaienorpamm.

®opma npeacraBiaeHus pe3yJabTaTa: BHIIOJHEHHOE 33aJaHHE.

Kpurtepun onenku:

Ouenka "oTJIMYHO'" CTaBUTCS, €CNTU pabOTa BBHIMOJHEHA B MOJTHOM 00BEME C COOIIOICHUEM
HE0OXOIMMOM TIOCTIEIOBATENHHOCTH JICHCTBUI; B OTBETE MPABUJIBHO M aKKYPAaTHO BBIIIOJIHEHBI BCE
3aIIMCU U BEIYUCIICHHA.

Ounenka "xopomio' CTaBUTCS, €CIHM BBIOJHEHB TpeOOBaHUS K OIEHKE "OTIUYHO", HO
JOTYIIEHBI 2-3 HeloYeTa.

Ounenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €clid pa0oTa BBHIMOJHEHA HE MOJIHOCTHIO, HO
00BEM BBHITIOJIHEHHOW YaCTH TAaKOB, YTO IMO3BOJISIET MOJYUYUTh MPABUIILHBIE PE3YIbTAaThl U BBIBOJIBI;
B XO/I€ MPOBEACHUS PabOThI OBUIH JTOMYIIEHBI OIITHOKH.

Ouenka '"Hey10BJIETBOPUTEIBHO' CTAaBUTCS, €CIIM pabOTa BBIMOJTHEHA HE MOJHOCTHIO WIIH
00BEM BBITTOJIHEHHOM YacTH paboThl HE TIO3BOJISET ClIENaTh MPABUIBHBIX BHIBOIOB.

Tema 4.3 MHOrOrpaHHMKH M KpPyIJible Tesa
IIpakTnueckas padora Ne 52
«PerieHue 3a1a4 Ha WUJIHHIP»

Heanb padorbl: HayunThes pemars 3a1a4u ¢ LUIMHAPOM
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Bbinosinus padory, Bel Oyaere:

—pacrio3HaBaTh Ha dYepTexax M MOJENSAX MPOCTPAHCTBEHHBIE (OPMBI; COOTHOCUTH
TpeXMEPHBIC 0OBEKTHI C X ONMHMCAHUAMH, U300PAKEHUSIMH;

—ONUCHIBAaTh B3aMMHOE pPACIOJIOKEHUE TMPSAMBIX UM IJIOCKOCTE B  MPOCTPAHCTRBE,
apryMEHTHPOBATh CBOM CYXICHHUS 00 3TOM pacIiOI0KECHUH,

—aHAM3WPOBATh B MPOCTEHINMX CIIy4asx B3aMMHOE pACIOIOXKEHHE OOBEKTOB B
MIPOCTPAHCTBE;

—un300pakaTb OCHOBHBIE MHOTOI'PAaHHUKHU U KPYTJIbI€ TEJA; BBIOJIHITH YEPTEKH MO YCIOBUIM
3a/1ad4,

—CTPOUTH MPOCTEUIITNE CeUCHHSI Ky0a, MPU3MBI, TUPAMU/IBI;

—pemarh MJIaHUMETPUYECKHUE M IMPOCTEHUINNE CTEPEOMETPUYECKHE 3aJayl Ha HaXOXKICHUE
TCOMETPUUYECKUX BEIIMYUH (JUIHH, YIIIOB, TUIOIIAeH, 00HEMOB);

—HUCIIONIB30BaTh MPU PEHICHUH CTEPEOMETPUUYSCKUX 3a7ad IUTAaHUMETpHUECKHEe (DAKThI |
METO/IBI;

—IPOBOAUTH JJOKA3aTENbHbBIE PACCYKACHUS B XOJI€ PELICHUS 3a1a4;

MaTtepuajbHOe o0ecneyeHue:
I/IH[[I/IBI/IZIyaHLHBIC 3alaHuA, CIIPAaBOYHBIC MaTCpUajibl, KOHCIICKTbI JIGKIII/II;'I.

3aganue:
1.06beM rmmuaapa 120 CMZ, ero BeICOTa 3,6 CM.
Haiitn paguyc nunmsapa.
2. Boicota munnapa 12cm, paanyc ocHoBanus 10cm. Llununap nepeceyeH MIIOCKOCTBIO Tak,
YTO B CEYEHHUH IOITY4YWICs KBajapaT. Haiinure paccTosiHuEe OT 3TOr0 CEYEHMS 10 OCH.

ITopsinok BbINOJHEHHS PadOThI:
1)BbInONHUTE YepTex
2)3anucaTh KpaTKO yCIOBHE 3aJjauu

Xonx padoTsI:

uauHap — Teno, MoIyYEeHHOE IIPU BpALICHUU MPSAMOYTOJIBHUKA BOKPYT OCH, COJEp Kalleu
€ro CTOpPOHY.

Kpyru Ha3pIBalOTCSI 0CHOBAHMAMH IUJIHHIPA, a OTPE3KH, COSAMHSIONINE COOTBETCTBYIOIINE
TOYKH OKPYKHOCTEH 3TUX KPYroB — 00Pa3yHIIUMHU HMIUHAPA. Y [UIUHAPA OCHOBAHUS PABHBI U
napajuieNIbHbI U 00pa3yroIIre TaKKe paBHBI U MapaJUIeTIbHBI MEXKTY COOOiA.

Ocbl0 UMIMHApPA Ha3bIBaeTcd MpsMas, TMPOXOAslias dYepe3 LEeHTPhl OCHOBaHUM,
napajuiesbHas 00pa3yroIIMm.

BokoBasi moBepXHOCTh HUJIHHAPA — OTO MOBEPXHOCTH MOJYYECHHAsI OT BPAIICHUS CTOPOHBI
MPSIMOYTOJTBHHKA, TIApAIIETFHON OCH IIHJIHHIPA.

BbicoToii nunuHApa Ha3bIBa€TCA PACCTOSHUE MEXAY OCHOBaHUAMU HUIuHApa. Pagmycom
[WIMHAPA HAa3bIBACTCS PAIIYC €T0 OCHOBAHHSI.

Huanuap Ha3pBaeTCs NMPSMBIM, €CIH €ro 00pa3yroliue MepHeHIuKYISIPHBI MI0CKOCTIM
OCHOBAaHHII.

S. =27Rh;

60k

[Tnomans 60KOBOI MOBEPXHOCTH:
[Imomaae mMoaIHOM NOBEPXHOCTH:
S, om =S50 +2S,,, =2+ 27R;

noJm 60K
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S =2aR(h+R)

noJn

O6bem npuHapa: vV = RN,

Ceuenue yurunopa — GUrypa moydeHHasi B IePECeUCHUH [IUITHH/IPA TIOCKOCTHIO.

Ceuenue, MpOXOIAILEe Yepe3 OCh UIUHIPA, HA3BIBACTCS 0CEBbIM CeueHueM U TPEICTABISIET
c000i#1 MPSIMOYTOJIbHHUK.

Ecnu cekyliast IiockocTh MEPICHIUKYISPHA K OCH [IHJIHHIPA, TO CCUYCHHE SBIISICTCS KPYTOM.

3amaua 1.0ceBoe ceueHue IMWIMHApPA — KBaJApaT, Momaas kotoporo Q. Haitaure miomans
OCHOBAHUS IMJIMHIPA.
Pemenue:

CropoHa KBajgpaTa paBHa,/§Q. OHa paBHA JMAMeTpPy OCHOBaHHA. I1109TOMY IUIOIIAmb

Q) _m

2 4

OCHOBAHH: paBHA
_ g

OTBeT: Socman. =7

3amaua 2. Beicota mmiuHzapa 6cM, paauyc ocHoBaHus ScM. Haiiaure miomans cedeHwus,
MIPOBEJICHHOTO MApaJUICIIbHO OCH IIMJIMHJIPA Ha PACCTOSTHUH 4CM OT Hee.
M

Pemenune:

Scea= KMxKC,

OE=4cMm, KC=6cm.

Tpeyronsauk OKM — paBHoGenpenssiii (OK = OM =R =5 cm),
TtpeyroiabHuk OEK — mpsamoyrosbHbIi.

N3 tpeyronsauka OEK, o Teopeme [Tudaropa:

rx~ VOK? —OE* =/25-16 =/9 =3
KM = 2EK = 2x3 = 6,

Seer= 6X6 = 36 cM°.

OtBeT: S¢ey = 36 cM>.

®opma npeacraBiaeHus pe3yJabTaTa: BHIIOJHEHHOE 33 JaHHE.

Kpurepum ounenku:
Ouenka "oTau4HO" CTaBUTCS, eciu paboTa BBIMOTHEHA B MOJHOM 00BEME C COOTI0ICHIEM
HEO0OXOMMOM MOCIEeI0BATeILHOCTH ICUCTBHI; B OTBETE MPABUJILHO U aKKypPAaTHO BBIMTOJHEHBI BCE
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3aMUCH U BBIYUCIICHUSI.

Ouenka '"'xopomo'" CTaBUTCS, €CIU BBHINIOJHEHBl TpeOOBaHUS K OIEHKE "OTIWYHO", HO
JOMYIIEHBI 2-3 HeloYeTa.

Ouenka "yl1oBJIETBOPUTEJbHO'" CTAaBHUTCs, €Clid pabdOTa BBIMIOJIHEHA HE IMOJHOCTHIO, HO
00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO IMO3BOJISET MOJNYYUTh MPABUIBHBIC PE3YIbTAThl U BHIBOJIBL,
B X0JI¢ MPOBECHUS PaOOThI ObUTH TOMYIIEHBI ONTHOKH.

OueHka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU PadOTa BHIMIOJIHEHA HE TOJHOCTHIO HITU
00BEM BBITIOJIHEHHOH YacTH pabOThI HE TO3BOJISET ClIeIaTh MPAaBUIbHBIX BHIBOJIOB.

Tema 4.3 MHOrorpaHHMUKHU M KPYIJible TeJia
IIpakTuyeckas padora Ne 53
«Pemenne 3a1a4 Ha KOHYC»
Heab padotbl: HayuuThes pemarh 3a1a4i Ha KOHYC

Brinosinus padorty, Bl Oynere:

yMeThb:

—pacmo3HaBaTh Ha 4YepTeXax UM MOJENIX IPOCTPAHCTBEHHBbIE (OPMBI; COOTHOCHUTH
TPEXMCPHBIC 00BEKTHI C UX OIIMCaHUuAMMU, I/I306pa)K€HI/I$IMI/I;

—OIUCBIBaTh B3aUMHOE PpACMOJIOXKEHUE TPSAMBIX M IJIOCKOCTEH B  IPOCTPAHCTBE,
apryMEeHTHPOBATh CBOM CYKJIEHUS 00 ITOM PACIIONIOKEHHH;

—aHaJM3UpPOBaTh B MPOCTEHIIMX CIydyasX B3aMMHOE pacloJIO)KEHHE OOBEKTOB B
IIPOCTPAHCTBE;

—1300paXkaTb OCHOBHBIE MHOTOTPAHHUKHU U KPYTJIbIE TEJA; BBINOJIHATH YEPTEXKHU MO YCIOBUAM
3ajady;

—CTPOUTH MpocTeiiue cedeHus Kyoa, Mpu3Mbl, MUPaMUIbL;

—pewmaTh MJIaHUMETPUYECKHE U IMPOCTEHIINE CTEPEOMETPUYECKHE 3aJaud Ha HaXOXJCHHE
reOMETPHUECKUX BEIUYHMH (JITIHH, YIJIOB, IUIOIIAJeH, 00bEMOB);

—HCIIOJIB30BAaTh IIPHU PCIICHHU CTCPCOMCTPUUCCKUX 3adad IMIaHUMETPHUICCKUC q)aKTI)I u
METO/IBI;

—IIPOBOANUTH AOKA3aTCIbHBLIC PACCYKACHWA B X04€ PCUICHUA 3a1a4;

MarepuajnbHoe o0ecnieyeHue:
WNHnuBuayanbHbIe 3a1aHKs, CIIPABOYHBIE MaTepUalibl, KOHCIEKTHI JICKITUH.

3aganue:

1. HaiiTu nNOJTHYIO NOBEPXHOCTh KOHYCa, €CIM 00pasyrollasi HAKJIOHEHa K IUIOCKOCTH
OCHOBAHM O] YIIIOM 30%u paBHa 12 cM. A paguyc OCHOBaHHUS 8 CM.

2. Haiitn miomaab OCEBOTO CEYCHHS KOHYCa, €Clii oOpasyromias paBHa 15 cMm, a paamyc
OCHOBaHUs 4 cM.

Ilopsinok BbINOJHEHHSI padOThHI:
1)BbINOITHUTE YepTex
2)3amnucarh KpaTKo YCIOBHE 3aa4H

Xox pa0doThI:
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PaccmoTpuM OKpy:XHOCTH ¢ LeHTpoM B Touke O u npsamyro OP, mepneHAMKYISpHYIO K
TJIOCKOCTH 3TOM OKPYXKHOCTH. Ka)Xayr0 TOYKY OKpPYXHOCTH COEIUHHMM C TOYKOW P oTpe3kom.
[ToBepxHOCTh, 00pa3oBaHHAs STHMU OTPE3KaMH, HA3bIBACTCS KOHHMYECKOW, a CaMU OTPE3KU —
00pa3syrommMMHu KOHYCA.

Teno, orpaHMYeHHOE KOHUYECKOM MOBEPXHOCTHIO M KPYTOM, Ha3bIBAETCs KOHYCOM (puc. 2.2).

Konunyeckass moBepxHOCTh — 0OKOBasi MOBEPXHOCTh KOHYCAa, KPYI — OCHOBAaHHEe KOHYCA,
Touka P — BepmmmHa xoHyca, 00pa3yromne KOHUMIECKO MOBEPXHOCTH — 00pa3ylouue Konyca. Bee
oOpa3ymomue KoHyca paBHbl Apyr apyry. [lpsmas OP, mpoxonsmias depe3 LIEHTP OCHOBaHUS U
BEpIIMHY KOHYCa, Ha3bIBaeTCsi OCBbK KoHyca. Ochb KOHyca NEpPIEHIUKYJIsApHA K IUIOCKOCTU
ocHoBanus. Otpe3ok OP Ha3biBaeTCs BBICOTOM KOHYCA.

Ecnu cexyias miaocKoCTh MPOXOAUT YEPE3 OCh KOHYCA, TO IOJyYEHHOE CEUEHUE HA3bIBAETCS
0CEBbIM CeYEeHHEM.

[IpoBeném cekyllyro IUIOCKOCTh NEPIEHAUKYJIIPHO K OCH KOHyca. OJTa IIJIOCKOCTh
nepecekaeTcs ¢ KOHYCOM IO Kpyry W pa30uBaeT KOoHyc Ha nBe yacTu. OnHa u3 dacrteit
IIpeJICTaBIsIET COOON KOHYC, a Ipyrasi Ha3blBaeTcs yceuéHHbIM KOHycoM. (M300pa3ure yceuEHHBIM
KOHYC caMocTosiITeNbHO. [locTpoiiTe 00pa3yrolnyto, BHICOTY.)

IInomanbs 0OKOBOIl TMOBEPXHOCTH KOHYCAa paBHAa HPOU3BEICHHUIO IOJIOBUHBI JITMHbI
OKPY>KHOCTH OCHOBaHHS Ha 00pa3yroIIyIo.

Sio =l

Inomanb MoJIHONH MOBEPXHOCTH KOHYCA paBHA CyMMeE ILIOMAAH OOKOBOM MOBEPXHOCTH U
IJIOIIAI OCHOBAHUSL.

S,,,, =ar(l+r)

60k

noJIH
IInomanbs 60KOBOIi MOBEPXHOCTH YCEYEHHOI0 KOHYCA paBHAa IPOU3BEJIEHUIO MOITYCYMMbI
JUIMH OCHOBaHM Ha 00pa3yroIy:o.
O01b€éM KOHYCa paBEH OJHOUM TPETH MPOU3BEICHUS TIJIOMIA OCHOBAHMS HA BBICOTY.

V :%SOCH.h:%MZh

. 2
3agaua 1: [Inomanp OOKOBOM MOBEPXHOCTH KOHYca paBHa 60 1M”, a painyc OCHOBaHUsI paBeH
6 M. Haiiure paccrosHue oT LieHTpa OCHOBaHUs J10 00pa3yloleii KoHyca.
Pemenue:

Seux = arl =60n = pl =60

r=6=>£=£9=10.
.o

SO =VAS — 40 = 10" -6 =8

1 |
Spgo ==+ A0 -O5 =—.6-8=24

1 24
. S, 00 =—OH - AS =50H =24 =5 OH =—
C [pyroii CTOpOHBI, 2 5
3agaua 2:PaccTosiHEE OT LIEHTpa OCHOBaHHS KOHYCa JI0 CepeIMHbI 00pa3yroiieil paBHO 4 cM,
a yrojl HakjJioHa 00pa3yroleld KOHyca K IUIOCKOCTH OCHOBAaHHS PaBEH 60°. Haiigure rmwiomas

OCCBOT'O CCUCHUS KOHYCA.
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.S.‘A SB: ‘KSBA 60°
_ ZASB—180°—2 60° = 60°,
'ro ecTh ASAE panﬂocroponunﬁ.. -
.

AAMO  AASB > —— =—— =
< 5B A4S

".‘ N

SB 2MO 8

5

'S@Q—'AS 4B-s 60°=—.8 8-—-—~—16\/-( )
" Oteer: l6~/§ o,

(I)opMa NMpeacTaBJdCHud pe3yjabTaTa: BbIIIOJIHCHHOC 3aJaHKC.

Kpurtepun ounenku:

Ouenka "oTJHYHO'" CTaBUTCS, €CIIM padoTa BBIMOJHEHA B IOJHOM 00BEME ¢ COOIOIEHUEM
He00XO0IMMOM TOCIE0BATENHHOCTH JICHCTBUI; B OTBETE MPABWJIBHO U aKKYPATHO BBIMOJIHEHBI BCE
3aIIMCU U BEIYHCIICHHA.

Ounenka "xopomo' CTaBUTCS, €CIHM BBIIOJHEHb TpeOOBaHUS K OLIEHKE "OTIUYHO", HO
JOMYIIEHBI 2-3 HeloYeTa.

Ounenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €CliM paboTa BBHINOJIHEHA HE MOJIHOCTHIO, HO
00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO IO3BOJISET MOJYYHTh MIPABHIIBHBIC PE3yIbTAThl M BHIBOJIBI;
B XO/JI€ MPOBEACHUS PabOThI OBUIH JTOMYIIEHBI OITHOKH.

Ouenka '"Hey10BJIETBOPUTEIBHO' CTAaBUTCS, €ClIM padOTa BBHINOJIHEHA HE MOJHOCTHIO WIH
00BEM BBITIOJTHEHHOM 4acTH pabOThI HE MTO3BOJISAET CACNIATh MPABHIIBHBIX BHIBOJIOB.

Tema 4.3 MHOrOrpaHHMKH M KpPyIJible Teja
IIpakTnyeckas padora Ne 54
«Pewenne 3a1a4 Ha wap u cpepy»
Ileas padorbi: HayunThes pemaTs 3a1aun Ha map 1 chepy

Beimosinus patdory, Bel Oyaere:

yMeThb:

—pacrmo3HaBaTh Ha 4YepTeXkax M MOJIENIAX MPOCTPAHCTBEHHbIE (DOPMBI; COOTHOCHUTH
TPEXMCPHBIC 00BEKTHI C X OIIMCaHUsIMU, I/I306pa)KCHI/I$IMI/I;

—ONKCHIBATh B3aMMHOE DACIOJIOKEHME TMPSAMBIX W IJIOCKOCTE B MPOCTPAHCTBE,
apryMEeHTHPOBATh CBOM CYXKJIEHUS 00 3TOM PACIIONIOKEHHH;

—aHaJM3UPOBaTh B MPOCTEHIIMX CIy4yasX B3aUMHOE pAaCIOJOXKEHHE OOBEKTOB B
MIPOCTPAHCTBE;

—1300paXkaTb OCHOBHBIE MHOTOTPAHHUKHU U KPYTJIbIE T€JA; BBIMOIHATE YEPTEXKH 10 YCIOBUIM
3ajady;

—CTPOUTH NMpOCTEHIINe cedeHus Ky0a, MpU3Mbl, MTUPaAMUIBL;

—pewmaTh IMJIaHUMETPUYECKHE U IMPOCTEHIINE CTepEeOMETPUYECKHE 3ajaud Ha HaX0KJEeHUe
reoOMEeTPHUECKUX BEIMYHMH (JJIMH, YIJIOB, IUIOMIAJe, 00bEMOB);

—HCIIOJIB30BAaTh IIPU PCIICHHU CTCPCOMETPUUCCKHUX 3ada4d INTAaHUMCTPHYCCKUC q)aKTI)I n
METO/IbI;
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—IPOBOJUTH JI0KA3aTEJIbHBIE PACCYKICHHUS B XOJI€ PEILICHHS 3a/1a4;

MarepunanbHoe obecrnieyeHue:
WunuBuyanbHble 3a1aHNs, CIIPABOYHBIC MaTEPHAIbl, KOHCIICKTHI JICKIIHH.

3aganue:

1.PaccrosiHue OT LIEHTpa MIapa 0 CEKYIIeW IUIOCKOCTH PaBHO 8 M, a pPaauyc CEUYCHUS
IJIOCKOCTBIO paBeH 6 M. Halimute paguyc mapa u o0beMm.

2. O6bem mapa 12511 m®. Haiiti miomans cdepsr.

Ilopsinok BbINOJIHEHHS padOThI:
1)BBIMOTHUTE YepTekK
2)3anucarh KpaTKO yCJIOBHE 3a/1a4U

Xoa paGoTsI:

Cdepoii  HazpIBacTCsI MOBEPXHOCTb, COCTOAIIAs W3 BCEX TOYEK MPOCTPAHCTBA,
PAacIioNIOKEHHBIX Ha JAaHHOM PAcCTOSIHMM OT JAaHHOUM TOYkH. JlaHHas TOYKa Ha3bIBACTCS LHEHTPOM
cepsl, a T1aHHOE paccTOsSTHUE — paanycoM cdepbl. OTpe30K, COSTUHAIOMUN ABE TOUKH chepsl
MPOXOASAIINIA Yepe3 LEHTP, Ha3bIBaeTcs AMamMeTpoM. Teno, orpaHndeHHoe cepoil, Ha3bIBaeTCs
IAPOM.

[Ilap MOXHO TONYYHUTh TPH BpAIIEHUH IOJYKpyra BOKPYr auamerpa. |'paHumeil mapa
CILy’KHT cepa.

[Tnockocth, uMetomast co chepoil TONBKO OJHY OOIIYIO TOUYKY, Ha3bIBAeTCS KacaTeJIbHOI
IJIOCKOCTBI0O K chepe. Pagnyc cdepbl, mpoBeACHHBI B TOYKY KacaHHsl cepbl M IUIOCKOCTH,
NEPIEHANKYISIPEH K KacaTeIbHON TNIOCKOCTH.

CedeHue mapa, mpoxoIsiiee Yepe3 MEeHTP, Ha3bIBAeTCs 00JIBIIMM KPYroM, HE TIPOXOJIAIIee —
MajbiM KpyroMm lLleHTp OoybIIoro Kpyra COBMaJaeT ¢ IEHTPOM IIapa, a IEHTP Majoro Kpyra
SBJISICTCS OCHOBaHMEM MEPIEHIUKYIAPA, OMYIIEHHOTO U3 LIEHTPa I1apa Ha MJI0CKOCTh ATOT0 Kpyra.

Cedenusi, paBHOOTCTOSIIITUE OT LIEHTPA, PABHBHI.

Pajuyc OKpYXHOCTH, TIONydeHHOH Hpu mepecedeHuu cdepsl pammyca R mmockocTsio,

D2 2
yJIaJIEHHO! OT IIeHTpa cepbl Ha d paBeH A
Ilnomane mnoBepxHocTH cdepbl paBHA YYETBEPEHHOM IUIOMIAAM OONBIIOrO Kpyra:

S =4sR?

chepoi

\Y =ﬂ7ZR3

O6bem mapa: 3

3agaua 1: Ilmomans chepst paBra 100 M%. PaccrosHue OT neHTpa chepsl 10 cekyiei
IJIOCKOCTH paBHO 4 M. Halimute paguyc cedeHus.

Pemienne:

S =4nR? =100m = &* =25=R=5

AD=VBD® ~ AB* =[5 47 =3 (y)

Oreer; 3 m,



3angaua 2: [Inomaau ceyenus mapa miockoctbropaBHa 1611 M , a IJIONIaJb NMapauieIbHOTO
2 N
€My CEueHHs, IPOXOJAIIEro uepe3 LEeHTp wmapa, paBHa 2511 m° . Haiitu pacctosHue Mexay

IUIOCKOCTSIMM CCUCHHIA.

=16 =" =16, r=4dwm,
TR =25n=R'=25,R=5wm,

h=vR —#* =v25-16 =3 (m)

OtBer: 3 M
®opMma npeacTaBJieHUs pe3yJbTATa: BHIIIOJIHEHHOE 33/I1aHNUE.

Kpurepun oneHku:

Ouenka "oTJIMYHO'" CTaBUTCS, €ClIM padoTa BBIMOJIHEHA B IMOJHOM 00BEME C COOIOIEHUEM
HE0OXO0IMMOM TOCIIEI0BATENBHOCTH JICHCTBUI; B OTBETE MPABHIBHO U aKKYPaTHO BBITIOJHEHBI BCE
3aIMCH Y BBIYUCIICHUS.

Ouenka "xopomo' CTaBUTCS, €ClM BBIIOJHEHb TpeOOBaHUS K OLIEHKE "OTIUYHO", HO
JOTYIIEHBI 2-3 HeloYeTa.

Ounenka "yI0BJIETBOPUTEJIBHO'" CTAaBUTCS, €clid pa0oTa BBHIMOJHEHA HE MOJIHOCTHIO, HO
00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO IMO3BOJISIET MOJIYYUTh MPABHIBHBIC PE3YIbTAThl U BHIBOIBI;
B XO/JI€ MPOBEACHUS PabOThl OBUIH OMYIIEHBI OIITHOKH.

Ouenka '"Hey10BJIETBOPUTEJIBHO'" CTAaBUTCS, €CJIM pabOTa BBINOJIHEHA HE MOJHOCTHIO WM
00BEM BBITIOJIHEHHOM YacTH pabOThI HE TIO3BOJISET CIeaTh MPaBUIHHBIX BHIBO/IOB.

Tema 4.3 MHOrorpaHHMKHM U KpPyIJible Teja
IIpakTuyeckas padora Ne 55
«Pemenue 3a1a4 Ha KOMOMHALIMY TeOMETPUYECKHUX TeJD)
Hean pabdotbi: HayunThes pemars 3a1a4u Ha KOMOWHAIIMIO TEOMETPUICCKUX TEI

Boinosinus padorty, Bel Oynere:

yMeThb:

—pacrio3HaBaTh Ha dYepTexax M MOJEIAX IPOCTPAHCTBEHHBIE (OPMBI; COOTHOCHUTH
TpeXMepHbIe OOBEKTHI C UX OMUCAHUSIME, U300paKECHHUSIMHU;

—OIKCHIBATh B3aMMHOE PACIOJIOKCHHE TMPSAMBIX W IJIOCKOCTEH B MPOCTPAHCTBE,
apryMEHTHUPOBATh CBOM CYXKJIEHHUS 00 ATOM PACIIONIOKCHHH,

—aHAJIM3WPOBATh B MPOCTEHINIMX CIIy4asx B3aMMHOE pPacloOJOXEHHE OOBEKTOB B
MIPOCTPAHCTBE;

116



—u1300paxkaTh OCHOBHBIE MHOTOTPAHHUKH U KPYTJIbIE TEJa; BBITOIHATH YEPTEIKHU TI0 YCIOBUSIM
3a/1ad,

—CTPOUTH MPOCTEUIITNE CeUCHHSI Ky0a, MPU3MBI, TUPAMU/IBI;

—pemarh MJIAaHUMETPUYECKHUE M TMPOCTEHUINNE CTEPEOMETPUYECKHE 3aJayl Ha HaXOXKICHUE
TCOMETPUUYECKUX BEIIMYUH (JUIHH, YIIIOB, TUIOIIAEH, 00HEMOB);

—HCIIONIB30BaTh MPU PEUICHUH CTEPEOMETPUUYSCKUX 3a7ad IUTAaHUMETPHUECKHEe (AKThl |
METO/IbI;

—TIIPOBOJIUTH JIOKA3aTEIIbHBIC PACCYXKICHUS B X0JI€ PEIICHUS 3a/1a4;

MarepuajibHoe o0ecnieyeHue:
I/IHI[I/IBI/II[yaJIBHLIC 3alaHuA, CIIPAaBOYHbIC MaTCpUaJibl, KOHCIICKTBI JIGKI_[I/II\/JI.

3aganme:

1. B nunuHap HaKJIOHHO BIMCAH KBAApaT TaK, YTO BCE €0 BEPUIMHBI JIEKAT Ha OKPY>KHOCTIX
ocHoBaHus. Haiinure cTopoHy KBajapara, €Clid BHICOTA IUJIUHIPA paBHA 2CM, a pauyCc OCHOBaHUS
paBeH 7cM.

ITopsinok BbINoOJIHeHUs padoOThI:
1)BbInonHUTE YepTex
2)3anucaTh KpaTKO yCIOBHE 3aJjauu

Xoxa pabdoThI:

3anaya. B nunuHap BhnMcaHa npaBuiIbHAs IIECTHYrojibHas npusMa. Haiinure oTHOIIEHHS
o0beMa NPU3MbI K 00beMy LIHJIUH/pA.

N
|
P

, I
|
[ A2 S
it N
\ \\\1 \
A N .
\ Nz
Pemenne:
\M S()CH. X h — S()CH.
Vuu.a. - 7ZR2 x h - ﬂRz
ag — R
s _3R3
OCH. 2
Vnpu3M _ 3R2\/§ % T _ 3\/§
V... 2 R* 2n
Vnpu3M ﬁ
2r

OTtBeT: yur =
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®opma npeacTraBIeHUs pe3yJbTaTa: BBIIIOJIHEHHOE 3a/1aHHUE.

Kpurtepun onenku:

Ouenka "oTJMYHO'" CTaBUTCS, €ClIM paboTa BBIMOJHEHA B IOJHOM 00BEME C COOIOIEHUEM
HE0OXOTUMOM TIOCTICIOBATEIFHOCTH JICHCTBUI; B OTBETE MPABUWJIBHO M aKKYPATHO BBIIIOJIHEHBI BCE
3aMKCU U BBIYUCIICHUS.

Ounenka ''Xopomo' CTaBUTCS, €CIHM BBINOJIHEHB TpeOOBaHMS K OIEHKE "OTIMYHO", HO
JONYIIEHBI 2-3 HeJ0YeTa.

Ounenka "yI10BJIETBOPUTEIBHO'" CTAaBUTCS, €ClM paboTa BHIMOJHEHA HE MOJHOCTHIO, HO
00BEM BBITIOJTHEHHOM YacTH TaKOB, YTO MO3BOJISET MOJIYYUTh MPAaBUIbHBIE PE3YyIbTaThl U BHIBOJIBI,
B XOJI€ TPOBEICHUS paOOTHI OBUTN TOMYIIEHBI OITHOKH.

Ouenka '""Hey10BJIETBOPUTEJIBHO'" CTAaBHUTCS, €CJIM pabOTa BBIMOJIHEHA HE MOJHOCTHIO WIIH
00BEM BBITTOJIHEHHOM YacTH paboThI HE TIO3BOJISET CIIENATh MPABUIBHBIX BEIBOJIOB.

Tema 4.3 MHOrorpaHHMKH U KpyIJble Teja
IIpakTnueckas padora Ne 56
«Pemenue 3a1a4 Ha KOMOUHAIIMHY TeOMETPUYECKHX TeJD»
Leawb padoTel: HayuuThes pemarh 3a1a4u Ha KOMOMHAITHEO TEOMETPUICCKUX TEI

Boinosinus padorty, Bel Oynere:

yMeThb:

—pacrio3HaBaTh Ha dYepTekax M MOJCIAX MPOCTPAHCTBCHHBIE (OPMBI, COOTHOCHUTH
TpeXMEpHbIC OOBEKTHI C UX OMUCAHUSIMH, H300PaKCHHUSIMH,

—OIKCHIBATh B3aMMHOE PACIOJIOKCHHE TMPSAMBIX W IJIOCKOCTEH B MPOCTPAHCTBE,
apryMEHTHPOBATH CBOM CYXKJIEHHUS 00 ITOM PACIIONIOKECHHH;

—aHAJIM3WPOBATh B MPOCTEHIIMX CIIy4asX B3aMMHOE pACIOJIOKEHHE OOBEKTOB B
MIPOCTPAHCTBE;

—un300pakaTh OCHOBHBIE MHOTOIPAHHUKH U KPYTJIBIE TEJIa; BHIMOIHITH YEPTEIKH 110 YCIOBHUSIM
3a/1a4;

—CTPOUTH MPOCTEUIITNE CeUCHHSI Ky0a, MPU3MBI, TUPAMHIBI;

—pemuaTh MJIAaHUMETPUYECKHE U IMPOCTEHIINE CTepEOMETPUYECKHE 3aJaud Ha HaXO0XKJICHUE
T€OMETPUUYECKHUX BEJIMYUH (JIJTUH, YIJIOB, IJI0MaeH, 00bEMOB);

—UCTONB30BaTh MPH PEHICHHH CTEPEOMETPUUYECKUX 3a]ad IUIaHUMETpudeckue ¢GakThl U
METO/IBL;

—TPOBOJIUTH JJOKA3aTENbHBIE PACCYKACHUS B XOJI€ PELICHUS 3a7a4;

MarepunanbHoe obecrnieyeHue:
I/IH)]I/IBI/IHyaJ'H)HI)Ie 3alaHuA, CIIPAaBOYHBIC MaTCpUalibl, KOHCIICKTBI HeKHHﬁ.

3ananue:

1. B umnuHAp HAKJIOHHO BIMCAH KBAJApaT Tak, YTO BCE €r0 BEPIIMHBI JISKAT HA OKPY>KHOCTSIX
ocHoBaHMs. Haiinure CTOpoHYy KBajapara, €ClIM BBICOTA LUJIMHIPA PaBHA 2CM, a paJuyC OCHOBaHUs
paBeH 7cMm.

ITopsinok BbINOJHEHHS PadOTHI:
1)BbInonHUTE YepTex

118



2)3anucarh KpaTKO yCIOBHE 3a1a4H

Xon padoThl:

3amaua Haiiaure paguyc ocHOBaHMS LIMIMHIpPA HAaUOOJIBLIEr0 00beMa, BIMCAHHOIO B KOHYC,
paanyc OCHOBaHMS KOTOPOI'O PaBeH 3.

Pemenue:

O6o3HaunM vepe3 h u r BBICOTY M paaMyC OCHOBAaHUS IMJIMHJIPA, BIIMCAHHOTO B KOHYC C
BepmHOM A. PaccMoTpuMm oceBoe ceueHMe KOHyca — paBHOOeqpeHHbIN TpeyroinbHUK ABC ¢
BbicoToit AO = H u ocHoBanuem BC = 2- 3 = 6 (puc.2). Ilnockocts ABC nepecekaeT HUINHAD,
BIIMCAHHBIA B KOHYC, II0 €r0 0CEBOMY ceueHUI0 — npsimoyroibHuKy KLMN, rae Touku K u L nexxar
cooTBeTCTBEHHO Ha oTpe3kax AB u AC, a touku M u N — Ha otpeske BC , npuuém KL =2r , KN =
LM = h . Ilycts P — Touka nepeceuenuss AO u KL . Tpeyronsuuk APL nonoGeH TpeyroibHUKY
AOC , noatomy

AP _PL H-h_r
AO OC ym H 3
r
h=H|1-=
OTKYyZa 3 . Iycteb V(r)— 06bem mumunapa, rae 0< r <3. Toraa
3
r r
V(r) = ar*h = zHr? 1—5 =7H| r? 3

Haiinem nHanGounbinee 3Hauenue pynkuuu V(r)ua npomexytke (0;3).

V'(r) = H(2r - r%) = Hr(2 - ).

ITpomexytky (0;3)npuHaUIEKUT €IUHCTBEHHBIH KOpEeHb ( [ = 2) MOIY4YEHHOrO YpaBHEHUS.
Ecmu 0< r <2, To V'(r)>0. [TosTomy Ha mpomexytke (0;2)bynkuus V(r)Bozpacraer. Eciu 2< r <3,
to V'(r) <0. [TosTomy Ha mpomexytke (2;3)bynkius V(r)yOsiBaet. 3HaunT, B TOUKE [ = 2(yHKIHS
V(rumeer makcumyMm. ClieoBaTelibHO, paJWyC OCHOBAHMsS IMJIMHApPA HauOOJbIIEro o0beMa,
BIIMCAHHOTO B JaHHBIM KOHYC, paBeH 2.

OtBer: I = 2.

(I)opMa NMpeaAcTaBJACHUSA PE3YyJabTaTa: BEIIIOJTHCHHOC 3aJaHNUC

Kpurepum ouenku:

Ouenka "oTau4HO'" CTaBUTCS, eclii paboTa BHIMOJIHEHA B MOJHOM 00BEME ¢ COOTI0IeHIEM
He0o0X0IMMOM MOCIIEI0BATENbHOCTH JIEHCTBUI; B OTBETE MPABUWJIBHO U aKKYPaTHO BBIIIOJIHEHBI BCE
3alUCH U BBIYUCIICHUSI.

Ounenka '"xopomo' CcTaBUTCS, €CIM BBINOJHEHb TpeOOBaHUS K OLIEHKE "OTIUYHO", HO
JOMYUIEHBI 2-3 HeJloYeTa.

Ouenka "y1oBJIEeTBOPUTEJbHO'" CTAaBHUTCS, €ciid paboTa BHITIOJIHEHA HE IOJHOCTHIO, HO
00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO MO3BOJSET MONYUYUTh MPABUIBHBIC PE3YIbTaThl U BHIBOJIBI,
B XO/JI€ MPOBEACHUS pabOThl OBUIH TOMYIIEHbBI OLTHOKH.
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OueHka ""Hey10BJIETBOPUTEIbHO' CTaBUTCS, €CITU PadOTa BHIMOIHEHA HE TIOJHOCTHIO HITU
00BEM BBITIOJIHEHHOM YyacTH paboThl HE TIO3BOJISIET ClIENaTh MPaBUIbHBIX BHIBO/IOB.

Pa3znen 5 Teopusi BeposiTHOCTEH M MaTeMaTH4YeCKasi CTATUCTHKA
Tema 5.1. DiieMeHTbI KOMOMHATOPUKH
IIpakTuyeckas padora Ne 57
«Pemenne KoMOMHATOPHBIX 3a/1a4. PasMelnennsi, COMeTAHUSA U MEPECTAHOBKHN»

Lean padoTbl: HayunThcss OTJIMYATh COYETAHUS OT pa3MENICHUH, MPUMEHATh (YOPMYJIIBI ISt
BBIYHCIICHHS BCEX BEIOOPOK 0€3 TOBTOPCHHIA.

Boinosinus padorty, Bel Oynere:

yMeThb:

- pemiaTh MPOCTEWIIME KOMOMHATOpHBIC 3aJadud METOJOM repebopa, a TaKke ¢
UCIOJIb30BaHNEM M3BECTHBIX (HOPMYIL;

MaTtepuajbHOe o0ecneyeHue:
I/IH[[I/IBI/IZIyaHLHBIC 3alaHuA, CIIPaBOYHBIC MaTCpUalibl, KOHCIICKTBI JICKIII/II;'I.

3ananne:

1. B copeBHOBaHusx yuyactByeT 10 yenoBek, Tpoe u3 HUX 3almyT l-e, 2-¢ u 3-e Mmecro.
CKOJIBKO CYIIECTBYET pa3IUYHbIX BAPUAHTOB ?

2. W3 rpynmel, B KOTOpoil yuurtcs 12 denoBek, HEOOXOJUMO BbIOpaTh 3 yesloBeKa B COBET
koJutemka. CKOJIBKO CYIIECTBYET Pa3IMYHBIX CIOCOOOB TaKOTO BHIOOpA.

3. Ha xHWXHON MoONKe BBICTaBJIEHbl 8 KHUI Pa3MYHbIX aBTOPOB. CKOJBKO CIIOCOOOB
MMEEeTCs ISl pACCTAaHOBKH 3THUX KHUT B Pa3HOM MOpsiiKe?

ITopsinok BbINOJIHEHHS PA0OTHI

1. Omnpenenute BUA BHIOOPKU 0€3 MOBTOPEHUS.

2. Bribepere coOTBETCTBYIOUIYIO (OPMYITY ISl BBIYUCICHUS BO3MOXHBIX KOMOWHAIIMHA.

3. IIpousBeanTe BHIYHMCICHHS, UCIIONB3YS MOHATHE (haKTOpHATIA.

Xoa paGoTsI:

1.KomoBbIli 3aMOK OTKpBIBa€TCS MOCIEAOBATEIbHBIM HAOOpPOM 4YETBHIPEX pa3HBIX wLUDP.
TpeOyercst onpeeuTh YHUCIO BO3MOKHBIX KOJIOB, KOTOPBIE MOKHO TI0100paTh JIJIsl 3TOTO 3aMKa.

Pemennue.

Bo3moxnbix mudp Bcero necsts(1,2,3,4,5,6,7,8,9,0).Kaxnas nabpanHas koMOMHAIMs Koja
OTIUYAeTCs OT JPyroil koMOMHammu XOTs Obl omHoW umdpoii(1,4,5,7 #2,4,5,7),1m100 mopsaKom
Habopa oauHakoBbIX 1udp(1,4,5,7#4,5,7,1),mooTOoOMy Jis  TOACYETa YHCIA  BO3MOMKHBIX
KOMOHMHAIIMI KOJIOB UCIIONIb3yeM (OPMYITy UMCIIa pa3MEIICHHH.

2.DopMyIta pa3MEIeHHH UMeeT BH AT = ——

" B namem cnyvae n =4 .m =10,
. ikl _ip!_ip9-37E- 5321
[IpousBouM pacuer Ay = - e sraazi =10-9.8.7 =5040

3.CKONBKO CYIIECTBYET CIIOCOOOB BBIOOpA TPEX YETOBEK U3 JACCSITH?
Pemenue.
B nmanHOM ciydae TpH BBIOOpE JUTS HAC Ba)KCH TOJBKO COCTaB IO TPH YEJIOBEKA, IMOPSIOK
BBIOOpA POJIM HE UTPAET, MOITOMY B OTJIMYKE OT MEPBOTO MPUMEpa YUCIIO CIIOCOOOB MOJCUUTAEM
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1o hopMysie COueTaHUM.

o !
dopMyna coueTaHuil HMeeT BUAOCT = —

————. B mamem ciyuae n=10, m=3.
tnlin—tn)!
in! _1_[!'!:?!'9“?'1.[!' _120

Aip-nl 1r 3217l
4.CKOJIBKO PAa3IMYHBIX Y€THIPEX3HAYHBIX YMCET MOKHO COCTaBUTh U3 udp1,2,3.4 9 uudpsl
HE MTOBTOPSIOTCS)?

[IpousBoguMm pacuér: i, =

Pemrenne.

[To ycrmoBuIO TaHO MHOXKECTBO M3 YETBIPEX IIIEMEHTOB, KOTOPBIC TPEOYETCsl paCHOIOKUThH B
onpeneaEHHOM nopsiike. 3HAUUT, TPEOYETCS HAWTH KOJMYECTBO MEPECTAHOBOK UX YETHIPEX
DJICMCHTOB.

®dopmya nepecTaHOBOK U3 I —3JIEMEHTOB UMeeT BUJI:F, = n! B Hamem ciydae n =4.
[IpousBeném pacuér: Ay, =4!=4.3 +2.1=24,

(I)opMa NnpeacTaBJICHUsA pe3yjabTaTa: BhIIIOJIHCHHOC 3a/laHNE

Kpurepun oneHku:

Ouenka "oTJIMYHO'" CTaBUTCS, €ClIM padoTa BBIMOJIHEHA B IMOJHOM 00BEME C COOIIOIEHUEM
He00XOIMMOM TOCIEI0BATENBHOCTH JICHCTBUI; B OTBETE MPABUJIBHO U aKKYPAaTHO BBIIIOJIHEHBI BCE
3aIMCH Y BBIYUCIICHUS.

Ouenka "xopomio' CTaBUTCS, €CIM BBIOJHEHb TpeOOBaHUS K OLIEHKE "OTIUYHO", HO
JOMYIIEHBI 2-3 HeloYeTa.

Ounenka "y10BJIETBOPUTEJIBHO'" CTAaBUTCS, €clid paboTa BBHINOJIHEHA HE MOJHOCTHIO, HO
00BEM BBITIOTHEHHOW YaCTH TAKOB, YTO IMO3BOJISET MOJIYYUTh MPABUIBHBIC PE3YIbTAThl U BHIBOIBI,
B XO/JI€ MPOBEACHUS PabOThl OBUIH TOMYIIEHBI OITHOKH.

Ouenka '"Hey10BJIETBOPUTEIBHO' CTAaBUTCS, €ClIM padOTa BBHINOJIHEHA HE MOJHOCTHIO WIH
00BEM BBITIOJIHEHHOM YyacTH paboThl HE TIO3BOJISET ClIeNaTh MPABUILHBIX BHIBO/IOB.

Tema 5.2. Teopusi BeposITHOCTEH M 3JIEMEHTbI MATEMATHYCCKON CTATHCTHKH
IIpakTnyeckas padora Ne 58

«Kinaccuueckoe onpenesieHue BeposiTHOCTH. CBOMCTBA BEPOATHOCTEH, TeopeMa 0 CymMMe
BeposITHOCTei. BbrunciieHue BeposiTHOCTE»

Lenap pabGoTbl: HayuMTbCS HAXOAWUTh BEPOSITHOCTH COOBITHUM, HUCHOJb3Ys KIACCHUECKOE
OIIpEAEIIEHUE BEPOSTHOCTU

Beinosnus padory, Bel Oyaere:

YMeETh:

- BBIYUCIIATh B MPOCTEHIIMX CIydasxX BEPOATHOCTH COOBITMH Ha OCHOBE IOJICYETa YHUCIIa
HCXO/I0B;

MarepuanbHoe o0ecnieyeHme:
WNHauBuayanbHble 3a1aHNsL, CIPABOYHBIE MAaTEPUAbl, KOHCIIEKTHI JIEKIIHA.

3aganme:

1.Haynauy BrIOpaHO HaTypalibHOE 4HCIIO, He mpeBocxosimee 0. KakoBa BeposTHOCTH TOTO,
YTO 3TO YHUCJIO SBISAETCS MPOCTHIM?

2.B xnure 300 crpanun. Yemy paBHa BEpOSITHOCTh TOTO, YTO HAyraj OTKpBITas CTPAaHMIIA
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OyzeT UMeTh HOMep, KpaTHBIH 57
3. TlomGpaceiBaroTcsi jBa UTpalIbHBIX KyOMKa, MOJICUUTHIBAETCS CyMMa OYKOB Ha BEPXHHUX
rpansx. Uto BeposiTHEE- OIYYUTh B CyMMe 7Hing?

Ilopsinok BbINOJIHEHHS Pa0OTHI

1. Ompenenute coObITHEA, BEPOATHOCTh KOTOPOT'O HY>KHO BBIYUCIUTD.

2. TlpocuuTaiite obmee yrcio(N) BO3MOXKHBIX HCXO/IOB.

3. IlpocuuTaiite 4rcIo UCX0a0B(M), OJIATONPUATCTBYIOIIMX HACTYIUICHUIO COOBITHS A.

4. Ucnonp3yiiTe dbopMyy s BBIYUCICHHS BEPOSTHOCTH ONPENEIEHHOTO COOBITHSL.

PA) =§.

Xox paboThi:

1.B ypue 10 ogmHaAKOBBIX IO pa3Mepy M BECY IIAPOB, U3 KOTOPHIX 4 KPACHBIX U OroJIyObIX.
W3 ypHbl u3Bnekaercss oauH map. KakoBa BEposSTHOCTh TOro, YTO W3BJICUEHHBIN IIAp OKAXKETCS
roiayosim?

Pemenne.

1. CoGpbiTue A-«/3Bned€HHBbIN Map OKa3ancs roixyobiM».

2. =memo n=10

3. 4mcio M=6

4. P(A)="===06

2.Bce narypanphbie unciia otl 1o 30 3anucaHbsl Ha OJUHAKOBBIX KapTOUYKAX W MOMEIICHBI B
ypHy. Ilocne TmaTenbHOro mnepemMemuBaHus KapTOUeK W3 ypHBI M3BJICKAETCsl OJHA KapTOyKa.
KaxoBa BepOSITHOCTb TOT'0, UTO YMCIIO Ha B3ATON KapTOUKE OKAXKETCsI KPaTHBIM 57

Pemenue.
CooOpiTne A-«Ha B34TOM KapTOUKe YHCIIO . KPaTHOE 5».
=mcmo N1=30
grciao m=6(uucia 5,10,15,20,25,30)
Pl ="=2=02,

robdPE

3. U3 OykB cnoBa ougpgepenyuan Hayran BelOupaeTcss ojaHa OykBa. KakoBa BeposTHOCTB
TOTO, UTO 3Ta OykBa OyneT: a) riacHou, 0) cornacHoi, B) OykB CoObiTue A-«Ha B3siTOM KapTouke
YHCII0 . KPaTHOE 5».

Pemenne.

Coo0biTe A-«Hayraz BeiOpanHas OykBa OyAeT TJIacHOM ».
=memo N=12(-4ncio 6YKB B CII0BE)

quciio M=5(0yKBHI :u,e,e,u,a )

Pla) === %m 0,417

qrciao M=7(0yKkBlI :0,p,,p,H,uy,1 )

CobbiTue B-«Hayran BeiOpanHas OykBa OyJIeT COTIacHOM ».
=mcao N=12(-4ncino OyKB B CIIOBE)

P(E) ="=" 0,583

© o NO ~wWDdE

Cobbitue C-«Hayran BeiOpanHas OykBa OyneT OyKBOH u».
10. =meno N=12(-4yncio OyKB B CIIOBE)

11. grcsio M=0(Takoil OyKBbI HET B JaHHOM CJIOBE )
2. P =Z=2=u

FEET
(I)OpMa HpeHCTaBJIeHI/Iﬂ pe3y.]'H>TaTa: BBIITOJITHCHHOC 3a1aHUC
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Kpurtepun onenkmn:

Ouenka "oTJIMYHO'" CTaBUTCS, €ClM pabOTa BBHIMOJHEHA B IMOJTHOM 00BEME C COOITIOICHUEM
HE0OXO0TMMOM TIOCTIEIOBATEIFHOCTH JICHCTBUI; B OTBETE MPABIILHO U aKKYPAaTHO BBITIOJHEHBI BCE
3aMKCy U BBIYUCIICHUS.

Ounenka ''xopomo' CcTaBUTCS, €CIHM BBIIOJIHEHB TpeOOBaHUS K OIEHKE "OTIMYHO", HO
JONYIIEHBI 2-3 HeJ0YeTa.

Ounenka "yI0BJIETBOPUTEIBHO'" CTAaBUTCS, €CIM paboTa BHIMOJHEHA HE MOJHOCTHIO, HO
00BEM BBITIOJTHEHHOM YaCcTU TAaKOB, YTO MO3BOJISET MOJYUYUTh MPAaBUIbHBIE PE3YyIbTAaThl U BHIBOJIBL;
B XO/I€ IPOBEICHUS paObOTHI OBLIN TOMYIIEHBI OLTHOKH.

Ouenka '""Hey10BJIETBOPUTEJIBHO' CTAaBHUTCS, €CIIM pabOTa BBIMOJIHEHA HE MOJHOCTHIO WIH
00BEM BBITTOJIHEHHON YacTH PadOThI HE TIO3BOJIAET CAENIATh MPABUIIbHBIX BHIBOJIOB.
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